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| PHAN L. LY THUYET TRONG TAM

r[ 1. Phuong trinh bic nhit hai 4n ]

+ Phuong trinh bic nhét hai an x va y 12 hé thic dang ax+ by = c, trong d6 a, b, ¢ 1a céc sb da
biét (a # 0 hodc b # 0).

 Néu axg + by = ¢ 1a mot khing dinh ding thi cdp s6 (xo;yo) dugc goi 12 mdt nghiém cta phuong
trinh ax+ by = c.

 MJi phuong trinh bic nhit hai 4n d&u c6 vo s6 nghiém.

& J

_| 2. Bidu dién hinh hoe tp nghiém |

Trong mit phing toa dd Oxy, tAp nghiém ctia phuong trinh ax + by = ¢ dudc biéu dién bsi mot dwong
thing, goi 1a dudng thing ax + by = c.

P . o a c 2 |xeR
* Néu b # 0: dudng thang y = _E)H_ E; nghiém tong quat
Yy

) . . x=7

* Néua # 0, b=0: duong thang x = ¢ song song hodc trung véi truc Oy; nghiém tong quat { I?&
a y € K.

£ . N 2z c v N 4ot . <A 2 2 xeR

* Néua=0,b+#0: dudng thangy = 5 Song song hodc trung véi truc Ox; nghiém tong quat poc
=£.

/_[ 3. Hé hai phuong trinh bac nhét hai 4n }

ax+by=c

,  trong d6 mdi phucng trinh 1a phuong

« Heé hai phuong trinh bAc nhit hai 4n ¢ dang { , ,
ax+by=c

trinh bac nhét hai an.

 Cip s6 (x0;y0) 12 nghiém ctia hé néu n6 1a nghiém cda ca hai phuong trinh ctia hé. Giai hé 1a tim
tat cA cdc nghiém cta hé.

e V& hinh hoc, mdi nghiém ctia hé Ia toa dd mot diém chung ctia hai dudng thing (d): ax+ by =c
va (d'): dx+by="<":
— (d) cdt (d'): hé c6 nghiém duy nhat;
~ (d) // (d'): hé v nghiém;
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— (d) trung (d’): hé c6 vo sd nghiém.

Luu y. Mudn kiém tra mot cip s c6 1a nghiém ctia hé hay khong, phai thay vao ca hai phuong trinh;
chi thod man mot phuong trinh thi chua phai nghiém ctia hé. Hé thic Ox + Oy = ¢ khong phai phuong
trinh bac nhét hai an.

PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Nhén biét phueng trinh bac nhit hai 4n

Phudng phap. Pua hé thiic vé dang ax + by = ¢ (cdc 4n chi c¢6 bic mot, khong c6 an & mau hay duéi
diu cin) r6i kiém tra diéu kién a # 0 hodc b # 0.

Bai 1. Trong céc hé thiic sau, hé thiic nao 1a phuong trinh bic nhit hai 4n? Xéc dinh c4c hé sb a, b, ¢ cia
phuong trinh do.

3)2X—3y:5, b)0X+4y:—8, C)X2+y:1,
2
d) Ox+0y =2; e) V2x—y=0; D3x+;=1.

Bai 2. Tim m dé hé thic (m — 1)x+ (m? — 1)y = 3 1a phuong trinh bac nhét hai 4n.
Bai 3. Cho phuong trinh (m — 3)x + (2m — 6)y = m. Tim m dé day 1a phuong trinh bac nhét hai an. V6i
m = 4, viét nghiém téng quat ctia phuong trinh.

Dang 2. Kiém tra nghiém. Tim tham s6 khi biét nghiém

Phuong phap. Thay x = xg, y = yo vao phuong trinh: néu hai vé bang nhau thi (xo;yo) 1a nghiém.
Biét mot nghiém thi thay vao phuong trinh dé dugc phuong trinh an 1a tham s6. Diém M (xo; yo) thudc
dudng thing ax + by = ¢ khi va chi khi (xo;yo) 12 nghiém ctia phuong trinh.

Bai 4. Cho phuong trinh 3x+2y =4 (1).
a) Trong hai cdp s6 (1;2) va (2;—1), cdp sd nao 12 nghiém cta phuong trinh (1)?
b) Tim yo dé cdp s6 (4;y0) la nghiém cta phuong trinh (1).
¢) Tim thém hai nghiém khéc ctia phuong trinh (1).
Bai 5. Tim m trong mdi trudng hgp sau:
a) (1;2) 1a mét nghiém ctia phuong trinh mx+y—5 = 0;
b) diém A(0;3) thudc dudng thing 4x+my — 6 = 0;
¢) (2m;—3) 1a mot nghiém ctia phuong trinh 3x+ 7y — 9 = 0.
2x—y=3

Bai 6. Cho hé phuong trinh { Trong cdc cdp s6 (2;1), (1;—1), (0;2), cdp s6 nao 1a nghiém
x+2y=4.

cua hé?

Boi dudng Todn 9 — Két néi tri thitc Trang 5/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

Bai 7. Tim a, b d€ phuong trinh ax + by = 6 nhan hai cip s (1;2) va (2;1) lam nghiém.

Dang 3. Nghiém tdng quét va biéu dién hinh hoc tap nghiém

Phudng phap. Biéu dién mot an theo 4n kia dé viét nghiém tong quét. V& dudng thing bing céch
x4c dinh hai diém thudc n6 (thudng 1a giao diém véi hai truc). Nghiém ctia hé 1a toa do giao diém cia
hai dudng thing.

Bai 8. Viét nghiém tdng quét va biéu dién tip nghiém ctia mdi phuong trinh sau trén cling mot mét phing
toa do:
a)2x—3y=35; b) Ox+y = 3; c) x+0y=—-2.
Bai 9. V& hai dudng thdng (d;): x+y=3va (d2): 2x—y = 0 trén cing mdt mit phéng toa do. Xéc dinh
. . . x+y=3
toa do giao di€ém M cua chiing r6i cho bict nghi€ém cia hé {Zx 0
—y=0.

Bai 10. Khong gidi hé, dwa vao vi tri cia hai dudng thdng, hiy cho biét s6 nghiém ctia mdi hé sau:

x—2y=4 x+y=2
a) b)
2x—4y =15; 2x+2y =4.
y T 2x—3y=06
. . 0
Bai 11. Viét nghi€ém tong quat ctia phuong trinh 2x —3y = 6 va A7,
biéu dién tap nghiém trén mit phing toa do. A/

Dang 4. Bai toan thyc t8|

Phudng phap. Goi an, néu don vi va diéu kién; biéu dién céc dai luong theo 4n rdi 1ap phuong trinh
(hé phuong trinh) bac nhit hai 4n. Kiém tra mot ciip s6 bing c4ch thay vao.

Bai 12. Hai ban Diing va Huy vao siéu thi mua v& va bt bi dé tng

hd hoc sinh viing 1ii. Diing mua 5 quyén v6 va 3 chiéc but hét 39000 :
dong; Huy mua 6 quyén v& va 2 chiéc bit hét 42000 dong. Goi gid !
mdi quyén v& 1a x dong, gid mdi chiéc bit 1a y dong (x,y > 0).

a) Viét phuong trinh biéu thi s6 tién mdi ban phai tra. x dong y déng
/quyén /chiéc

b) Cip sb (6000;3000) c6 1a nghiém ctia hé gdm hai phuong trinh
d6 khong?

Bai 13. C6 Hanh c6 hai khoan dau tu vdi 13i suat 8% va 10% mdi ndm, tong tién 13i thu dudc mdi nim la
160 triéu dong. Goi x, y (triéu dong) 1an lugt 1a sd tién ctia hai khodn dau tu (x,y > 0). Viét phuong trinh
bac nhit hai 4n biéu thi diéu kién trén va chi ra ba nghiém ctia phuong trinh.
Bai 14. Gid vé vao mot khu vui choi ctia ngudi 16n 1a x nghin dong, ctia tré em 13 y nghin dong. Gia dinh
tht nhit ¢6 2 ngudi 16n va 3 tré em tra 330 nghin dong; gia dinh thi hai ¢6 1 ngudi 16n va 2 tré em tra 190
nghin dong.

a) Lap hé phuong trinh bic nhat hai an biéu thi cdc dit kién trén.

b) Chiing td gid vé ngudi 16n 90 nghin dong, tré em 50 nghin ddong phi hop vdi cdc dit kién.
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Bai 15. Ban Lan mua mdt s6 quyén vé gid 8 nghin dong/quyén va mot sd cay but gid 5 nghin dong/cay,
hét 61 nghin dong. Viét phuong trinh bicu thi sd v& x, sd bit y dd mua va tim tit c4 cdc kha ning (mdi
loai mua it nhét 1).

Dang 5. Bai tap nang cao

Phuong phap. Tim nghiém nguyén: rit mot 4n theo 4n kia, dung tinh chia hét va gi6i han mién gia
tri. Diém ¢d dinh ctia ho dudng thing: dua phuong trinh vé dang m - A(x;y) + B(x;y) = 0 ding véi
moim, khiddA=0vaB=0.

Bai 16. Tim tat ca c4c nghiém nguyén duong ctia phuong trinh 2x + 5y = 24.
Bai 17. Cho hai phuong trinh 3x+y =2m+9 (1) va x+y = 5 (2), m la tham sb.
a) V6i m = —1, chiing t6 (1;4) 1a nghiém chung cia hai phuong trinh.
b) Tim nghiém chung (x¢;yo) ctia hai phuong trinh theo m.
¢) Tim gid tri 16n nhat cta biéu thic A = xgyo — 2x0 + 1.
Bai 18. Chiing t6 rdng v6i moi gid tri ca m, dudng théng (d,,): (m+1)x — 2y = m ludn di qua mot diém
cb dinh. Tim toa dd diém dé.
Bai 19. Tim diém M thudc dudng thing 3x — 2y = 4 sao cho tung do ctia M gap d6i hoanh do.
Bai 20. Tim tat ca cdc nghiém nguyén ducng ctia phuong trinh 5x + 7y = 112.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n lya chon

Moi cdu héi chi cé6 mot phuong an diing. Cdu c6 nhan la cau van dung cao.

Cau 1. Phuong trinh nao sau diy khong 1a phuong trinh bac nhét hai 4n?

A.5x—8y=0 B.0x—0y=3 C.4x+0y=-2 D.0x+5y=0
Cau 2. Heé thiic nao sau diy 12 phuong trinh bac nhat hai 4n?
A. 152 +y* =9 B.0x+y*=2 C.x—0y=9 D.1lx—,/y=4
Cau 3. Nghiém t6ng quat ciia phuong trinh x — 2y = 4 la
xeR x=2y—4 x=2y+4 xeR
Rah B. d C. g D.
y=5x+2 yeR yeR y=x—2

Cau 4. Phuong trinh nao dudi dy nhan cip s6 (2;4) 1am nghiém?

A.2x—y=0 B.x+2y=0 C.x—y=2 D.x+2y+1=0
Cau 5. Trong cdc cdp s6 (—2;1), (0;2), (—1;0), (1,5;3), (4;—3), ¢6 bao nhiéu cdp sd khong 1a nghiém
cua phuong trinh 3x 4 5y = —3?

A.0 B.2 C.3 D. 4
Cau 6. Gid tri cta a dé phuong trinh ax — 3y = 6 ¢6 nghiém (1; —2) Ia
A.a=3 B.a=2 C.a=0 D.a=-3
Cau 7. Gid tri ctia xo d€ ciip s (xo; —1) 1a nghiém ctia phuong trinh 3x+y =2 la
A.xg=—1 B.xp=1 C.xg=2 D.xp=3
Cau 8. Nghiém tong quat ctia phuong trinh 3x — 6y = 12 1a
yeR xeR xeR yeR
A. B. 4 C. A D.
x=2y—4 y=5* y= x=2y+4
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Cau 9. Cip s6 (—2;—3) la nghiém cta hé phuong trinh nao sau day?

—2y=3 2x—y=-—1 2x—y=-—1 dx—2y=0
AT B c{™ p.{ 7
2x+y=4 x—3y= x—3y=17 x—3y=5
Cau 10. Hé nao sau diy khong phai 1a hé hai phuong trinh bic nhit hai 4n?
3x—y=5 2x—3y=-3 ~3y=6 24y =0
A. Y B. e C. Y D. * Y
X2y =—1 3x—15=0 3x+5y=15 245y =7
Cau 11. SO cdp s6 nguyén duong (x;y) thod méan 4x+ 9y = 100 1a
A. 1 B.3 C.4 D.2
Cau 12. B Dudng thdng (2m — 1)x+ (m+ 1)y = 3m ludn di qua di€ém c6 dinh c6 toa do
A. (1;1) B.(—1;1) C.(1;-1) D. (0;3)

lDang 2. Tric nghiém ding — sail

Trong méoi y a), b), c), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho phuong trinh 4x —y = 7.
a) Cidp s6 (2;1) 1a mot nghiém cta phuong trinh da cho.
b) Phuong trinh da cho chi ¢6 mot nghiém duy nhét.
¢) Phuong trinh da cho c6 vo s6 nghiém.
xeR

d) Nghiém tong quét clia phuong trinh la ,khid6éa—b=3.
y=ax+b

Y | a | b ¢) d)
/S

Cau 14. Cho phuong trinh 2x+y =4 ().
a) Phuong trinh (I) ¢6 vO s& nghiém.
b) Céc cip s (2;0) va (0; —4) déu 1a nghiém ctia phuong trinh (I).
¢) Tap nghiém ctia (I) dudc biéu dién bdi dudng thing y = —2x + 4.

d) Pudng thing y = —2x + 4 cit truc hoanh tai diém c6 hoanh do bing 2.

Y | a | b c) d)
p/S

x+y=3
Cau 15. Cho h¢ phuong trinh

2x—y=0.
a) Cip s6 (1;2) l1a nghiém cta hé.
b) Cip s6 (3;0) 1a nghiém cta hé.

¢) Hai dudng thng biéu dién tdp nghiém hai phuong trinh cit nhau tai M(1;2).
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d) Dudng thing x+ y = 3 song song vdi truc Ox.

Y | a | b ¢ | d
p/S

Cau 16. Ban An mua x chiéc bit (gid 5 nghin ddng/chiéc) va y quyén v& (gid 8 nghin dong/quyén),
x,y € N*, hét ding 100 nghin dong.

a) Ta c6 phuong trinh 5x+ 8y = 100.
b) Cip s6 (4;10) thod man bai todn.
¢) Néu An mua 12 chiéc bit thi mua dudc 6 quyén vé.

d) An c6 ding 3 cidch mua.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (Ia mét s6) vao 6 tra loi. Cau cé nhan la céu van dung cao.

Cau 17. Tim yo dé€ ciip sd (—1;yp) 1a nghiém ctia phuong trinh 2x + 3y = 7.

Tra loi:
A 2 xeR
Cau 18. Nghiém tong quit ctia phuong trinh 2x —y =4 1la Tinh tich a - b.
y=ax+b.
Tra loi:

Cau 19. Hai phuong trinh mx —y = 2 va 3x 4 ny = 10 ¢6 nghiém chung (2; —4). Tinh T = m?%? 4 n.

Tra 10i:

Cau 20. Phuong trinh x + 2y = 10 ¢6 bao nhiéu nghiém 1a cdp sd tu nhién?
Tra loi:

Cau 21. @08 Phuong trinh ax+ by = 7 nhan (1;3) va (2; —1) lam nghiém. Tinh a + b.
Tra loi:

Cau 22. C6 bao nhiéu cich tra ding 120 nghin dong béng cdc t& 20 nghin va 50 nghin ddng (c6 thé
khong dung mdt loai)?

Tra loi:
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| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Nhan biét phuong trinh bac nhét hai 4n

Bai 1. Trong cdc phuong trinh sau, phuong trinh nao 1a phuong trinh bac nhit hai 4n? Xéc dinh cdc hé sd
a, b, ¢ cia phuong trinh do.

a)3x+5y=-3; b) Ox — 2y =5; ¢) —4x+0y=25; d) Ox+0y="7.
Bai 2. Tim m dé hé thic (m? —4)x+ (m —2)y = 5 1a phuong trinh bac nhét hai 4n.

Bai 3. Trong céc hé sau, hé nao 12 hé hai phuong trinh bac nhat hai 4n?

a) ; b) ; c) ; d y .
Ox+3y=2 x—y=3 x+y=2 x+§=1

Dang 2. Kiém tra nghiém. Tim tham s6 khi biét nghiém

p 1 7 p
Bai 4. Trong céc capso (1;—1), (4;0), (—2; 1), (5, _8) , ¢dp s0 nao la nghi€m ctia phuong trinh x — 3y =

47
. ax+y=>5
Bai 5. Tim a, b biét hé phuong trinh c6 nghiém (2;1).
x—by=-1
) . ax+y=3
Bai 6. Biét cdp s6 (2; —1) la nghiém ctia hé . Tim a, b.
x—by=4

Dang 3. Nghiém tdng quét va biéu dién hinh hoc tap nghiém

Bai 7. Viét nghiém téng quét va biéu dién tp nghiém ctia mdi phuong trinh sau trén cling mot mit phing
toa do:
a)x+2y=4; b) 2x+ 0y = 6; ¢) Ox—3y=6.

Bai 8. V& hai dudng thing x —y = 1 va x+y = 3 trén cing mot mét phing toa do, tit d6 tim nghiém cda
x—y=1

hé
x+y=3.

Bai 9. Tim toa do giao diém ctia dudng théng 3x +y = 7 véi hai truc toa dd.

Dang 4. Bai toan thuc té

Bai 10. Trong mot trin béng rd, mot doi ghi dude x qua 2 diém va y qua 3 diém, téng cong 64 diém
(x,y €N).
a) Viét phuong trinh bic nhét hai 4n biéu thi dit kién trén.

b) Trong céc cip b (20;8), (17;10), (25;5), cdp nao phu hgp vé6i két qué tran dau?
Bai 11. Tim céc hé s6 x, y trong phan ting ho4 hoc da dudc cin bing: 4P +x0, — yP,0s.
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Bai 12. C6 bao nhiéu céch ddi t& 100 nghin dong thanh cdc to 10 nghin dong va 20 nghin dong (mdi loai
it nhat mot 5)?

Dang 5. Bai tap nang cao]

Bai 13. Tim tét c4 cdc nghiém nguyén duong ctia phuong trinh 3x + 7y = 40.

Bai 14. Chiing t6 ring dudng thing (m —2)x+ (m+ 1)y = 3m ludn di qua mot diém cd dinh v6i moi gid
tri cua m.

Bai 15. Tim diém thudc dudng théng 2x + 3y = 12 ¢6 hoanh dd bing tung do.

Bai 16. Ching minh ring duong théng (m+ 1)x —my = 2m+ 1 ludn di qua mot diém cb dinh v6i moi m.
Tim diém do.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chon

Moi cdu héi chi c6 mét phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Hé thiic nao sau ddy 12 phuong trinh bac nhat hai 4n?

A.2x*—y=0 B.0x+y=3 C.x*—3x=1 D.0x+0y=2
CAu 2. Phuong trinh nao sau diy khong phéi 1a phuong trinh bic nhat hai 4n?
A.7x—3y—11=0 B.x—+5y=38 C.2x—5y=0 D.x>—y=3
Cau 3. Cip s6 (—1;2) 1a nghiém ctia phuong trinh nao sau day?
Ax+y=-1 B.2x+y=0 C.—4x+y=-6 D.2x—3y=8
Cau 4. Cip s6 (—2;4) 1a nghiém ctia phuong trinh nao dudi day?
A.x—2y=0 B.x—y=2 C.2x+y=0 D.x+2y+1=0
Cau 5. Nghiém tong quat ctia phuong trinh Ox + 4y = —16 1a
xeR yelR yeR xeR
A. B. C. D.
y=4 x=—4 x=4 y=—4
Cau 6. Nghiém tong quét ctia phuong trinh 2x — 3y = —12 1a
yeR xeR xeR yeR
A. 3 B. ) C. ) D. 3
x=35y—6 y=5x—4 y=—5x+4 x=-—3y—6

1
Cau 7. Mot nghiém ciia phuong trinh i 2y=—11a

1 1
Cau 8. Hé phuong trinh nao dudi day 1a hé hai phuong trinh bic nhat hai 4n?
Ix—y=4 2x+y=0 —2y=1 Jy=11
ALY B. > c.!*? D.)H_y
x+0y=—1 x—y*=5 Ox+0y =4 x+2z=—7
Cau 9. Gid tri cha m dé phuong trinh (m — 3)x+ 2y = 5 nhén (2;1) lam nghiém la
9 9
A.2 B.3 C. - D. ——
2 2
Cau 10. Pudng théng biéu dién tip nghiém ctia phuong trinh Ox + 2y = 6
A. song song véi truc Oy B. song song vdi truc Ox
C. di qua gdc toa do D. trung véi truc Ox
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Cau 11. Cho x, y nguyén duong thod méan 3x+ 5y = 47. Gia tri 16n nhat ctia x +y 12

A. 14 B. 13 C. 11 D. 15
Cau 12. f® Hai dudng thdng 2x —y = 1 va x + my = 3 cit nhau tai diém c6 hoanh d6 bang 1 khi
Am=1 B.m=2 C.m=3 D.m=-2

Dang 2. Tric nghiém ding — sai’

Trong méi y a), b), c), d), hiy chon diing (P) hodic sai (S).
X xeR
Cau 13. Phuong trinh 2x + S5y = 7 ¢6 nghiém tong quat
y=ax+b.
a) Cidp s6 (1;—1) la nghiém ctia phuong trinh.
b) Chuyén vé ta dugc 5y = —2x+7.
¢) Hésba=—04.
d) HEs6b=1.

Y | a | b ¢ | d
p/S

yeR

Cau 14. Phuong trinh x — 3y = 4 ¢6 nghiém tong quét
x=4+ay.

a) Cidp s6 (1;—1) 1a nghiém ctia phuong trinh.
a1 TN :
b) Cép so (E; _6) 12 nghiém cta phuong trinh.

¢) Chuyén vé ta dudc x = —3y +4.
d) Hesba—=3.

Y | a | b c) d)
p/S

x—y=1
Cau 15. Cho hé phuong trinh
x+y=3.
a) Cidp s6 (2;1) la nghiém cta hé.
b) Cp 6 (1;0) 1a nghiém cta hé.
¢) Hai duong théng x —y =1 vd x+y = 3 cdt nhau tai diém (2;1).

d) Pudng thing x4y = 3 cit truc tung tai diém c6 tung do bing 3.

Y | a | b ¢) d)
/S
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Cau 16. Gid vé vao cong mot khu du lich: ngudi 16n x nghin dong, tré em y nghin dong. Doan thi nhat c6
3 ngudi 16n va 2 tré em tra 160 nghin dong; doan thd hai c¢6 2 ngudi 16n va 4 tré em trd 160 nghin dong.

a) Dit kién ctia doan thd nhit cho phuong trinh 3x + 2y = 160.
b) Dii kién cua doan thd hai cho phuong trinh x 4 2y = 80.
¢) Cip sd (40;20) thoa man ca hai phuong trinh.

s 2
d) Véi gid vé trén, gid vé tré em bang 3 gia vé nguoi 16n.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qua (la mét s6) vao 6 tra loi. Cau cé nhan la cdu van dung cao.

Cau 17. Tim m dé cdp s6 (1; —2) 1a nghiém ctia phuong trinh x —y —m = 0.

Tra loi:

Cau 18. Diém (3;y() thudc dudng thdng 2x — 5y = 1. Tim yy.

Tra loi:
. xeR ) .
Cau 19. Nghiém tong qudt ctia phuong trinh 3x+2y =6 la b Tinh a + b (viét dudi dang so
y=ax+b.
thap phan).
Tra loi:

Cau 20. Tim m dé dudng thdng 4x +my = 6 di qua diém A(0;3).
Tra loi:

Cau 21. B8 Dudng thing mx + (2m — 1)y = 3 ludn di qua di€ém cb dinh (xg;yo) v6i moi m. Tinh xg — yo.
Tra loi:

Cau 22. @ Phuong trinh 7x + 4y = 100 c6 bao nhiéu nghiém nguyén duong?
Tra loi:
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BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION

TOAN 9 BAI 2. GIAI HE HAI PHUONG TRINH
CHUONG I. BAC NHAT HAI AN

HE HAI PT BAC NHAT HAIAN B R e om oA AT s .
Ly thuyet trong tam — Bai tdp trén lop — Bai tdp vé nha — Nang cao

Ndm hoc 2026 — 2027

| PHAN I. LY THUYET TRONG TAM

(_[ 1. Giai hé bing phuong phap thé ] .

e Budce 1. Tu mot phuong trinh ctia hé, biéu dién mdt an theo 4n kia (nén chon an ¢6 hé sd bing 1
hodc —1).

e Budc 2. Thé biéu thiic vita tim dugc vao phuong trinh con lai dé dudc phuong trinh mot an. Gidi
phuong trinh do6.

e Budc 3. Thay gia tri vira tim dugc vao biéu thiic § Budc 1 dé tim an con lai, rdi két ludn nghiém.

,_[ 2. Giai hé biang phuong phap cong dai sb ] .

¢ Budc 1. Nhan hai vé ctia mdi phuong trinh v6i mot sd thich hop (néu can) sao cho hé s6 cia cling
mot 4n trong hai phuong trinh bing nhau hodc dbi nhau.

 Budc 2. Cong (hay trilr) tiing vé hai phuong trinh dé dudc phuong trinh mot an. Giai phuong trinh
do.

 Buée 3. Thay gi4 tri tim dudc vao mdt phuong trinh ctia hé dé tim 4n con lai, rdi két luAn nghiém.

& J

,_[ 3. S6 nghiém ctia hé. Giai hé biing mdy tinh cAm tay ]

 Néu trong qu4 trinh gidi xuat hién phuong trinh dang Ox = ¢ (hoic Oy = ¢):
— ¢ # 0: hé vo nghiém;

— ¢ =0: hé c6 v6 s6 nghiém, tip nghiém Ia tAp nghiém ciia mot phuong trinh trong hé.

ax+by=c .
, c6 cac hé sd d', b, ¢’ khac O:

* M6 rong. VGi hé { , ,
ax+by=c

a b . p

— — # —: h€ c6 nghi€m duy nhat;
a/ b/ . .
a_b _,c o

- — = — # —: hé& v0 nghiém;
a b’ oc
a_b _c o

- — = — = —: hé c6 v0 s0 nghiém.
a b i

* C6 thé dung mdy tinh cim tay (chiic ning giai hé phuong trinh bac nhét hai 4n) dé tim hoic kiém
tra nghiém.
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Luu y. Phuong phdp thé thuan 1¢i khi ¢6 mot 4n mang hé s6 1 ho#ic —1; phuong phdp cdng dai s6
thuan I0i khi hé s6 ctia mot 4n & hai phuong trinh bing nhau hodc ddi nhau. Véi hé chita 4n & mau,
phéi néu diéu kién x4c dinh va d6i chiéu diéu kién trudc khi két luan.

| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Giai hé bing phwong phap thé|

Phuong phap. Rit mot 4n (c6 hé s6 £1) tit mot phuong trinh, thé vio phuong trinh con lai. Néu dudc
0x = ¢ (c # 0) thi hé vd nghiém; néu dugc Ox = 0 thi hé c6 vd s6 nghiém.

Bai 1. Giai c4dc hé phuong trinh sau biing phuong phép thé:

x—y=3 x+y=35
a) b)
3x—4y=2; 4x -3y =—1;
x—2y=2 2x—y=-3
c) d)
2x—4y =4; —18x+9y =0.

3x—y=35
Bai 2. Giai hé phuong trinh biing phuong phdp thé: )
Sx+2y=23

[Dang 2. Giai hé biing phuong phap cong dai sé’

Phudng phap. Nhan dé hé s6 ctia mdt 4n & hai phuong trinh bing nhau (rdi trit vé) hodc ddi nhau (rdi
cong vé). V6i hé sd thap phan, nén nhan dé dua vé hé sd nguyén trudc.

Bai 3. Giai cdc hé phuong trinh sau bing phuong phdp cong dai so:

3x+2y=7 2x+3y=-2
a) b)

Sx—=2y=1; 3x—2y=-3;

4x+3y=6 0,3x+0,5y =3
c) d)

2x+y=4; 1,5x—2y=1,5.

R o [2x+3y=-2
Bai 4. Giai hé phuong trinh bang phuong phap cong dai so: .
3x—2y=-3

Dang 3. H¢ dua dugc v& hé bac nhét hai 4n. Dit 4n phuy|

Phudng phap. Thu gon tiing phuong trinh (bd ngoic, chuyén vé) dé dua vé dang ax+ by = c. V6i hé

c6 biéu thic 1dp lai nhu —, —, dit 4n phu u = —, v = — (kém diéu kién) rdi gidi hé theo u, v.
Xy X y

Bai 5. Giai cac hé phuong trinh sau:
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2(x+y)+3(x—y)=4 b){(x+5)(y—3):xy—|—1
a
(x+y)+2(x—y)=5; (x—=2)(y+4) =xy—6.
6 5
—4I=3
Bai 6. Giai hé phuong trinh Y
10
2o,
Xy

2(x+y)+3(x—y)=4
Bai 7. Giéi hé phuong trinh .
(x+y)+2(x—y)=5

Dang 4. H¢ chita tham s6. Tim hé sﬁ]

Phudng phap. Thay gid tri tham s6 rdi giai hé. Biét nghiém thi thay vao cé hai phuong trinh dé dugc
hé 4n 1a tham sd. Dudng thing y = ax + b di qua hai diém cho trudc: thay toa do hai diém, dugc hé
an a, b.

2x—y=-3
Bai 8. Cho hé phuong trinh (m 1a tham sd). Giai hé trong mdi trudng hop: a)
—2m*x+9y =3(m+3)
m=—2; bym=-3.
} dx+ay =06
Bai 9. Xdc dinh a, b biét hé phuong trinh c6 nghiém (1;—1).
bx —2ay =38

Bai 10. Tim a, b d€ dudng thing y = ax + b di qua hai diém A(1;3) va B(2;5).
Bai 11. Cho hai dudng thdng (d1): mx —2(3n+2)y =6 va (d2): (3m — 1)x+2ny = 56. Tim m, n dé
(d1), (dy) cit nhau tai 1(2;—5).

i 2x—3y=5
Bai 12. Tim m dé hé phuong trinh vO nghi€ém.
4dx+my =2
X 2ax+y=>b
Bai 13. Tim q, b dé hé c6 nghiém (1;2).
ax—by=4

Dang 5. Bai toan thuc té|

Phuong phap. Lap hé ti cdc dit kién (gid tién, s nguyén ti, ...) rdi gidi bing phuong phép thich hop;
ddi chiéu diéu kién cda an.

Bai 14. Tim céc hé sd x, y dé cin bing phan ting hod hoc: xFe304 + 0y — yFe,03.

Bai 15. Me Lan mua 3 kg tdo va 2 kg cam hét 210 nghin dong. Lan 3
sau, me mua 2 kg tdo va 5 kg cam hét 250 nghin dong. Tinh gid mdi
ki-16-gam tdo va mdi ki-16-gam cam (gid khong ddi gilta hai 14n mua). Tio Cam

Bai 16. Can bing phuong trinh hod hoc xFe +y0,; — 2Fe,0s.
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Dang 6. Bai tap ning cao

Phudng phap. Giai hé theo tham sb dé biéu dién x, y theo m; sau d6 dung diéu kién dé bai (bat ddng
thic, sd nguyén, gid tri nho nhit ...). V6i hé chia gia tri tuyét dbi, coi |x| [a mot an phy khong Am.

x—y=m+1 )
Bai 17. Cho hé phuong trinh (m la tham s0).
2x+y=5m+2
a) Giai hé theo .
b) Tim céc s6 nguyén m dé hé c6 nghiém (x;y) thod man x > —1 vay < 3.
¢) Tim m d& x*> +y* dat gi4 tri nho nhat.
x+my=1 ) .
Bai 18. Cho hé phuong trinh (m la tham s0). Ching minh hé luén c6 nghi€ém duy nhat
mx—y=—m
(x;y) va gid tri ctia x*> + y* khong phu thudc vao m.
Bai 19. Tim m d€ hai dudng théng 2x +y = 4 v mx —y = 1 cit nhau tai diém c6 hoanh do bing 1.
x| +y=3
Bai 20. Giai hé phuong trinh
2|x|—y=0.

x+y=2m ) p
Bai 21. Cho hé . Tim m d& nghiém (x;y) ciia hé thoa man x* + y?> nhd nhat.
x—y=2

B. PE TRAC NGHIEM

lDang 1. Tric nghiém nhiéu phuong 4n hra ch(.)n’

Modi cdu héi chi cé mot phuong dan ding. Céau cé nhan la cau van dung cao.

CAu 1. Hé nao sau day khong phai 12 hé hai phuong trinh bac nhit hai 4n?

2x=-3 3x—y=1 +2y=1 2x+y=-3
AT B.{ 7 c.{"TY p.{ "
Sx+4y=0 2x+y=3 —3y=3 Ox+0y=3
A . a2y =1 o S
Cau 2. Cép s0 (a;b) 1a nghiém ctia hé Gia tri cia —a+3b la
—2x+5y=3.
A.0 B.2 C.-1 D. -3
A x+y=4
Cau 3. Nghiém ctia hé phuong trinh ) la
xX—y=
A. (1;3) B. (2;2) C.(3;1) D. (3;—1)
A . 2x—Ty=-3
Cau 4. Gi4 tri cua k dé hé phuong trinh vO nghiém la
—2x+ky=-2
Ack=-17 B.k=17 C.-7T<k<17 D.k>7
. B 2x+by=a
Cau 5. Biét hé phuong trinh c6 nghiém x =1, y = 3. Gid tri ca 10(a+b) 1a
bx+ay=>5
A. 16 B. 15 C.14 D. 17
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Cau 6. Cip s (1;—2) khong 1a nghiém ctia hé phuong trinh nao dudi day?

AT B T c.{7 p.{"
3x—y=5 2x—y=4 x—y=3 x+y=-3
R A Lo fjx=Sy=6 o ,
Cau 7. Hé phuong trinh c6 nghiém (xo;yp). Gid tri ctia 2xg — 11yg 12
2x+Ty=-5
A. 12 B. 13 C.14 D. 15
A ) , A s )X Fy=23 X
Cau 8. Biét (xo;y0) 1a nghiém ctia hé Gid tri ctia xo + yo 1a
x—6y=17.
A.3 B.2 C.4 D.5
A R L Jax—by=-2 o \
Cau 9. Hé phuong trinh c6 nghiém (—1;2). Gid tri ctia 2a+ b la
ax+by=10
A.5 B. -2 C.-5 D. —-10

Cau 10. Phuong trinh nao dué6i day két hop véi phuong trinh x +y = 1 dé dudc mot hé phuong trinh c6
vO sO nghiém?

A 2x+2y=1 B.3x+3y=4 C.x—y=1 D.3x+3y=3
R . . x+my=1 . . .
Cau 11. Céc s0 nguyén m dé hé N ) c6 nghi€ém duy nhat 1a cac s0 nguyén Ia
mx—+y=
A.{0;2} B. {0;-2} C.{-2;2} D. {0}
R xt+y=m+1 .
Cau 12. Cho hé . Tich xy dat gia tri 16n nhat khi
x—y=3m—1
1
A.m=1 B.mzi C.m=0 D.m=2

Dang 2. Tric nghiém diing — sail

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
3x+y=4 }
Céau 13. Cho hé phuong trinh c6 nghiém duy nhat (xq;y)-
x—2y=6
a) Tu phuong trinh th nhat ta c6 y = 4 — 3x.
b) Thé vao phuong trinh thit hai ta dugc 7x = 14.
¢) Nghiém ciia hé 1a (2;2).
d) xo+2yp=—2.

Y | a | b c) d)
/S

mx+y=3 }
Cau 14. Cho hé phuong trinh (m 1a tham s0).
x+y=1
a) VG6im =2, hé c6 nghiém (2;—1).

b) V6i m =1, hé vo nghiém.
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. 2
¢) V6im # 1, hé c6 nghiém duy nhat v6i x = ——.
m+1

d) C6 ding 3 gi4 tri nguyén ctia m dé hé c¢6 nghiém duy nhét (x;y) v6i x 1a sd nguyén.

Y | a) | b) ¢ | d
p/S

Cau 15. Mua 2 chiéc but va 3 quyén v3 hét 34 nghin dong; mua 3 chiéc bit va 2 quyén vé hét 31 nghin
dong. Goi gid mdi chiéc bt 1a x, mdi quyén v 1a y (nghin dong).

a) Ta c6 phuong trinh 2x 4 3y = 34.
b) Cong tiing vé€ hai phuong trinh rdi chia cho 5 ta dugc x+y = 12.
¢) Gid mdi quyén v 1a 8 nghin dong.

d) Mua 4 chiéc biit va 5 quyén v& hét 62 nghin dong.

Y | a) | b) ¢ | d
p/S

(m—1)x+y=2 )
Cau 16. Cho hé phuong trinh (m 1a tham s0).
mx+y=m+1
a) Hé ludn c6 nghiém duy nhit v6i moi m.
b) Nghiém ctia hé c6 x =m — 1.
¢) Gid tri 16n nhit ctia y bing 2.

d) Khim=3thix+y=2.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la céu van dung cao.

n x+y=17
Cau 17. Hé : c6 nghiém (xo;yp). Tinh xq - yo.
X—y=
Tra loi:
N | 3x+2y=12 R
Cau 18. Hé . c6 nghiém (xo;yo). Tinh 2xo + yo.
X—y=—
Tra loi:

Cau 19. Tim a dé ba dudng thing x —y =1, x+y =3, 2x+ay = 1 cung di qua mot diém.

Tra 10i:
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1 5
-4 ==
" ~)Jx oy 6 n ,
Cau20.H¢ {7 7| | c6nghiém (x;y). Tinh x - y.
x y 6
Tra loi:
_1_|__:2
Cau 21. EEGidi he ¢~ § rdi tinh x + y.
_2__
x—1 vy
Tra loi:

Cau 22. Can bang xP+y0,; — 2P,0s. Tinh x +y.
Tra loi:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Giai hé bing phwong phap thé|

Bai 1. Giai cdc hé phuong trinh sau bing phuong phép thé:
x =3y 2x+y=4 x—2y=4
a) b) ©
2x—y=10; Ix—y=1; 2x—4y =35.

X
Bai 2. Giéi hé phuong trinh { 2

‘Dang 2. Giai hé biang phuong phap cong dai s6

Bai 3. Giai cdc hé phuong trinh sau bing phuong phép cong dai sb:
2x+5y=38 3x+4y=-5 0,2x+0,1y=0,3
a) b) c
2x—3y=0; S5x—=2y=09; 3x+y=>5.
0,3x+0,5y=3

Bai 4. Giai hé phuong trinh .
I,5x—2y=1,5

‘Dz_mg 3. Hé dua dudc vé hé bac nhét hai an. Pit an phu

Bai 5. Giai cac hé phuong trinh sau:

2.3_,
N 2(x+y) +(x—y) =5 Xy
3x+1)=2(y—1)=4 1.3
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I 1 5

_+_:_

e i a o)Xy 6
Bai 6. Giai hé phuong trinh P11
x y 6

Dang 4. H¢ chita tham s6. Tim hé sf')’

) ax+by=3
Bai 7. Tim a, b biét h¢ phuong trinh c6 nghiém (3;—2).
2ax —3by = 36
mx+4y =10 X .
Bai 8. Cho hé phuong trinh Tim m d€ hé: a) cé vd sO nghi€ém; b) vé nghi€ém; c) cé
x+my=>35.
nghiém duy nhét.
mx+y=72
Bai 9. Cho hé . Giai hé khi m # +1.
x+my=2

Dang 5. Bai toan thuc té

Bai 10. X4c dinh a, b d€ dudng thing y = ax+ b di qua hai diém A(1;1) va B(3;-3).

Bai 11. Mot ctia hang ban hai loai banh. Mua 3 chiéc banh loai A va 2 chiéc banh loai B hét 79 nghin
dong; mua 2 chiéc loai A va 5 chiéc loai B hét 104 nghin dong. Tinh gid mdi loai banh.

Bai 12. Mua 3 kg tdo va 2 kg cam hét 170 nghin dong; mua 2 kg tdo va 3 kg cam hét 155 nghin dong.
Tinh gid mdi ki-16-gam tdo, cam.

Dang 6. Bai tap nang cao]

x+y=m+1 )
Bai 13. Cho hé phuong trinh (m la tham s0).
x—y=3m—1
a) Tim m dé hé c6 nghiém thod man x = 2y.

b) Tim gia tri 16n nhat cta tich xy.

2|x|+3y =7
Bai 14. Gidi hé phuong trinh
|x| =2y =0.
) X mx+y=3 ) .
Bai 15. Tim cdc s0 nguyén m dé hé ¢6 nghi€ém duy nhat 1a céc sO nguyén.
x+my=3

B. PE TRAC NGHIEM

[Dang 1. Tric nghiém nhiéu phuong 4n lua chqn’

MOoi cdu héi chi cé6 mot phuong dan diing. Cdu c6 nhan la cau van dung cao.
Cau 1. Hé nao dudi day 1a hé hai phuong trinh bAc nhit hai 4n?
2
x*=2y=0 x—2y=0 x—2y=0 xy—2y=0
A : BT 7 c.{ 7% p.{Y 7
2x+3y=1 2x+3y° =1 2x+3y=1 2x+3y=1
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Cau 2. Phuong trinh 2x +y = 1 két hgp véi phuong trinh nao dudi ddy dé dugc mot hé hai phuong trinh
bac nhit hai 4n?

A3x—y=5 B.2x+3y>=0 C.xy—x=1 D.3x+2y’ =1
. x+2y=>5
Cau 3. Nghiém cuia hé phuong trinh 5 a
xX—y=
A. (1;3) B. (3;1) C. (1;2) D. (—3;1)
. R x+y=1
Cau 4. Nghiém ctia hé phuong trinh a
3x—y=35
A. (—2;1) B. (2;—1) C.(1;2) D. (1;-2)
A x—2y=
Cau 5. Hé phuong trinh
2x—4y =2
A. v0 nghiém B. c6 nghiém duy nhéat
C. ¢6 vO 6 nghiém D. c6 ding hai nghiém
. 2x—y=3
Cau 6. Hé phuong trinh
4x -2y =5
A. v0 nghiém B. c6 nghiém duy nhéat
C. ¢6 vO sb nghiém D. c6 ding hai nghiém

x—2y=1
Cau 7. Véi gid tri nao cla a, b thi hé { Y= nhén cdp s6 (—2; —1) lam nghiém?
b=

x+by=-2
1 1 1
A.a=2,b=0 =5 .a—E,b—l D.a—i,b——l
. B mx—2y=11 5
Cau 8. Biét hé c6 nghiém (3;—1). Gid tri cia T = m*+3nla
nx+my=3
A.9 B. 12 C.15 D.5
A A —3x+y=7 . A s o o) N
Cau 9. Hé c6 nghiém (xo;yo). Gid tri cia T = x5+ 3yp la
3x—4y=-10
A.7 B. -7 C.1 D. -1
. ax+5y =11 3 13
Cau 10. Hé c6 nghiém (2;1). Gid tri cla A = a” +b° —2ab 1a
2x+by=3
A. 14 B. 32 C.20 D. 34
3x+y)—2(x—y)=7 .
Cau 11. ED® He (x3) =2 =) c6 nghiém thod man x + y bang
(x+y)+(x—y) =4
A. 1l B.2 C.4 D.3
. ax—by=>5
Cau 12. lR® H¢ c6 nghiém (1;—1). Gidtria-b la
bx+ay=1
A.5 B.6 C.2 D. -6
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lDang 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hdy chon diing (P) hodic sai (S).
x+y=>5
Cau 13. Cho hé phuong trinh
2x—y=4.
a) Cong tung vé hai phuong trinh ta dudc 3x = 9.
b) HE c6 nghiém (3;2).
¢) Néu (xp;y0) 12 nghiém ctia hé thi xg —yp = —1.

d) DPiém c6 toa do 12 nghiém ctia hé thudc dudng thing y = x — 1.

Y | a) | b) ¢ | d

b/S
x—2y=1 3
Cau 14. Cho hé phuong trinh (m 1a tham s0).
2x+my =2
a) V6i m = —4, hé c6 vo sd nghiém.

b) V6i m =1, hé c6 nghiém (1;0).
¢) V6i m # —4, hé c6 nghiém duy nhéit.
d) HE vd nghiém khi m = —4.

Y | a | b ¢ | d
p/S

Cau 15. Theo gid niém yét, mot chiéc 4o va mot doi gidy c6 tong gid 800 nghin dong. Trong dot khuyén
mai, 40 gidm 15%, giay gidm 20% nén ngudi mua chi phai trd 655 nghin dong. Goi gid niém yét ctia 40
va giay Ian lugt 1a x, y (nghin dong).

a) Tacé x+y = 800.
b) S6 tién phai trd khi mua mot chiéc 4o trong dot khuyén mai 1a 0,85x nghin dong.
¢) Gid niém yét ctia 40 1a 300 nghin dong, ctia giay 1a 500 nghin dong.

d) Mua 2 chiéc 4o va 2 ddi giay trong dot khuyén mai hét 1300 nghin dong.

Y | a | b ¢ | d
p/S

x+y=2m .
Cau 16. Cho hé phuong trinh (m 1a tham s0).
x—y=2
a) Nghiém ciahé co x =m+ 1.
b) Véi m = 3, hé c6 nghiém (4;2).

¢) Gid tri nhd nhét ciia x> 4 y* bing 1.
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d) C6 hai gia tri cha m dé xy = 3.

Y | a | b ¢ | d
p/S

Dang 3. Tric nghiém tra 16i ngfln’

Hoc sinh tinh va ghi két qud (la mot s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

N | 2x+y=5 R .
Cau 17. Hé . ¢6 nghiém (xo;yo). Tinh xo + yo.
X—y=
Tra loi:
. 4x+3y=6
Cau 18. Hé ¢6 nghiém (xg;yp). Tinh xq - yo.
2x+y=4
Tra loi:

Cau 19. Dudng thing y = ax+ b di qua A(1;4) va B(—1;0). Tinh 2a — b.
Tra loi:

Cau 20. Can bing phén ting 4 Al4+y0, — zAlL,O3. Tim y.
Tra loi:

X+y=m P ST, SN
. Tim gié tri nho nhat cua x~ 4+ y~.
xX—y=

Cau 21. @ Cho hé {

Tra loi:

Cau 22. Mua 2 biit va 3 v& hét 48 nghin; 3 bt va 2 v& hét 42 nghin. Gid mdt quyén v& (nghin dong)?
Tra loi:
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( )

BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION

TOAN BAI 3. GIAI BAI TOAN BANG CACH LAP
CHUONG L HE PHUONG TRINH

A ~ A 2
HE HAI PT BAC NHAT HAI AN . % A NN A 72 s A A \ ~
) : Ly thuyet trong tam — Bai tdp trén lop — Bai tdp vé nha — Nang cao

Ndm hoc 2026 — 2027

| PHAN I. LY THUYET TRONG TAM

/_[ 1. Cac budc giai bai toan bing cach lap hé phuong trinh }

e Buéc 1. Lap hé phuong trinh: chon hai 4n, néu don vi va dit diéu kién thich hdp cho céc an;
biéu dién cdc dai luong chua biét theo 4n va céc dai lugng da biét; 1ap hé hai phuong trinh biéu thi
mdi quan hé giita céc dai luong.

* Budc 2. Giai hé phuong trinh vira 14p.
* Budc 3. Két luan: kiém tra nghiém ctia hé c6 thoa man diéu kién ctia an hay khong rdi tra 10i bai

toan.

& J

/_[ 2. Mot s6 kién thitc thuong ding J

 S6 cé hai chit s6 ab=10a+b (a,hbeN, 1 <a<9,0< b <9).

. Chuyén dong: quing dudng = van toc x thdi gian. Ca no trén dong nudc: Vs = Vihue + Vauécs
Vnguoc = Vthuc — Vnuée-

 Cong viéc, voi nude: néu 1am mot minh xong cong viéc trong x (don vi thdi gian) thi mdi don vi
thoi gian lam dugc }C cong viéc.

+ Phan trim: ting (vudt mtc) a% thi dugc (1004 a)%; gidm a% thi con (100 — a)%.

 Hinh hoc: hinh chit nhat ¢6 chiéu dai x, chiéu rong y thi chu vi 2(x +y), dién tich xy.

Luru y. Ludn dit diéu kién cho 4n (sd tu nhién, sé duong, nhé hon tong, ...) va d6i don vi thoi gian

. . . 2
thong nhat (chang han 40 phut = 3 gi0) trude khi lap hé.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

lDz_mg 1. Toan tim sf')’

Phudng phap. Goi hai sd cin tim 1a x, y (hoiic chit s6 hang chuc a, hang don vi b). Phép chia c6 du:
s6 bi chia = s chia x thuong + s6 du (s6 du nhd hon sb chia).

Bai 1. Tim hai s tu nhién c6 tdng bing 1006, biét ring néu 14y sd 16n chia cho sd nhé thi dugc thuong 1a
2 va sb du la 124.

Bai 2. Tim s0 tu nhién ¢6 hai chit s6, biét tong cdc chit sd bang 10 va néu ddi chd hai chit s6 thi duge s6
md&i nhé hon sb da cho 36 don vi.

Bai 3. Tim s6 tu nhién c6 hai chit s, biét s6 d6 gp 4 1an tong céc chit s6 ctia n6 va néu viét thém chit sd
0 vao giifa hai chit s6 thi dugc s6 méi 16n hon s6 ban dau 180 don vi.

Dang 2. Toan chuyén dong

Phuong phap. Goi van toc (hoidc thdi gian) 1 4n. Hai vat di ngudc chiéu gdp nhau: tong quing dudng
bing khoang c4ch ban diu. Ca nd: ding van tc xudi, ngugc dong; cé thé dit 4n phu I1a nghich dio
van toc.

Bai 4. Hai ngudi di xe dap xuit phdt cuing ldc tir hai thanh phd A va B céch nhau 38 km, di ngudc chiéu
nhau va gip nhau sau 2 gid. Tinh van tdc ctia mdi ngudi, biét van tdc ngudi di tir A 16n hon van tdc ngudi
di tu B 1a 3 km/h.

K xkm/h y km/h x
% %
A C B
38 km
Bai 5. Mot ca nd xudi dong 108 km rdi ngudc dong 63 km hét xudi dong
7 gids. Mot 1an khéc, ca nd d6 xudi dong 81 km rdi ngude dong -
~ P .s . A P 5 AN A P ngudc dong
84 km ciling hét 7 gio. Tinh van toc thuc ctia ca nd va van toc L
dong nudc. dong nude —»

Bai 6. Mot chiéc thuyén xudi dong 3 git duge 60 km, ngudc dong 4 gis duge 56 km. Tinh van toc riéng
cta thuyén va van toc dong nudc.

Dang 3. Toan lam chung - lam riéng

Phuong phap. Goi thdi gian mdi dbi tugng lam mot minh xong viéc 1a x, y. Trong mot don vi thdi
1
t

1
gian: lam dugc —, — cong viéc; lam chung xong trong ¢ thi — + — =
Xy Xy

Bai 7. Néu hai voi nuéc ciing chay vao mot bé khong c6 nudc thi sau

90 phiit day bé. Néu m& voi thi nhét trong 15 phiit va voi thit hai trong
| B N N

20 phut thi duge 5 bé. Hoi moi voi chdy mdt minh thi sau bao 1au day

bé?
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Bai 8. Hai doi cong nhan cung 1am mot doan dudng trong 24 ngay thi xong. Mdi ngay, phan viéc doi 1
lam dudc nhiéu gip rudi doi II. Héi néu lam mot minh thi mdi ddi 1am xong doan dudng trong bao 1au?

Bai 9. Hai ngudi thg cing 1am mdt cong viéc trong 6 ngdy thi xong. Néu ngudi thit nhit lam 2 ngay roi

. 2 ~
ngudi thd hai lam ti€p 5 ngay thi dugc 3 cong viéc. H8i moi ngudi lam mdt minh thi bao 1au xong?

Dang 4. Toan phan trim, ning suﬁt’

Phuong phap. Biéu dién s6 lugng sau khi ting (gidm) theo phan trim: x ting a% thanh <1 + %) x.
Lap mot phuong trinh vé tong ban diu va mdt phuong trinh vé tong sau khi thay doi.

Bai 10. Nim ngodi, hai don vi sdn xuit ndng nghiép thu hoach dudce 3600 tan thoc. Nam nay, don vi thi
nhit 1am vudt miic 15%, don vi thit hai 1am vugt miic 12% so v6i ndim ngoai nén c4 hai thu hoach dugc
4095 tan théc. Hoi ndm ngoai mdi don vi thu hoach dudc bao nhiéu tin thoc?

Bai 11. Hai 16p 9A va 9B c6 tong cong 76 hoc sinh tham gia Tét trdng cdy. Mdi ban 16p 9A trong dudc 3
cay, mdi ban 16p 9B trong dugc 4 ciy, ca hai 16p trong dugc 262 cay. Tinh s6 hoc sinh mdi 16p.

Bai 12. Ndm ngodi hai don vi thu hoach dugc 720 tan théc. Ndm nay don vi A vugt mic 15%, don vi B
vuot miic 12% nén thu duge 819 tan. Hoi ndm ngodi mdi don vi thu dudc bao nhiéu tin?

Dang 5. Toan cé ndi dung hinh hoc va thuc té khac

Phuong phap. Dung cédc cong thiic chu vi, dién tich, ndng do dung dich (khoi lugng chét tan =
ndng dd x khdi luong dung dich), ...dé biéu dién cac dai lugng theo an.

T Tt T 1y+5
Bai 13. Mot khu vudn hinh chit nhat ¢6 chu vi 200 m. Néu ting chiéu !
rong thém 5 m va gidm chidu dai di S m thi dién tich khu vudn ting v ®f %
thém 175 m?. Tinh chiéu dai va chidu rong ctia khu vudn. ® ¢ & ¢
x (m)

Bai 14. Can tron bao nhiéu gam dung dich mudi ndng d6 10% véi bao nhiéu gam dung dich mudi ndng
dd 30% dé dudc 500 g dung dich mudi ndng do 18%?

Bai 15. Bac An gtri tiét kiém 400 triéu dong & hai ngan hang véi 1di suit 6%/ndm va 7%/nidm. Sau mot
nim b4c nhan dudc tdng tién 14i 26 triéu ddng. Tinh s6 tién gilii & mdi ngan hang.

Dang 6. Bai tap nang cao]

Phudng phap. Vi cdc bai c6 tich (van tdc x thdi gian, sd diy x s6 ghé), khai trién rdi rit gon hang
tli xy & hai vé dé dugc hé bac nhit.
Bai 16. Hai vdi nuGc ciing chay vao mot bé can thi sau 4 gid 48 phit ddy bé. Néu voi I chéy trong 4 gid
3 . x s 1z
va voi II chdy trong 3 gio thi dudc 1 be. Héi moi voi chdy mdt minh thi sau bao 1au day be?

Bai 17. Mot xe mdy du dinh di tit A dén B trong mot thai gian nhét dinh. Néu van tdc tdng thém 20 km/h
thi dén B sém hon du dinh 1 gid; néu van tdc gidm di 10 km/h thi dén B mudn hon du dinh 1 gid. Tinh
quang duong AB.
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Bai 18. Mot phong hop ¢6 mot sd diy ghé, mdi day c6 s6 ghé nhu nhau. Néu thém 2 diy va mdi ddy bét
di 3 ghé thi s6 ghé trong phong khong d6i. Néu bét 1 ddy va mdi ddy thém 1 ghé thi s6 ghé trong phong
gidm di 13 ghé. Hdi phong hop c6 bao nhiéu ghé&?

Bai 19. (Bai todn cd) Quyt, cam mudi bdy qud tuoi, dem chia cho mét trdm nguoi cung vui. Chia ba moi
qud quyt roi, con cam méi qud chia mudi vita xinh. Hdi c¢6 bao nhiéu qué quyt, bao nhiéu qua cam?

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chon

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cdu van dung cao.

Cau 1. Bu6c dau tién khi gidi bai toan bing cach 14p hé phuong trinh 1a
A. chon hai 4n, dit diéu kién cho 4n B. giai hé phuong trinh
C. két luan bai todn D. ddi chiéu nghiém véi diéu kién

Cau 2. S6 tu nhién c6 hai chit s6 véi chit s6 hang chuc 1 a, chit s6 hang don vi 13 b dudc viét 1a
A.a+b B. 10a+b C.10b+a D. ab

Cau 3. Cand c6 van tdc thuc x km/h, van tdc dong nudc y km/h. Van toc ca nd khi nguge dong 1a
A.x+y B. xy C.x—y D.y—x

Cau 4. Hai voi chdy mot minh day bé 1an lugt trong x gid va y gid. Trong 1 gid, cé hai voi cling chdy dudc

. i . 11,
A.x+ybé B. bé Cc. Y pé D. - + - bé
x+y x+y X y

Cau 5. Hai s6 c6 tong bing 50 va hiéu bing 12 1a
A.31val9 B.32val8 C.30va20 D. 29 va 21
Cau 6. Hai xe may cung di quiang dudng 100 km; xe thit nhat di hét 3 gid 20 phait, xe thit hai di hét 2 gio
30 phit, van tdc xe thit hai 16n hon xe thit nhat 10 km/h. Van tdc cta xe thit nhit va xe thi hai 1an lugt 1a
A. 40; 30 km/h B. 25; 35 km/h C. 30; 40 km/h D. 30; 45 km/h
Cau 7. Hai ngudi thg cting 1am mot cong viéc trong 9 ngay thi xong. Néu ngudi thit nhat 1am 3 ngay va
5 .
ngudi thd hai 1am 6 ngay thi ducgc - cong viéc. Nguoi thit nhat lam mdt minh xong cong viéc trong
A. 18 ngay B. 36 ngay C. 24 ngay D. 12 ngay
Cau 8. Lép 9A va 9B c¢6 tong cdng 86 hoc sinh. Mdi ban 16p 9A gép 2 kg gidy vun, mdi ban 16p 9B gép
3 kg, ¢4 hai 16p g6p dugc 214 kg. S6 hoc sinh 16p 9A 1a
A. 42 B. 44 C. 40 D. 46
Cau 9. Theo ké hoach, hai xi nghiép phai 1am 800 dung cu. Thuc t& xi nghiép A vugt mic 10%, xi nghiép
B vuot mic 15% nén cd hai 1am dugc 905 dung cu. S6 dung cu xi nghiép A phai lam theo ké hoach Ia
A. 500 B. 400 C. 300 D. 350
Cau 10. Mt trudng mua 500 quyén vé gdm hai loai, gid 8 000 ddng va 9000 dong mot quyén, hét 4200000
dong. S6 v& loai 8000 dong 1a
A. 200 B. 300 C. 250 D. 350
Cau 11. B8 Hai voi cling chay thi sau 12 gid ddy bé; md voi I trong 4 git va voi Il trong 6 gid thi dudc
2 . iz
3 bé. Voi I chdy riéng day be sau
A. 20 gi6 B. 30 gio C. 24 gio D. 15 gio
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CAu 12. B8 Thang du hai t6 1am dudc 800 san pham; thdng sau to I vugt 15%, to 11 vugt 20% nén lam
dudc 945 san pham. Thang dau t6 I 1am dugc
A. 500 B. 400 C. 300 D. 345

Dang 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).
Cau 13. Hai I6p 9A va 9B cung trong cdy. Mdi ban 16p 9A trong 4 ciy phugng va 2 ciy bang; mdi ban
16p 9B trong 3 ciy phudng va 4 ciy bang. Ca hai 16p trong dudc 204 ciy phudng va 172 ciy bang. Goi x,
y 1a s6 hoc sinh 16p 9A, 9B.

a) Diéu kién: x,y € N*,

b) SO cay bang ca hai 16p trong dugc 1a 2x + 4y (cay).
¢) Phuong trinh biéu thi s6 ciy phugng 1a 4x + 3y = 204,
d) L6p 9B c6 35 hoc sinh.

Y | a | b ¢) d)
/S

Cau 14. Bac Toan du dinh xay nha véi tong chi phi 800 triéu ddng, gdm tién vat liéu x triéu ddng va tién
nhan cong y triéu dong. Thuc té tién vat liéu ting 10%, tién nhan cong gidm 5% nén tong chi phi 1a 850
triéu dong.

a) x+y = 800.

b) 1,1x+0,95y = 850.

¢) x=600; y=200.

d) Tién vat liéu thuc t& nhiéu hon du dinh 50 triéu dong.

Y | a) | b) ¢) d)
p/S

Cau 15. Mot clra hang ¢6 50 chiéc dién thoai gdm x chiéc loai A (gid 25 triéu dong/chiéc) va y chiéc loai
B (gi4 20 triéu dong/chiéc). Ban hét sd dién thoai thu dudc 1150 triéu dong.

a) x+y=>50.
b) 5x+4y=230.
¢) S6 dién thoai loai A nhiéu hon loai B 1a 10 chiéc.

d) Néu bdn tat ca vé6i gia giam 10% thi ctra hang thu dugc 1000 triéu dong.

Y | a | b c) d)
p/S

Cau 16. Hai voi nuéc cing chdy vao mot bé can thi sau 6 gio diy bé. Néu voi I chay 3 gio va voi II chay

17 . x Lz
4 gio thi dugc 30 be. Goi x, y (gio) la thoi gian voi I, voi II chdy mot minh day be.

x 1. .
a) MOoi gi0 cd hai voi cing chdy dudc 3 be.
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3 4 17
b) Ta c6 phuong trinh — + — = —.
x y 30

¢) Voi I chdy mot minh thi sau 15 gio day bé.

1
d) Voi II chdy mot minh trong 5 gid thi dudc 3 bé.

Y | a) | b) ¢ | d
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Hai s6 c6 tong bing 59; ba 1an sd tht nhit 16n hon hai 14n s6 thi hai 1a 7. Tim sd thi nhat.

Tra loi:

Cau 18. Tim s6 tu nhién c6 hai chit s6, biét chit s6 hang chuc 16n hon chit s6 hang don vi 1a 2 va tong ctia
s6 d6 véi sd viét theo thit tu ngudc lai bang 132.

Tra loi:

Cau 19. Hai xe khdi hanh cung liic tif A va B cdch nhau 150 km, di ngudc chiéu va gidp nhau sau 2 gid.
Vian t6c xe di tif A 16n hon xe di tir B 12 5 km/h. Tinh van téc (km/h) clia xe di tir A.

Tra loi:

Cau 20. Mot ca nd xudi dong 120 km hét 4 gid va nguge dong 120 km hét 5 gid. Tinh van tdc dong nudc
(km/h).
Tra loi:

Cau 21. ¥ Hai s6 tu nhién c6 tong 2216; iy s6 16n chia sd nhé dugc thuong 3 du 120. Tim s6 nho.

Tra 10i:

Cau 22. B8 Tim s6 c6 hai chit s6, biét tdng c4c chit sd bing 11 va dbi chd hai chit s6 thi dudc s6 16n hon
s6 ban dau 27.

Tra 10i:

| PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

lDz_mg 1. Toan tim sf')’

Bai 1. Tim hai sd tu nhién c6 téng bing 156, biét ring néu 1y s6 16n chia cho s6 nho thi dugc thuong 1a
6vasddulao.

Boi dudng Todn 9 — Két néi tri thitc Trang 30/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

Bai 2. Tim s6 tu nhién c6 hai chit sd, biét tong céc chit sd bing 9 va néu ddi chd hai chit s6 thi dudc sd
mdi 16n hon s6 da cho 27 don vi.

Bai 3. Tim hai s6 tu nhién c6 tong bing 2216, biét 1iy sb 16n chia cho sd nhd dudgc thuong 1a 3 va sd du
1a 120.

Dang 2. Toan chuyén dong

Bai 4. Quang dudng tit Thanh phd H6 Chi Minh dén Can Tho dai 170 km. Mot xe khéch di tit Thanh phd
HO Chi Minh dén Can Tho. Sau khi xe khach xut phat 1 gid 40 phit, mot xe tai di tit Can Tho vé Thanh
phd HO Chi Minh va gip xe khéch sau d6 40 phit. Tinh van toc mdi xe, biét mdi gid xe khach di nhanh
hon xe tdi 15 km.

Xe khach Xe tai
oo N
[ 2 . [ ]
TP. Ho Chi Minh Cin Tho
170 km
xudi dong
Bai 5. Mot ca nd xudi dong 36 km va ngugc dong 24 km hét 4 —
gid; néu ca nd xudi dong 27 km va ngugc dong 36 km thi hét 4 nguoc dong

—> —> ——> ——>

gid 30 phut. Tinh van t6c thuc cta ca nd va van tdc dong nudc.
dong nuéc —

Bai 6. Hai xe khdi hanh cuing ldc tir hai dia diém c4ch nhau 180 km. Néu di ngudc chiéu thi sau 2 gid gip
nhau; néu di cling chiéu thi sau 9 gid xe nhanh dudi kip xe chdm. Tinh van t6c mdi xe.

Dang 3. Toan lam chung - lam riéng

Bai 7. Hai ngudi cung lam mot cong viéc trong 12 ngay thi xong. Ho lam chung dudc 8 ngay thi ngudi
thit nhat nghi, ngudi thit hai 1am ndt phan viéc con lai trong 10 ngay. Hoi mdi ngudi 1am mot minh thi sau
bao lau xong cong viéc?

Dang 4. Toan phan trim, ning suit

Bai 8. Thang giéng, hai tO sén xuét lam dudc 900 chi tiét may. Thang hai, t6 I vugt mic 15%, t6 11 vuct
miic 10% so vé6i thadng giéng nén c4 hai t6 lam dudc 1010 chi tiét may. Hoi thang giéng mdi t6 1am dugc
bao nhiéu chi tiét may?

Bai 9. Hai trudng c6 tdng cong 500 hoc sinh du thi, sd db 1a 420. Ti 1& dd ctia trudng A 12 80%, trudng B
12 90%. Tinh sb hoc sinh du thi ctia mdi trudng.

Dang 5. To4an cé ndi dung hinh hoc va thue té khac

Bai 10. Mot manh dét hinh chit nhat. Néu tidng chiéu dai thém 2 m
va chiéu rong thém 3 m thi dién tich ting thém 100 m?. Néu giam
ca chidu dai va chidu rong di 2 m thi dién tich giam di 68 m>. Tinh
céc kich thuéc ctia manh dat. -
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Bai 11. Mot hop kim ddng va kém niing 124 g c6 thé tich 15 cm>. Biét 89 g ddng c6 thé tich 10 cm? va 7
g k&m c6 thé tich 1 cm?®. Tinh khdi luong ddng va kém trong hop kim.

A B
Bai 12. Mot hinh chit nhat ¢6 chu vi 36 m. Néu ting chiéu dai E
thém 3 m va chidu rong thém 2 m thi dién tich ting thém 50 m?. y I
Tinh céc kich thudc ctia hinh chit nhat. E
D x C 3

Dang 6. Bai tap nang cao

Bai 13. Hai voi nudc cling chdy vao mot bé can thi sau 80 phit diy bé. Néu md voi thi nhat trong 10 phiit
2 . ~ .z

va voi tht hai trong 12 phit thi dugc 5 be. Héi moi voi chdy mdt minh thi sau bao 1au day be?

Bai 14. Hai trudng A va B ¢6 250 hoc sinh 16p 9 du thi vao 16p 10, két qué c¢6 210 hoc sinh tring tuyén.

Tinh riéng thi tf 1€ triing tuyén cda trudng A la 80%, cla trudng B 12 90%. Hoéi mdi trudng c¢6 bao nhiéu
hoc sinh du thi?

Bai 15. (Bai toan cd) Vira ga vita ché, bé lai cho tron, ba muoi sdu con, mor tram chdn chdan. Hoi ¢6 bao
nhi€u con ga, bao nhi€u con ch6?

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.
Cau 1. Hai s6 c6 tong bing 100 va hiéu bing 20 Ia

A.70va 30 B. 60 va 40 C.55va45 D. 80 va 20
Cau 2. Goi x, y la chiéu dai va chiéu rong ctia mot hinh chit nhat c6 chu vi 40 cm. Phuong trinh biéu thi
dii kién trén 1a

A.x+y=40 B.2x+y=40 C.x+y=20 D. xy =40
Cau 3. Mot 6 t6 di quang dudng AB véi van tdc x km/h hét y gid. Néu van tdc ting thém 10 km/h thi thoi
gian gidm 1 gid. Phuong trinh biéu thi dit kién trén Ia

A. (x—10)(y+1) =xy B. (x+10)(y+1) =xy
C.xy=10 D. (x+10)(y—1) =xy

Cau 4. Hai d6i cuing 1am mot cong viéc trong 12 ngay thi xong. Mdi ngay cé hai doi 1am dugc
A. o cong viéc B. 12 cong viéc C. 7 cong viéc D. 3 cong viéc

Cau 5. S6 tu nhién c6 hai chit 9, tong cac chit sd bing 7 va chit s6 hang chuc 16n hon chit s6 hang don vi
1a 3, 1a

A. 25 B. 52 C.43 D. 61
Cau 6. Hai s6 c6 tong bing 90, s6 nay gip doi s6 kia. Hai s6 d6 1a
A. 50 va40 B. 70 va 20 C.45va45 D. 60 va 30

Cau 7. Mua 2 kg gao nép va 3 kg gao té hét 130 nghin dong; mua 3 kg gao nép va 2 kg gao té hét 145
nghin dong. Gid 1 kg gao nép la
A. 30 nghin B. 35 nghin C. 25 nghin D. 40 nghin

Boi dudng Todn 9 — Két néi tri thitc Trang 32/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

Cau 8. Mot 16p ¢6 40 hoc sinh, s6 hoc sinh nam nhiéu hon s6 hoc sinh nit 1a 4. S6 hoc sinh nam 1a

A. 18 B. 20 C.22 D. 24
Cau 9. Mot doan 15 xe gdm loai 4 chd va loai 7 chd chd vita di 81 ngudi. SO xe loai 7 chd 1a
A.8 B.7 C.6 D.9

Cau 10. Hai voi cling chay vao bé can thi sau 6 gid ddy bé; voi I chdy mot minh thi sau 10 gid day bé. Voi
II chdy mot minh thi sau bao 1au day bé?
A. 15 gio B. 12 gio C. 16 gio D. 4 gio
Cau 11. Ca nd xudi dong 2 gi dudc 50 km, ngudc dong 3 gid dudc 54 km. Van tdc dong nudc la
A. 3 km/h B. 7 km/h C. 4 km/h D. 3,5 km/h
Cau 12. Hinh chit nhat ¢6 chu vi 50 m; tdng chiéu dai 3 m va gidm chiéu rong 2 m thi dién tich gidm
6 m”. Chidu dai la
A.12m B. 10 m C.15m D. 18 m

lDang 2. Trac nghiém ding — sai]
Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).

Cau 13. Nha bdc Tdm thu hoach dudc 2170 qua budi gdm x qué loai I (bdn 25 nghin ddng/qua) va y qué
loai II (bdn 15 nghin dong/qud). Ban hét s6 budi, bac thu dugc 45350 nghin dong.

a) x+y=2170.

b) 5x+ 3y =9070.

¢) x= 1280, y = 890.

d) S6 budi loai I nhiéu hon loai II 1a 400 qua.

Y | a | b c) d)
p/S

Cau 14. Mot ca nd xudi dong trong 4 gid dudc quing dudng bang quing dudng ngudc dong trong 5 gid.
Van tdc dong nudc 1a 3 km/h. Goi van toc thuc ctia ca nd 1a x km/h (x > 3).

a) Van tdc ca nd khi xudi dong 1a x+ 3 (km/h).

b) Ta c6 phuong trinh 4(x+3) = 5(x — 3).

c) x=27.

d) Quang dudng ca nd xudi dong trong 4 gio la 140 km.

Y | a | b c) d)
/S

Cau 15. Hai 6 cung 1am mdt cong viéc trong 15 gio thi xong. Néu t6 I 1am 6 gio va t IT lam 10 gio thi

1 ez
dudc > cong viéc. Goi x, y (gio) 1a thoi gian to 1, to II lam mot minh xong viéc.
o o oz |
a) MOoi gi0 cd hai to lam dudc 5 cong viéc.

6 10 1
b) Ta c6 phuong trinh — + — = —.
Xy 2
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¢) To I1am mdt minh xong cong viéc trong 40 gid.

d) T4 11 lam mdt minh xong cdng viéc trong 40 gid.

Y | a | b ¢) d)
p/S

Cau 16. Mot phong hop c¢6 x day ghé, mdi day y ghé. Néu thém 2 day va mdi day bét 2 ghé thi sd ghé
giam 8; néu bt 2 diy va mdi day thém 3 ghé thi s6 ghé ting 6.

a) Tacox—y=2.

b) Tacé 3x—2y=12.

¢) Phong hop c6 8 day ghé.
d) Phong hop c6 54 ghé.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Hai s6 c6 tong bing 75, hiéu bing 15. Tim s6 16n.
Tré 1gic| |

Cau 18. Tim sd tu nhién c¢6 hai chit s6, biét chit s6 hang chuc gip doi chit sd hang don vi va néu déi chd
hai chit s6 thi dugc s6 méi nhd hon sd da cho 36 don vi.

Tra 10i:

Cau 19. Hai ngudi 6 A va B cdch nhau 60 km. Néu di ngugc chiéu thi gip nhau sau 2 gi%; néu di cing
chiéu (ngudi 6 A dudi theo) thi sau 6 gi dudi kip. Tinh van téc (km/h) clia ngudi & A.

Tra loi:

Cau 20. M6t manh vudn hinh chit nhat c6 chu vi 56 m, chiu dai hon chidu rong 4 m. Tinh dién tich (m?)
cuia manh vuon.
Tra loi:

Cau 21. C6 23 0 tién loai 10 nghin va 20 nghin ddng, tdng gid tri 300 nghin ddng. C6 bao nhiéu t&
20 nghin dong?

Tra loi:

Cau 22. Hai 16p 9A, 9B ¢6 80 hoc sinh gép dudc 198 quyén sdch; mdi ban 9A gép 2 quyén, mdi ban
9B gbp 3 quyén. Lép 9A ¢6 bao nhiéu hoc sinh?

Tra 10i:
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MHP MATH EDUCATION BOI DUONG HQC SINH TOAN 9 - KET NOI TRI THUC
T[(r)éN 9 BAI 4. PHUONG TRINH QUY VE
CHUONG 1I. N -~ F 4 A 2
PT VA BPT BAC NHAT MOT PHUONG TRINH BAC NHAT MQT AN
AN Ly thuyét trong tam — Bai tdp trén l6p — Bai tdp vé nha — Nang cao
Ndm hoc 2026 — 2027
. J

| PHAN I. LY THUYET TRONG TAM

/_[ 1. Phuong trinh bac nhit mdt 4n (nhic lai) ]

 Phuong trinh dang ax + b = 0 (a # 0) 1a phuong trinh bac nhit mdt 4n x; phuong trinh ludn c6
nghiém duy nhit x = ——.
a

e Hai quy tdc bién d6i: chuyén mot hang tif sang vé kia thi ddi dau hang tif d6; nhan (chia) hai vé
v6i cing mot s6 khac 0.

- J

(_[ 2. Phuong trinh tich ]

* Phuong trinh (ax+b)(cx+d) =0 (a # 0, ¢ # 0) dudc gidi nhu sau:
Budc 1. Gidi hai phuong trinh ax+b=0vacx+d =0.
Budc 2. Két luan: nghiém ctia phuong trinh da cho gém tat c& cdc nghiém tim dugc 6 Buée 1.

 Dé dua mot phuong trinh vé phuong trinh tich: chuyén moi hang tit sang vé trdi (vé€ phdi bing 0),
roi phan tich vé trdi thanh nhan ti (dit nhan t chung, dung hing ding thiic, nhém hang ti).

& J

,_[ 3. Phuong trinh chita 4n 6 mau }

* Didu kién ciia 4n dé tit cd cdc mAu trong phuong trinh déu khéc 0 goi la diéu kién xac dinh
(PKXD) ctia phuong trinh.

» Cach giai:
Budc 1. Tim diéu kién xdc dinh ctia phuong trinh.
Budc 2. Quy dong mau hai vé ctia phuong trinh rdi khit mau.
Budc 3. Gidi phuong trinh vita nhan dudc.
Budc 4. Két luan: trong cac gid tri tim dudc & Budc 3, gi4 tri nao thod man DPKXD la nghiém ctia
phuong trinh da cho.

Luu y. Khong dugc chia hai vé ctia phuong trinh cho mot biéu thiic chita 4n (c6 thé lam méat nghiém);
khi d6 nén chuyén vé roi dit nhan tit chung. Véi phuong trinh chita an & mau, bit budc phai d6i chiéu
DKXD trudc khi két luan.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Phuong trinh tich dang (ax+b)(cx+d) = O]

Phuong phap. Cho tiing nhan ti bang 0, gidi cdc phuong trinh bac nhét rdi gdp céc nghiém.

Bai 1. Giai cic phuong trinh sau:
a) (x+5)(2x—3)=0; b) (x—1)(3—x) =0;
¢) (x+2)(4x—1)=0; d) (2,5x+5)(0,2x—1) =0.

Bai 2. Giai phuong trinh (3x+2)(4 —x) = 0.

‘Dang 2. Pua phuong trinh vé phuong trinh tich’

Phuong phap. Chuyén hét sang vé trdi; phan tich thanh nhén ti biang dit nhan ti chung (chd y ddi
ddu A — B = —(B—A)) hoic hiing dng thiic A> — B> = (A— B)(A+B).

Bai 3. Giai cic phuong trinh sau:

a) 2x(x—7)+5x—35=0; b) x(x—3) = 7x+21=0;

¢)2(x+3) —x>—3x=0; d) 2x(3x—5) = 10— 6ux.
Bai 4. Giai cic phuong trinh sau:

a)(2x+1)(x—3)=x>-9; b)Bx—1)2—(x+3)>=0; )x*—6x+9=4(x—3).
Bai 5. Giai phuong trinh 2x(x — 3) = 5(x — 3).

Dang 3. Phuong trinh chita 4n 6 mau

Phuong phap. Phan tich cd4c mau thanh nhan ti dé tim PKXD va miu thic chung; quy ddng, khit

Bai 6. Giai cdc phuong trinh sau:

o3 b2 L2
x—5 3’ x—2 x x2-2x
3 1 4 x—=3 1 x+5

_ —0: d - =
c)x—2 x  x(x—2) )x—5+x x(x—5)

x—2 3 2x—22
Bai 7. Cho phuong trinh — = .
ai o phuong trin P A 24

a) Tim diéu kién x4c dinh ctia phuong trinh.
b) Gidi phuong trinh.
x+1 1 2

Bai 8. Gidi phuong trinh ——= .
ai iai phuong trinh ——— — x—2)
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lDang 4. Bai toan thuc té

Phudng phap. Chon mot 4n va dit didu kién; biéu dién cdc dai lugng theo 4n; 1ap phuong trinh (c6

quang duong

thé chita 4n & miu khi c6 thdi gian = , ndng do, ti s, ...); gidi va d6i chiéu diéu kién.

van toc
Bai 9. C6 hai loai dung dich mudi I va II. Hoa 200 g dung dich I v6i 300 g dung dich II thi dudc dung
dich ¢6 ndong dd 33%. Tinh nong d6 mudi ctia mdi dung dich, biét ndng dd dung dich I I16n hon ndng do
dung dich 1T 1a 20%.

Bai 10. Mot truong THCS td chiic cho 150 gido vién va hoc sinh di tham quan. Gid vé ctia mdi gido vién
12 70000 ddng, mdi hoc sinh 1a 50000 dong. Khu du lich gidm 10% cho mdi vé nén téng sb tién mua vé
12 7290000 dong. Hdi c6 bao nhiéu gido vién va bao nhiéu hoc sinh di tham quan?

Bai 11. Mot ngudi di xe mdy tit A dé€n B v6i van toc 30 km/h. Lic vé, ngudi d6 di véi van tde 40 km/h
nén thoi gian vé it hon thai gian di 30 phit. Tinh quang dudng AB.

lic di: 30 km/h

~
[ ]

NG
>

ldc vé: 40 km/h

) . ~ . P
Bai 12. Tim s0 tu nhién x sao cho khi cdng x vao cé tif va mau ciia phan sd = thi dudc phan so bang 3

| W

Bai 13. Voi I chdy mdt minh diy bé trong 6 git. Néu md ca hai voi thi sau 4 git diy bé. Hdi voi II chay
mot minh thi sau bao lau dy bé?

Dang 5. Bai tap nang cao

Phuong phap. Dit 4n phu cho biéu thiic Iip lai; cong (trir) 1 vao mdi phan thiic dé xuat hién nhan tir
chung; v6i mau 12 9 —x%, 1 — x>, ...phan tich thanh nhén tif va chi y d4u.

Bai 14. Giai phuong trinh (2x% +x—6)”+3 (2 +x—3) = 9.

4x X

NG e 9. b 1
Bai 15. Gidi phuong trinh PR T B R B

x—3 x+3 24
—3—x+—3+x_9—x2'
x+1 x+2 x+3 x+4
2024+2023 n 2()22+2021'

Bai 16. Gidi phuong trinh

Bai 17. Giai phuong trinh

1 1 1 3
Bai 18. Gidi phuong trinh + + =—.
e e T D) T G D+ 2) | (+2)(x+3) 10

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n lua ch(_)n]

Moéi cdu héi chi cé6 mét phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Phuong trinh bac nhit mot 4n c6 dang
A.ax+b=0 B.ax>+b=0 C.ax+by=0 D.ax+b=0,a+#0
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Cau 2. Phuong trinh nao sau diy khong phéi 1a phuong trinh bac nhat mot 4n?

A.’7f+3:0 B.(x—1)(x+2)=0 C.15-6x=3x+5 D.x=23x+2
Cau 3. Nghiém ctia phuong trinh 2x — 1 =7 1a
A.x=0 B.x=3 C.x=4 D.x=—-4
A <X A Py . o R 1—2x 1 .
Cau 4. bicu kién xdc dinh ctia phuong trinh —— = 3 1a
X
1 1
A.x;éi B.x#0 C.x#2 D.x#i;x#o
Cau 5. Phuong trinh 2x — 3 = 12 — 3x ¢6 bao nhiéu nghiém?
A.0 B. 1 C.2 D. Vb s
Cau 6. Phuong trinh (x4 5)(x+ 1) = 0 c6 bao nhiéu nghiém?
A.2 B.1 C.3 D. 4
Cau 7. SO nghiém ctia phuong trinh 2x(x+5)(2x—1) =01a
A. 1l B.2 C.3 D. 4

x+1 x—1_ 16

— = 1
x—1 x+1 x2-1 a
A x#1 B.x# —1 C.x#1vax+#—1 D.x#0

Cau 8. Diéu kién xéc dinh ctia phuong trinh

1 12 .
Cau9.ChoA =1+ vaB = .Cécgidtrictaxdée A=RBla
2+x 2 +8
A.0;1; =2 B.1 C.Oval D.0
Cau 10. Mot ngudi di xe mdy tir A dén B véi van tdc 30 km/h; Iic vé di v6i van tdc 40 km/h nén thdi gian
vé it hon thdi gian di 30 phit. Quang dudng AB dai

A. 50 km B. 60 km C.70 km D. 80 km
Cau 11. B8 Tdng cic nghiém ciia phuong trinh (x — 1)? = (3x+5)? 1a
A. -2 B.4 C.—4 D.3
A A A . 2 1 4 .
Cau 12. SO nghiém ctia phuong trinh ——= la
x—=2 x x(x—2)
A.0 B. 1 C.2 D. v0 s

lDang 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hiy chon ding (P) hodc sai (S).
Cau 13. Xét tinh ding, sai clia cdc khiang dinh sau:
a) Phuong trinh 5 — (x+3) = x—2 c6 nghiém x = 2.
b) Phuong trinh 2(x —3) —x+ 1 = 0 ¢6 nghiém x = 5.
¢) Phuong trinh 3x — 1 = 3(x —2) v0 nghiém.
d) Nghiém cta phuong trinh 3x -2 =2x—-3lax=1.

Y | a | b ¢ | d
p/S

Cau 14. Cho phuong trinh (2x+1)(3x—1) =0.
a) Phuong trinh c6 2 nghi€ém.
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1
b) x= ) 12 mot nghiém cuia phuong trinh.
¢) Phuong trinh c6 cdc nghiém x =3 vax = —2.

< 1
d) Tich cac nghiém cua phuong trinh bang s

Y | a | b ¢ | d
p/S

Cau 15. Hién nay b6 hon con 30 tudi. Sdu nim sau, tudi bd gip 2,5 1an tudi con. Goi x 1a tudi con hién
nay (x € N¥).

a) Tudi bd hién nay 1a x + 30.
b) Phuong trinh bi€u thi dit kién sdu ndm sau 12 2,5(x +6) = x + 30.
¢) Hién nay con 14 tudi.

d) Sau 16 nim nifa, tudi con bing nira tudi bd.

Y | a | b c) d)
p/S

. . 1 2 x+3
Cau 16. Cho phuong trinh 1 +x+1 =2 T

a) Diéu kién xdc dinhlax # 1 vax# —1.

b) Mau thiic chung 1a x> — 1.
¢) Sau khi khit miu ta dugc phuong trinh 3x+ 1 = x+ 3.

d) Phuong trinh c6 hai nghiém.

Y | a | b c) d)
p/S

Dang 3. Triic nghiém tr3 10i ngfm’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cdu van dung cao.

2 3
Cau 17. Ti hiém cla phuong trinh = :
au 1m ngniem cua p ng rin X+ 1 x+4

Tra 10i:

Cau 18. Cho phuong trinh 3(a —2) + 2a(x — 1) = 4a+ 3. Tim a dé phuong trinh ¢6 nghiém x = 1.

Tra 10i:

Cau 19. Tinh tdng cic nghiém ciia phuong trinh x> —9x — 10 = 0.
Tra loi:
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Cau 20. Mot nhém di tir Ha Noi 1én Sa Pa v6i van toc 36 km/h. Sau 1 gid, nhom thi hai di cing dudng
v6i van tc 54 km/h. Hoéi sau bao nhiéu gid ké it khi nhém thi hai xuit phét thi hai nhém giip nhau?

Tra 10i:

Cau 21. @8 Giai phuong trinh (x4 2)3 — (x —2)3 = 12x? + 4x.
Tra loi:

Cau 22. B8 Voi I chdy mot minh diy bé trong 8 gid; c4 hai vdi cling chdy thi sau 4 gid 48 phiit day bé.
Voi II chdy mot minh dy bé sau bao nhiéu gid?

Tra 10i:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dz_mg 1. Phuong trinh tich dang (ax+b)(cx+d) = O]

Bai 1. Giai cdc phuong trinh sau:
a) (3x—2)(4x+5)=0; b) (2,3x—6,9)(0,1x+2)=0; ¢) (5x+1)(x—4)=0.

Bai 2. Giai phuong trinh (x> +1)(2x —7) = 0.

‘Dang 2. Pua phuong trinh vé phuong trinh tich’

Bai 3. Giai cac phuong trinh sau:
a)x2—4x=0; b) (x—2)(x+3) = (x—2)(2x—1);
€) 9x? — 1= (3x+1)(dx+1); d) x> —25=2(x+5).

Bai 4. Gii phuong trinh (x+2)? = (2x— 1)2.

Dang 3. Phueng trinh chita 4n 6 mau

Bai 5. Giai cac phuong trinh sau:

2x—5 1 x—3
=3; b 3= ;
a) x+5 )x—2+ 2—x
x+1 x-—1 16 X X 2x
— pr—y ; d — .
R G L B )56 T a2 GrD=3)

S . 3 1 4
Bai 6. Giai phuong trinh — +x—i—l =271

Dang 4. Bai toan thuc té

Bai 7. Hai anh An va Binh gép von kinh doanh: An gép 13 triéu dong, Binh gép 15 triéu dong. Sau mot
thdi gian, tién 13i 1a 7 triéu dong va dugc chia theo ti 1€ gép von. Tinh tién 1di mdi ngudi nhan dudc.

Bai 8. Mot ngudi di xe dap tit A dén B vé6i van toc 15 km/h, ldc vé di v6i van tdc 12 km/h. Tong thai gian
di va vé 1a 4 gid 30 phit. Tinh quing dudng AB.
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. P O URIPE BN A A D
Bai 9. Tim s0 tu nhién x sao cho khi cdng x vao ca tif va mau ctia phan so 5 hi dugc phan s0 bang 7

Bai 10. C6 200 g dung dich chita 20% mudi. Cin thém bao nhiéu gam nudc dé dudc dung dich chita 16%
mudi?

Dang 5. Bai tap nang cao]

Bai 11. Giai phuong trinh (x2 +x)° +4 (x2+x) — 12=0.
x+2 x+4 x+6+x+8

Bai 12. Giai phuong trinh
al 1a1 phuong trin 93 + 9% o4 90

6 5
x—2 x+3 6—x2—x
Bai 14. Giai phuong trinh (x+1)% — (x—1)3 =6(x> +x+1).

Bai 13. Gidi phuong trinh

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chqn]

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. Phuong trinh nao sau ddy 12 phuong trinh bac nhit mot 4n?

1
Ax*+1=0 B.0x+3=0 C.2x—1=0 D.-+2=0
X
Cau 2. Tap nghiém cta phuong trinh (x—3)(2x+4) =01a
A.{3;2} B. {3;-2} C.{-3;2} D. {-3;-2}
5 2
Cau 3. Diéu kién xdc dinh ctia phuong trinh 3 + 1= 11a
xX— X
A x#3 B.x# —1 C.x#-3;x#1 D.x#3;x#—1
Cau 4. Tap nghiém ciia phuong trinh x> —5x =0 1a
A.{0;5} B. {5} C. {0;-5} D. {-5}
Céu 5. Phuong trinh *—+ — ' ¢ nghiém I
us. ng trin = c6 nghiém la
8 x+2 x+2 St
A.x=1 B.x=-2 C. v0 nghiém D.x=2
A A o . 3 2
Cau 6. Nghiém ctia phuong trinh = a
x—1 x+1
A.x=5 B.x=-5 C.x=1 D.x=-1
Cau 7. S6 nghiém cda phuong trinh (x> +1) (x—2) =012
A.2 B.3 C.1 D.0
A . N Loxr—4 X
Cau 8. Tap nghiém cta phuong trinh ;= 01a
A.{2;-2} B. {2} C.o D. {-2}
Cau 9. Tong cdc nghiém cta phuong trinh (2x—1)(x+3) =012
5 5 7 7
A. = B. —— C. - D. ——
2 2 2 2
Cau 10. Hién nay tudi me gip 3 1an tudi con; 12 nim nita tudi me gp 2 1an tudi con. Tudi con hién nay la
A. 12 B. 10 C. 14 D. 15
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1 1 2
Cau 11. @ Nehiém ducng ctia phuong trinh + =—1a
e AP T e+ ) T G+ D(x+2) 3
1
A.xzi B.x=3 C.x=2 D.x=1

CAu 12. 8 Cin thém bao nhiéu gam nudc vao 300 g dung dich mudi 15% dé dudc dung dich mudi
10%?
A.50g B.150 g C.200 ¢ D. 100 g

[Dang 2. Trac nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho phuong trinh (x —3)(2x+5) =0.

a) x = 3 1a mot nghi€m ctia phuong trinh.

. . 1
b) ToOng c4c nghiém ctia phudng trinh bang 5
¢) Phuong trinh da cho chi c6 nghiém x = 3.

5
d) Phuong trinh c6 mét nghiém am la 5

Y | a | b c) d)
p/S

. . 2 1 x—3
Cau 14. Cho phuong trinh iy i Tl
a) Diéu kién x4c dinh 1a x # %1.

b) Khit miu ta dugc 2(x—1) — (x+1) =x—3.

¢) Phuong trinh nghiém ding v6i moi s6 thuc x.

d) x =5 1a mdt nghiém ctia phuong trinh.

Y | a | b c) d)
p/S

Cau 15. C6 200 g dung dich mudi ndng d6 10%. Can dd thém x gam nudc (x > 0) dé dudc dung dich
ndng do 8%.

a) Khdi luong mudi trong dung dich 12 20 g.
b) Khdi lugng dung dich méi 1a 200 + x (g).

Ta c¢6 phuong trinh =
¢) Ta c6 phuong trin 2001 x

d) x=50.

Y | a | b c) d)
p/S
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Cau 16. Cho phuong trinh x> —4x+3 = 0.
a) x =1 la mot nghi€ém cua phuong trinh.
b) Tap nghiém ctia phuong trinh 1a {1;3}.
¢) Phuong trinh viét duge dudi dang (x —1)(x+3) = 0.
d) Téng binh phuong cdc nghiém bing 10.

Y | a | b c) d)
p/S

Dang 3. Triic nghiém tr3 10i ngfm’

Hoc sinh tinh va ghi két qud (Ia mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.
Cau 17. Tim nghiém cta phuong trinh 5x —3 = 2x+9.
Tra loi:

Cau 18. Tinh tich cdc nghiém ctia phuong trinh (x+4)(2x—6) = 0.

Tra 10i:

x+1 _x+3
x—2 x—1

Cau 19. Tim nghiém ctia phuong trinh

Tra 10i:

Cau 20. Phuong trinh x> — 4x = 0 ¢6 bao nhiéu nghiém?
Tra loi:

Cau 21. @8 Tim nghiém ctia phuong trinh (2x—1)(x+3) = (x+3)(x —4).
Tra loi:

Cau 22. Phuong trinh (x> —4) (x4 1)(2x — 3) = 0 c6 bao nhiéu nghiém nguyén?
Tra loi:
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( MHP MATH EDUCATION N P .
TOAN 9 BOI DUONG HQC SINH TOAN 9 - KET NOI TRI THUC
CHUONG IL BAI 5. BAT PANG THUC VA TINH CHAT
PT VA BPT B?C NHAT MOT Ly thuyét trong tam — Bai tdp trén l6p — Bai tdp vé nha — Nang cao
AN Ném hoc 2026 — 2027
\_ J

| PHAN L. LY THUYET TRONG TAM

,_[ 1. Thi tu trén tap sé thuc ]

* V6i hai s6 thuc a, b bat ki, x4y ra ding mot trong ba trudng hop: a =b, a > b, a < b.

e a > b (doc 1a a 16n hon hodc bing b) nghia 1a a > b hodc a = b; tuong tu v6i a < b. Cac cach néi
thudng gip: “khong nhoé hon”, “it nhat”, “t6i thiéu” Gng véi diu >; “khong 16n hon”, “khong vuot
qua”, “tdi da” tng v6i dau <.

e So sdnh bang hiéu: @ > b khi va chi khia —b > 0; a < b khi va chikhia—b < 0.

- J

/_[ 2. Bat diing thiic }

Hé thiic dang a > b (hay a < b, a > b, a < b) goi 12 bat ding thiic; a 12 vé trai, b 1a vé phai.

. J

,_[ 3. Tinh chét ciia bat dfing thic ]

« BiccAu: néua<bvab<cthia<ec.
e Lién hé véi phép cong: néu a < b thi a+c < b+ ¢ v6i moi s6 ¢ (cdng cing mot sd vao hai vé,
dugc bat ding thic ciing chiéu).

« Lién hé véi phép nhan: néu a < b va ¢ > 0 thi ac < bc (cung chiéu); néu a < b va ¢ < 0 thi
ac > be (ddi chidu).

e Cic tinh chat trén van ding véi cdc dau >, <, >.

. J

Luu . Nhan (chia) hai vé v6i s6 4m thi phai d8i chiéu bit ding thiic. Cong tiing vé hai bit déng thic
cung chiéu dugc bat déng thiic ciing chiéu: a > b, ¢ > d thi a+c > b+ d. Bit ding thic hay dung:
A? >0 v6i moi A, ddu “="khi A = 0.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

lDang 1. Viét bat ding thiic mé ta tinh hu(‘)ng’

Phudng phap. Goi tén dai luong; dich céc cum tir: “it nhét, tdi thiéu, khong nhé hon” thanh >; “t6i
da, khong vuot qud, khong 16n hon” thanh <; “16n hon, trén” thanh >; “nhd hon, dugi” thanh <.

Bai 1. Viét bit ddng thiic phtt hdp v6i mdi trudng hop sau:
a) Ngudi l4i 6 to phdi it nhat 18 tudi.
b) Mot xe buyt chd dugc tdi da 45 ngudi.
¢) Mic luong t6i thiéu cho mot git 1am viéc 1a 20000 ddng.
d) Nhiét do trong t lanh ludn dudi 5°C.
Bai 2. Bién bdo giao thong R.306 (hinh tron nén xanh) bdo tdc dd t6i
thiéu; bién P.127 (vién dd) béo tdc dd tdi da cho phép. Trén mot doan
dudng c6 hai bién nhu hinh bén. Goi v (km/h) 1a tdc d6 ctia mot 6 td

A N 2 3 . £ 2 ., A L2 3:X N o R.306 P.127
trén doan duong do6. Viét cdc bat dang thiic mo ta di€u kién cua v.

Bai 3. Viét bit ddng thiic mo t4 mdi tinh hudéng: a) Bién bdo cau cho xe c6 khdi lugng m (tn) khong qua
10 tAn di qua; b) Vic xin dugc bdo quan & nhiét do ¢ (°C) tir 2°C dén 8°C.

Dang 2. So sanh hai s8, hai biéu thitc

Phuong phap. Xuit phdt tir bit ddng thiic da biét, 1an ludt nhan (chd y dau ctia sd nhan) rdi cong
cting mdt s6 vao hai vé dé dudc biéu thiic cin so sanh.

Bai 4. Khong thuc hién phép tinh, hay so sdnh:
a) 2-(—5)+2026 va2-(—1)+2026;
b) (=3)-(=9)+ 1969 va (=3)-(—7) + 1969;
¢) (—2)-2026+5 va (—2)-2025+5.

Bai 5. Cho a < b. Hay so sanh:

a) 4a+9 va 4b+9: b) —6a—5 va —6b — 5
b
) 2a—3va2b+1: d)S—%IVéS—E.

Bai 6. So sdanh m va n, biét:
aym+5<n+5; b) —3m > —3n; ¢)2m—12>2n—1.

Bai 7. Cho a < b. So sanh —5a+1 va —5b+ 1.

Dang 3. Chitng minh bét dfing thitc don gian|

Phudng phap. Dung céc tinh chét (bic ciu, cdng, nhan) dé di tir gia thiét dén két luan; hoic xét hiéu
hai vé€ va chiing t6 hiéu d6 mang diu can thiét.

Bai 8. Cho a > b va m > n. Chling minh ring a +m > b+ n.
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. 11
Bai 9. Cho a > b > 0. Chiing minh rang — < b
a

Bai 10. Cho a < b. Chiing minh ring 3a+5 < 3b+7.
Bai 11. Chting minh riing véi moi sd thuc a, b: (a+b)? > 4ab.

Dang 4. Bai tap nang cao

Phuong phap. Xét hiéu va dua vé tdng céc binh phucng; diing A> > 0. Tim gid tri nhd nhét (16n nhit)
9 2
ctia tam thiic bac hai bing cach tich binh phuong: x> + px+¢ = (x + g) +q— %

< b PN
Bai 12. Cho a > 0, b > 0. Chiing minh rang g + — > 2. Khi nao xay ra dau bang?
a

. b b
Bai 13. Cho a,b,c > 0. Chling minh rang at + te + c—li;a > 6.
c a
Bai 14. Chting minh riing a? 4 b* + ¢? > ab + bc + ca v6i moi s6 thuc a, b, c.
Bai 15. Tim gi4 tri nho nhét ctia A = x> — 6x+ 10 va gid tri 16n nhét ctia C = —x> +5x— 4.

. 1 1/1 1
Bai 16. Cho x > 0, y > 0. Chtng minh rang —— < — (— + —).
x+y 4\x vy

Bai 17. Chiing minh riing v6i moi s6 thuc a, b: a> +b>+ 1> ab+a+b.

B. PE TRAC NGHIEM

lDz_mg 1. Tric nghiém nhi¢u phuong 4n lua chon

Moéi cdu héi chi c6 mét phuong an ding. Céau cé nhan la cau van dung cao.

Cau 1. Trong céc céch viét sau, cdch viét nao khong phai 1a bat ding thic?

A.1<?2 B.-3>-1 C.3<b D.a=2
CAau 2. V& trdi cha bat ding thica+1 < 3 1a
A.a+1 B.a C.1 D. 3
Cau 3. Véi ba s a, b, ¢ va a > b, bat ding thiic nao sau day ding?
A.a+c>b+c B.at+c<b+c C.a—c>b+c D.a—c<b-c
Cau 4. Sip xép cic s6 V6 +/13; V/19; +/3+1/16 theo thi ty tit bé dén 16n, ta dugc
A V6+4+13; /3 +/16; V19 B. v19; V6 +/13; V/3+ /16
C.V3+16; V19; V6 + /13 D. 19; v3+/16; V6 +/13
Cau 5. Néu a > b va ¢ > d thi bit ding thic ndo sau ddy ludn ding?
b
A.‘—’>E B.ac > bd C.a—c>b—d D.atc>b+d
c

Cau 6. Bién bdo R.306 bzo tdc do t6i thiéu 60 km/h. Mot 6 to di trén doan dudng d6 véi van toc a (km/h)
thi a phai thod man

A.a <60 B.a > 60 C.a>60 D.a <60
Cau 7. Néu a — 3 < b — 3 thi bat ding thiic nao sau diy ding?

Aa+2<b+2 B.a>b C.—a<—b D.3—a<3-b

Cau 8. Cho a < b. Bit déng thtc nao sau diy ding?
A.S5a+1>5b+2 B.—a>-b C.2a+1<2b+2 D.2a—-3>2b-5
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Cau 9. Cho a > b. Bat déng thiic nao sau diy dung?

A.a+2023 < b+2024 B. -5a+2 < —-5b+3
C.—-2a>-2b D.-2a—-5>-2b-5
Cau 10. Cho a > b > 1. Khing dinh nao sau diy khéng ding?
A.-3(a—-1)<-=3(b-1) B.3(b—1)<3(a—1)
C.-3(1—a)>-3(1-0b) D. -3(a—1)>-3(b—1)
Cau 11. B8 Cho a + b = 6. Gi4 tri 16n nhét ctia ab 1a
A.6 B.9 C.12 D. 36

Cau 12. Cho a > b. Khiing dinh nao sau ddy c6 thé sai?

A.a—5>b—5 B. —3a < —3b C.a% > b? D.2a+1>2b+1

‘Dang 2. Tric nghiém diing — sail

Trong moi y a), b), c), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho a > b.

a) a+2>b+2.

b) —3a—4> -3b—4.

¢) 3a+1<3b+1.

d) Sa+3>5b+3.

Y | a) | b) ¢ | d
p/S

Cau 14. Cho a < b.
a) 2a+1<2b+5.
b) 7—3a>4-3b.
¢) a—b<O.

d) 2—3a<2-3b.

.

Y a) b) c) d)
b/S

Cau 15. Cho hai s6 thuc a, b thod man a < b.
a) a—5<b-5.
b) a* < b
¢) —3a+1>-3b+1.
1

1
d - >-.
)a>b

Y | a | b c) d)
p/S
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Cau 16. V6i moi s6 thuc a,b > 0:
a) a’>+b*>0.
b) a*+b?> = 0khi vachikhia=b=0.
¢) Néua =2, b =8 thia®>+b*> < 2ab.
d) (a+b)?>> 4ab.

Y | a) | b) ¢ | d
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét sé) vao 6 tra loi. Cau cé nhan la cau van dung cao.
Cau 17. Hai s6 thuc a, b c6 tong bing 6. Tim gid tri 16n nhit cla tich ab.
Tra loi:

Cau 18. Mot tam gidc c6 dd dai ba canh 12 1; 6; x (x 12 s6 nguyén). Tim x.

Tra 10i:

Cau19.Néu2a—1>a+2b—1thia>kb. Timk.
Tra 10i:

Cau 20. Tim gi4 tri nhd nhat ctia bidu thic x> — 4x +7.

Tra loi:

Cau 21. Tim gi4 tri nhd nhét ciia bidu thic x> — 6x + 10.

Tra loi:

2025 -2027

Cau 22. Tim s nguyén x 16n nhit thoa man x < 006

Tra loi:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Viét bat ding thiic mé ta tinh huﬁng’

Bai 1. Viét bit ding thiic phit hop v6i mdi trudng hop sau:
a) SO hoc sinh n ctia mot 16p khong qua 45.
b) Nhiét do # (°C) ctia mot phong thi nghiém t6i thiéu 1a 15°C.
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¢) Tré em cao trén 1,2 m (chiéu cao /) phai mua vé.
d) Gid mot mén qua p (nghin dong) khdng vugt qua 200 nghin dong.

Bai 2. Ban Minh mua 3 quyén v& gid x nghin ddng/quyén va mot cay biit gi4 12 nghin ddng, s6 tién khong
qué 60 nghin dong. Viét bt ding thiic biéu thi va cho biét gid mdi quyén v& tdi da bao nhiéu.

‘Dang 2. So sanh hai s6, hai biéu thli'C’

Bai 3. Khong thuc hién phép tinh, hay so sanh:

a) (=7)-13+5va (=7)-12+5; b)3-(—4)+1va3-(=5)+1.
Bai 4. Cho a > b. Hay so sanh:
a)a—Tvab-—T, b) —2a+1va —-2b+1; ¢)3a+5va3b+2.
p b
Bai 5. So sdnh a va b, biét: a)a—5>b—5; b) —g <.

Bai 6. So sanh 2025 - 2027 va 20262 ma khdng tinh truc tiép.

Dang 3. Chitng minh bit déng thitc don gié’ln]

Bai 7. Cho a < b. Chitng minh ring 2a — 5 < 2b — 3.
Bai 8. Cho a > b > 0. Chiing minh ring a® > b°.
Bai 9. Cho a > b > 0. Chting minh a® > b°.

Dang 4. Bai tap nang cao

Bai 10. Ching minh ring véi moi s thuc x, y: a) x> +y* > 2xy; b) (x+y)* <2 (x> +)?).
Bai 11. Tim gi4 tri nho nhét ctia B = x> 4+ 2x+ 5 va gi4 tri 16n nhét ctia D = —x? + 4.
s 1 1
Bai 12. Cho a > 0, b > 0. Chting minh rang (a + b) (— + E) > 4.
a

Bai 13. Cho a+ b = 2. Chting minh ab < 1.

B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. “S6 a khong nhé hon sb b7 dugc viét 1a

A.a>Db B.a<b C.a>b D.a<b
Cau 2. Cho a < b. Khing dinh nao sau diy ding?
A.a—5<b-5 B.a-5>b-5 C.—a<—-b D. 2a > 2b
Cau 3. Néu —2a > —2b thi
A.a<b B.a>b C.a=b D.a>b
Cau 4. Cho x > 2. Khéng dinh nao sau diy ding?
A3x—1<5 B.3x—1>5 C.3x—1<5 D.3x—1>5
Cau 5. Cho a > b va ¢ 1a s6 thuc bat ki. Khdng dinh nao sau ddy luon ding?
I 1
A. ac > bc B.a—c>b—c C.a*> > b? D°_<E
a
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Cau 6. Choa+3 > b+ 3. Sosdnh —4a+ 1 va —4b 41, ta dugc

A.—4a+1>—-4b+1 B. —4a+1=—-4b+1
C.—4a+1<—-4b+1 D.—4a+1>—-4b+1
Cau 7. Bién bdo tdc do t6i da cho phép 1a 40 km/h. Tdc dd v (km/h) clia xe phai thod mén
A.v <40 B.v <40 C.v>40 D.v > 40
Cau 8. Gid tri nho nhit ctia biéu thic x> —2x+3 1a
A. 1 B.3 C.2 D.0O
Cau 9. Cho a > b > 0. Khang dinh nao sau diy ding?
1 1 1 1
A —>— B.a? < b? C.—a>—b D.- <~
a b a b
Cau 10. Cho hai sb thuc a, b ¢c6 a+ b = 4. Gi4 tri 16n nhit cta ab 1a
A. 4 B.2 C.8 D. 16
Cau 11. @8 Cho x +y = 10. Gi4 tri I6n nhét ctia xy la
A. 20 B. 25 C. 50 D. 100
1
Ciu 12 EBCho 0 < a < b. So sinh A = & va B = ZL.
A.A>B B.A<B C.A=8B D. Khdng so sanh dugc

‘Dang 2. Tric nghiém diing — sail

Trong méoi y a), b), c), d), hdy chon diing (P) hodc sai (S).
Cau 13.Choa < b.

a) a+3<b+3.

b) —2a < -2b.

c) 4da—1<4b—1.

d 5—a>5-b.

Y | a | b c) d)
p/S

Cau 14. V6i x, y 1a céc sd thuc bat ki:
a) (x—y)2>0.
b) x?+y* > 2xy.
¢) Déiu “=" trong bat ding thtic x> +y* > 2xy xay ra khi x = —y.
d) (x+y)* > 4xy.

Y | a | b c) d)
p/S

Cau 15. Cho biéu thic A = x% — 6x+ 12.
a) A= (x—3)%2+3.

b) A > 3 v6i moi x.
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¢) Gid tri nho nhét ctia A bing 3, dat dudc khi x = —3.

d) A ludn nhén gié tri duong.

Y | a | b ¢) d)
p/S

Cau 16. Mot thang mdy c6 tai trong t6i da 600 kg ché 3 ngudi c6 tong khoi lugng 180 kg va x thing hang,
moi thiing ning 30 kg.

a) Diéu kién dé thang mdy khong qua tai la 180 + 30x < 600.
b) Néu ché 10 thung thi tong khdi lugng 1a 480 kg.
¢) Chd 15 thung thi thang mdy khong qua tai.

d) Chd 14 thing thi tdng khdi ludng vita diing bing tdi trong t6i da.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 10i ngfm’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Tim gi4 tri nhd nhat ctia bidu thic x> +6x + 11.

Tra loi:

Cau 18. Tim gi4 tri 16n nhét ctia biéu thiic —x? + 6x — 4.

Tra 10i:

Cau 19. Hai s6 thuc x, y ¢6 x+y = 10. Tim gi4 tri 16n nhét ca xy.

Tra 10i:

Cau 20. Mot tam gidc ¢6 d6 dai ba canh 1a 3; 8; x (x nguyén). C6 bao nhiéu gia tri cia x?

Tra 10i:

Cau 21. Tim gid tri nhd nhét ctia biéu thic x* 4+ 4x + 7.

Tra loi:

Cau 22. C6 bao nhiéu s6 nguyén x thod man —3 <2x+1 < 7?
Tra loi:

Boi dudng Todn 9 — Két néi tri thitc Trang 52/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

(" ~N
MHP MATH EDUCATION BOI DUf)NG HOC SINH TOAN 9 - KET NOI TRI THUC )
TOAN 9 BAI 6. BAT PHUONG TRINH BAC NHAT
CHUONG IL A 2 ’
PT VA BPT BAC NHAT MOT MOT AN

AN Ly thuyét trong tam — Bai tap trén 16p — Bai tdp vé nha — Nang cao

Nam hoc 2026 — 2027 )
.

| PHAN I. LY THUYET TRONG TAM

_[ 1. Khdi ni¢m |

e Bt phuong trinh dang ax + b < 0 (hodc ax+b > 0, ax+b <0, ax+b > 0), trong d6 a, b 12 hai
s6 dd cho, a # 0, goi 1a bat phuong trinh bac nhit mét dn x.

* S6 xp 12 mdt nghiém cta bat phuong trinh A(x) < B(x) néu A(xg) < B(xo) 12 khéng dinh ddng.
Giai bat phuong trinh 1a tim tit c4 cdc nghiém cua no.

- J

/_[ 2. Cach giai bat phuong trinh bac nhit mét an }

« Chuyén vé: chuyén mot hang tit tit v& nay sang vé kia va d6i ddu hang tir do.
« Nhén (chia) hai vé v6i cing mot s6 khéc 0: giit nguyén chiu néu sé d6 duong; ddi chiéu néu sd
do am.

. b b
e Véiax+b<0:tacdax< —b;néua >0thix< ——;nfua<0thix>——.
a a

Luu y. Loi thudng gip: quén dbi chiu khi chia cho s6 4m. Céc bat phuong trinh ¢ ngoic, c6 miu s6
(12 hiing s8) hay c6 hang tii x? triét tiéu dugc déu dua dugc vé dang bic nhét. Bai toan thuc té thudng
héi nghiém nguyén 16n nhit/nho nhat: gidi xong phai chon gia tri phtt hgp diéu kién.

PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Nhan biét bat phuong trinh bac nhit mot 4n. Kiém tra nghiém

Phuong phap. Kiém tra dang ax+b < 0 (hodc >, <, >) vdi a # 0. Thay x = x( vao hai vé: néu dudc
khéng dinh ding thi xo 1a nghiém.

Bai 1. Trong c4c bat phuong trinh sau, bat phuong trinh nao 1a bat phuong trinh bic nhit mot 4n?
a) Ox < 0; b) 3x < 0; 0)x>+1>0; d) —x+1<0;
e)a—+2023 > 0; f) Ox—5<0; g)5x—7<0; h)x2+1<0.
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Bai 2. Kiém tra xem x = —1 ¢6 1a nghiém ctia mdi bat phuong trinh sau hay khong:
a)3x—7>2x+1; b) —3x—1>x+1;
¢)7—3x<2—5x; d)5(x—2)>3x—1.

Bai 3. Tim m d€ (m — 2)x+ 5 > 0 1a bit phuong trinh bac nhat mot an.

Dang 2. Giai bit phudng trinh bic nhat mét ﬁn’

Phudng phap. Chuyén céc hang tif chita 4n sang mot vé, hiing s6 sang vé kia; thu gon vé ax < ¢ (hoic
>, <, >); chia hai vé cho a, ddi chiéu néu a < 0.

Bai 4. Giai c4c bat phuong trinh sau:

a)x—5>7; b) x —2x < 8 — 4x; ¢) —4x < —3x+1;
d) 14— 5> —3x+9; e) 3(2,2—0,3x) < 2,6+ (0,1x —4).
Bai 5. Giai cdc bat phuong trinh sau:
a) (x—1)2 <x(x+3); b) (x—2)(x+2) > x(x—4);
o) (2x+1)(x—3)—(x+2)(2x—5) <7, d) 2x(3x+5) — (x+2)(6x—1) < 33.
Bai 6. Giai c4c bat phuong trinh sau:
2x  2x—1 X x—3 1—2x
= >q4_Z. _ .
T b) 5 <b-
o x+1 +3(2x+1) - 2x+3(x+1) +7+12x
3 4 6 12

Bai 7. Gidi bat phuong trinh 3(x —2) —4 < 5x+ 2.

lDang 3. Tim x thoa mén diéu kién. Nghiém nguyén]

Phuong phap. Dién dat yéu cau thanh bat phuong trinh (“duong” 1a > 0, “khong nho hon” 1a >, ...),
gidi roi chon cdc gid tri nguyén thoa man.

Bai 8. Tim x sao cho:

a) gia tri ctia biéu thiic —2x+ 7 12 s6 duong;

b) gid tri clia biéu thiic x 4 3 nhd hon gi4 tri cla biéu thic 5 — 4x;

¢) gid tri ctia biéu thtic 3x 4 1 khong nhé hon gid tri ciia biéu thic x — 3;

d) gid tri cia bidu thiic x> — 1 khong 16n hon gid tri ctia bidu thiic x> 4 2x — 4.
2x+4  4x—7 - 2x—5 2x—1

3 18 9 15
Bai 10. Tim céc s6 nguyén x thoa man dong thdi hai bat phuong trinh 15x — 4 > 8 va 7 — 6x > —20.

Bai 9. Tim nghiém nguyén 4m nho nhét cta bat phuong trinh

Bai 11. Tim cédc nghiém nguyén duong ciia bat phuong trinh 5(x — 1) < 2x+7.

Dang 4. Bai toan thuc té

Phuong phap. Goi an, dit diéu kién (thudng 12 sd tu nhién); 1ap bat phuong trinh tif cdc cum “khdng

£%% ¢

VUGt qud”, “it nhat”, ...; gidi va chon gid tri I6n nhat/nhd nhit pha hop.

Bai 12. Ban An c¢6 90 nghin dong. An muén mua mdt bo thude gid 15 nghin dong va mot sd quyén vd,
mdi quyén gia 8 nghin ddong. Héi An mua dugc nhiéu nhit bao nhiéu quyén v?
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Bai 13. Trong cudc thi “Hoc vui — Vui hoc”, mdi thi sinh trd 15i 10 cAu hoi; mdi cau ding dugc 10 diém,
mdi ciu sai bi trir 5 diém. Ban t6 chic ting mdi thi sinh 10 di€ém ban diu; thi sinh can dat it nhat 60 diém
dé vao vong sau. Hoéi phéi trd 16i ding it nhit bao nhiéu cau?

15m
Bai 14. Mot manh vudn hinh thang cé ddy nhd 15 m, ddy 16n
25 m, chidu cao 18 m. Bdc LAm lam mot 16i di hinh binh hanh =
c6 canh ddy x (m) va chiéu cao 18 m nhu hinh bén (0 < x < 15). 18 m &
Biét dién tich phin dat con lai khong dudi 270 m?. Tim gi4 tri
16n nhit cia x.

25 m

Bai 15. Bac Ngoc gui tiét kiém ki han 12 thang véi 13i suat 7,2%/nim. Bac mudn sau 12 thang nhan dugc
it nhat 21440000 dong (ca gdc 1an 13i). Hoi bac phai gti it nhit bao nhiéu tién?

Bai 16. Gi4 cudc taxi 1a 15 nghin dong cho km dau tién va 12 nghin dong cho mdi km tiép theo. Vi 150
nghin dong, hanh khach di dugc t6i da bao nhiéu ki-16-mét?

Dang 5. Bai tap nang cao]

Phuong phap. Cong (trir) cing mot s6 vao mdi phan thiic dé xuat hién nhan tif chung, chi y dau cta
thira s6 con lai. Véi bt phuong trinh chita tham s6 dang Ax > B: xétA > 0,A < 0,A = 0.

) x—1 x-2 _x-3 x—4
Bai 17. Giai ba 1 2 ’
ai 17. Gidi bat phuong trinh 5075 + 5655 = 2021 T 2020

Bai 18. Cho bat phuong trinh (m+ 2)x +m? — 4 < 0 (m 1a tham sd).
a) Tim m dé day 1a bat phuong trinh bic nhit mot an.

b) Gidi bat phuong trinh khi m = 1.
Bai 19. Giéi va bién luan bat phuong trinh mx + 1 > x + m theo tham s6 m.
Bai 20. Tong chi phi ctia mot doanh nghiép sén xuét 40 s6 mi 1a 410 triéu dong/thdng; gid ban mdi 4o 1a
350 nghin dong. Hai trung binh mdi thdng doanh nghiép phai ban it nhit bao nhiéu 4o dé 1di nhun sau
mot nidm it nhét 13 1,38 tf dong?

Bai 21. Tim m dé bat phuong trinh 2x — m > 3 ¢6 tp nghiém la x > 4.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chon

Moi cdu héi chi cé6 mot phuong an diing. Céau ¢é nhan la cau van dung cao.

Cau 1. Gia tri x = 3 12 mOt nghiém ctia bat phuong trinh ndo sau day?

A 2x? <5+4x B. —4x+7>—1—x
C.3x—8> —Tx D.5—-3x< —4x+2
Cau 2. Bit phuong trinh nao sau ddy 1a bat phuong trinh bac nhit mot 4n?
A.6x>12—x B.y<3x—4 C.x>—4x+5>0 D.%x+)7—c<6
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Cau 3. Hé s6 a, b cta bat phuong trinh bac nhit mot an 6x —23 > 0 1a

A.a=6;b=-23 B.a=6;b=23
C.a=-23;b=6 D.a=23;b=—-6
Cau 4. V6i gi4 tri ndo cha x thi biéu thiic 4x+ 1 nhan gi4 tri Am?
A.x:—;1 B.x>—}1 C.x<}1 D.x<—;1
Cau 5. Gi4 tri x = 2 1a nghiém ctia bit phuong trinh nao sau day?
A T7T—x<2x B.2x+3>9
C.—-4x>x+5 D.5—x>6x—12

Cau 6. Gi4 tri ciia m dé bit phuong trinh (m + 2)x 4 m? — 4 < 0 12 bit phuong trinh bac nhit mot 4n 1a
Am#2 B.m# -2 C.m=%2 D.m# £2

7 <

Cau7.x < —3 la tdp nghi€ém cuia bat phuong trinh nao sau day?

A.—5x+22>-5 B. —-5x+2>5 C.-5x-2>5 D. -5x—-2<5
Cau 8. Tap nghiém cta bat phuong trinh 2x —6 > 0 1a

A.x<3 B.x> -3 C.x>3 D.x< -3
Cau 9. Ban An ¢6 200000 ddng, mua mdt cay thudc gid 6000 ddong va x quyén v& gid 9000 ddng/quyén
(x € N*). Bat phuong trinh ma x phai thod man la

A. 6000x + 9000 > 200000 B. 9000x + 6000 > 200000

C. 6000x + 9000 < 200000 D. 9000x + 6000 < 200000
Cau 10. Bai thi gdm 20 ciu; mdi cau ding dudc 5 diém, mdi ciu sai bi trit 2 diém, cau khong 1am dugc
0 diém. Ban Thuy 1am 19 cu va dat hon 62 diém. S6 cu ding tdi thiéu ctia Thuy 1a

A. 15 B. 16 C.14 D. 13
Cau 11. S6 nghiém nguyén duong ciia bat phuong trinh 4(x —2) < x+7 1a

A.5 B.4 C.3 D. 6
Cau 12. B8 Bat phuong trinh 3x —m > 6 ¢6 tip nghiém x > 4 khi

A.m=4 B.m=6 C.m=-6 D.m=2

lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Mbi khang dinh sau ding hay sai?
a) Bt phuong trinh —3x < 5 — 2x ¢6 nghiém 1a x < —5.

. 1
b) Nghiém ctia bat phuong trinh 2+5x > —1 —xlax > —5

1 3 7

¢) Nghiém cta bat phuong trinh 7% + 4_1 —x—llax<— 6
2 14

d) Bat phuong trinh —2x+ = 3 < —x—4 c6 nghiém la x > 3

Y | a | b c) d)
/S
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Cau 14. Ban Huyén c6 30000 dong, muén mua 1 chiéc bit gid 8000 dong va x quyén vé gid 3000
dong/quyén.

a) Bt phuong trinh biéu thi s6 v& Huyén c6 thé mua la 8000 + 3000x < 30000.
b) Giai bt phuong trinh trén ta dudc x < 6.
¢) Huyén c6 thé mua dugc t6i da 8 quyén vd.

d) Huyén mua dudc 1 chiéc biit va tdi da 7 quyén v4.

Y | a | b c) d)
p/S

Cau 15. Mot thang may ché dudc tdi da 710 kg can ché mot ciy dan piano niing 260 kg va thém x ngudi,
modi ngudi ndng khoang 60 kg.

a) Ngoai dan piano, thang may chd thém dudc tdi da 450 kg.
b) Bat phuong trinh 60x + 260 > 710 biéu thi s& ngudi thang mdy c6 thé chg thém.
¢) Gia tri cta x 16n hon 10.

d) Thang mady chd thém dudc t6i da 7 ngudi.

Y | a | b c) d)
/S

Cau 16. Hop gidy loai I c6 chiéu rong x cm, chiéu dai x +9 cm, chiéu cao 18 cm; hop loai II ¢6 chiéu
rong 10 cm, chiéu dai 15 cm, chiéu cao x+ 1 cm (x > 0). Tong dién tich xung quanh ctia 25 hop loai I
hon tdng dién tich xung quanh ctia 20 hdp loai IT khong dudi 175 dm?.

a) Chiéu dai ctia hop loai IT1a 15 cm.
b) Dién tich xung quanh ctia mot hop loai IT 1a 1000(x + 1) cm?.
¢) Ta c6 bat phuong trinh 25(72x+324) —20-50(x+ 1) > 17500.

d) Gi4 tri 16n nhit ctia x 12 13.

Y | a) | b) ¢) d)
p/S

Dang 3. Tric nghiém tra 16i ngfln’

Hoc sinh tinh va ghi két qud (la mot s6) vao 6 trd loi. Cdu c6 nhan la cau van dung cao.

. 9 11 ) .
Cau 17. Trong cic sd —2;0; 5; 5; > c6 bao nhiéu s0 1a nghiém ctia bat phuong trinh 2x — 10 < 0?

Tra 10i:

Cau 18. Tim s nguyén 16n nhit thod man bit phuong trinh 9 — 5x > 1,5.
Tra loi:
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Cau 19. C6 bao nhiéu s6 nguyén x thoa min ca hai bat phuong trinh 2x — 1 < 14 —x va (2x —3)? <
x(4x—1)+3?

Tra 10i:

Cau 20. Nghiém ctia bat phuong trinh x(x —2) +x < (x—1)? lax < a. Tim a.
Tra loi:

Cau 21. Taxi tinh 15 nghin ddng cho km dau va 13 nghin ddong cho mdi km tié€p theo. V&i 200 nghin
dong, di dudc t6i da bao nhiéu km nguyén?

Tra loi:

Cau 22. Tim nghiém nguyén 16n nhét ciia bat phuong trinh (x —3)(x+ 1) > x> — 7.

Tra loi:

PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Nhan biét bat phuong trinh bac nhit mot an. Kiém tra nghiém

Bai 1. Trong céc bat phuong trinh 2x —3 < 0; 0x+5 > 0; x> —1>0; —0,5x < 4, bat phuong trinh nao
12 bat phuong trinh bac nhat mdt 4n? V6i mdi bat phuong trinh d6, x = 2 c6 1a nghiém khong?
Bai 2. Kiém tra xem x = 3 ¢6 12 nghiém ctia mdi bat phuong trinh sau hay khong:

a)2x+1>25; b)4—x>2; ¢)Sx—7<3x+1.

Bai 3. Kiém tra x = —2 c6 la nghiém ctia bat phuong trinh 3x 47 < 2x + 4 hay khong.

Dang 2. Giai bat phuong trinh bac nhit mot 4n

Bai 4. Giai c4c bat phuong trinh sau:

a)3x+2>8; b) —2x+5 < 11; ) 4x—7<2x+3; d)0,5x—1>1,5x+2.
Bai 5. Giai cdc bat phuong trinh sau:
a)2(x—3)+5>3(x+1); b) (x+2)? —x(x—1) < 9;
x—1 x+1 2x+1 x—4
— <lI; — 2.
O 3 =h Y73 7
x—1 2x+1

Bai 6. Giai bat phuong trinh > 1.

3 2

‘Dz_lng 3. Tim x thoa min diéu kién. Nghiém nguyén]

.o sz o A A o oo X
Bai 7. Tim x sao cho: a) gid tri cia 5 — 2x khong am; b) gid tri cia

khong 16n hon gid tri ctia

2x+1
5
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Bai 8. Tim cédc nghiém nguyén duong ctia bat phuong trinh 3(x —2) < x+4.

2x—3 1
* khong nhé hon gid tri cia B = )HB— .

Bai 9. Tim x dé gid tri cla A =

Dang 4. Bai toan thuc té

Bai 10. Ban Thanh ¢6 100 nghin dong, mudén mua mdt c4i but gid 18 nghin ddng va mot sd quyén vé gid
7 nghin dong/quyén. Hoi Thanh mua dugc nhiéu nhit bao nhiéu quyén vi?

Bai 11. Gi4 cudc taxi gdom 15 nghin dong tién md ctia va 12 nghin dong cho mdi ki-16-mét. Mot hanh
khéch c6 200 nghin dong thi di dudc t6i da bao nhiéu ki-16-mét (sd nguyén)?

Bai 12. Ban An c¢6 diém hai bai kiém tra 1a 7 va 8. Bai thi ba can dat it nhat bao nhiéu diém dé diém
trung binh ba bai khong dudi 87

Dang 5. Bai tap nang cao

) x+1 x+2 x+3 x+4
Bai 13. Giai bat phuong trinh < :

al 1a1 bat phuong trin 99 + 08 = o7 + 9%
Bai 14. Gidi va bién ludn bat phuong trinh (m —2)x > m — 2 theo tham s6 m.

Bai 15. Giai bat phuong trinh (x — 3)(x+2) > x>+ 1.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chqn’

Moéi cdu héi chi cé mot phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Bat phuong trinh nao sau dy 1a bit phuong trinh bac nhat mot an?

1
Ax?>1 B.2x+3<0 C.0x+2<0 D.->2
x
Cau 2. Gid tri x = —2 1a nghiém cia bat phuong trinh nao sau day?
A.—x+3>4 B.3x+1>0 C.2x>0 D.x+5<0
Cau 3. Tap nghiém ctia bat phuong trinh 2x —4 > 0 1a
Ax<2 B.x>2 C.x>-2 D.x< -2
Cau 4. Tap nghiém ctia bat phuong trinh —3x+6 >0 1a
A.x>2 B.x<-2 C.x<2 D.x> -2
Cau 5. Nghiém ctia bat phuong trinh 5 —2x < x+ 11 1a
Ax <=2 B.x>2 C.x<2 D.x> -2
Cau 6. S6 nguyén nho nhat thoa man bit phuong trinh 3x—7 > 5 1a
A. 4 B.5 C.6 D.3
Cau 7. S6 nghiém nguyén ducng ctia bt phuong trinh 2x — 1 < 7 1a
A.3 B.5 C.4 D. Vo sd
Cau 8. Biéu thtc 3x — 6 nhan gid tri khong am khi
A.x>2 B.x>2 C.x<2 D.x<?2

Cau 9. Ban Mai ¢6 50 nghin dong, mua mot chiéc thude gid 5 nghin dong va mot sb chiéc bit gid 7 nghin
dong/chiéc. Mai mua dugc nhiéu nhit bao nhiéu chiéc but?
A.5 B.6 C.7 D. 8
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Cau 10. Mot thang mdy ché tdi da 500 kg dang ché 120 kg hang. Mdi ngudi ning khoéng 70 kg. Thang
mdy chd thém dugc nhiéu nhit bao nhiéu ngudi?

A.5 B.6 C.4 D.7
Cau 11. SO nguyén nho nhat thod man 3(x—1) > x+41a
A.7 B.3 C.5 D. 4
Cau 12. B8 Bat phuong trinh 5x — 2m < 1 ¢6 tap nghiém x < 3 khi
A.m=38 B.m=3 C.m=17 D.m=-7

lDang 2. Tric nghiém ding — sail

Trong méi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho bét phuong trinh 3x — 6 < 0.
a) DAy la bat phuong trinh bac nhat mot an véi a = 3, b = —6.
b) x = 11a mot nghiém ctia bat phuong trinh.
¢) Tap nghiém ctia bit phuong trinh 1a x > 2.
d) Bat phuong trinh c6 2 nghiém nguyén duong.

Y | a) | b) ¢) d)
p/S

Cau 14. Cho bit phuong trinh —2x+5 > 1.
a) Chuyén vé ta dudc —2x > —4.
b) Chia hai vé cho —2 ta dugdc x > 2.
¢) x =2 1a mdt nghiém ctia bit phuong trinh.

d) Nghiém nguyén 16n nhét ctia bat phuong trinh 1a 2.

Y | a | b c) d)
p/S

Cau 15. Ban Mai ¢6 100 nghin dong, da mua mot hop bit gid 16 nghin dong; s6 tién con lai ding mua
v3 gid 12 nghin dong/quyén. Goi x 12 s6 vé Mai mua.

a) Ta c6 bit phuong trinh 16 + 12x < 100.
b) x <7.
¢) Mai mua dudc 8 quyén vé.

d) Néu gid v& gidm con 10 nghin ddng/quyén thi Mai mua dugc t5i da 8 quyén.

Y | a | b c) d)
p/S

Cau 16. Mot bai thi c6 20 cau; mdi cau ding dudc 5 diém, mdi ciu sai bi trir 1 diém. Ban Binh lam hét
céc cau va mudn dat it nhat 70 diém. Goi x 12 s6 cau ding.

a) SO cau sai 1a 20 — x.
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b) Ta c6 bat phuong trinh 5x — (20 — x) > 70.
¢) Binh cén trd 15i ddng it nhit 16 cu.

d) Néu trd 16i ding 15 cau thi Binh dat ddng 70 di€ém.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.

Cau 17. Tim s6 nguyén 16n nhét thod man bat phuong trinh 2x+3 < 11.

Tra 10i:

x+1 2x—1

Cau 18. Tim nghiém nguyén nhé nhit ctia bt phuong trinh 7 <3

Tra loi:

Cau 19. C6 bao nhiéu s6 nguyén x thod man dong thdix—3 <2x+1va3x—5<7?

Tra 10i:

Cau 20. Mot ban c6 120 nghin ddng, mua mot hop mau gia 30 nghin ddng va mot sd quyén vé gid 9 nghin
ddng/quyén. Ban dé mua dudc nhiéu nhét bao nhiéu quyén v&?

Tra loi:

Cau 21. E® Diém hai bai kiém tra 1a 6,5 va 8. Bai thi ba cn it nhit bao nhiéu diém d€ trung binh ba
bai khong duéi 7,57
Tra loi:

2x—1

Cau 22. C6 bao nhiéu s6 nguyén x thod man —1 < <3?

Tra 10i:
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[ MHP MATH EDUCATION . BOI DIi()NG HOC SINH TOAN 9- Kﬁz NOI TRI TI’{UC R )
TOAN 9 BAI 7. CAN BAC HAI VA CAN THUC BAC
CHUONG IIL HAI

CANBAC HAIVA CANBACBA 15 thyvét trong tdm — Bai tdp trén 1dp — Bai tdp vé nha — Néng cao
Ndm hoc 2026 — 2027

| PHAN I. LY THUYET TRONG TAM

_[ 1. Ciin bic hai |

« Cin bAc hai ctia sd thuc khong 4m a 12 sd thuc x sao cho x> = a.

* S6 Am khong c6 cin bac hai; s6 0 ¢6 diing mot cin bac hai 1a 0; sd duong a c6 diing hai cin bac
hai d6i nhau 12 \/a (céin béc hai s6 hoc ciia a) va —/a.

e Véia>0: \/a>0va(ya) =a V6i0<a<bthia<b.

- J

f[ 2. Cin thiic bac hai ]

« Cin thtc bac hai 1a biéu thiic dang /A, trong d6 A 12 mét biéu thic dai s6 (biéu thic 14y cin).
* /A xdc dinh khi A > 0; diéu kién A > 0 goi 12 diéu kién xdc dinh ctia v/A.

A néuA>0

e V6i moi biéu thiic A: VAZ = |A| = { L e A0

Luu y. Phan biét “cdn bac hai ctia a” (g0m ++/a) véi “cin bac hai sd hoc cta a” (chi 1a \/a > 0). Khi
< . . < < s 1
b6 dau cin VA phéi viét |A| roi xét diu ctia A. Mot s6 diu kién hay gdp: —= xdc dinh khi A > 0;

VA

A . .
\/; vGi A 1a hang s6 duong xdc dinh khi B > 0.

| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Tim céin bc hai. So sénh|

Phuong phap. Tim +/a r0i suy ra hai cin bac hai +,/a. So sdnh: viét s6 nguyén dudi dang cin
(3 =+/9) rdi ding: 0 < a < b thi \/a < /b.

Bai 1. Tim cdc cin béc hai ctia mdi sd sau:

a) 121; b) 0,25; c) 2;

2\ 2
d) (—g) ; e)7.

Boi dudng Todn 9 — Két néi tri thitc Trang 63/171




@ MHP MATH EDUCATION Zalo: 0972 234 612

Bai 2. So sanh:
a) 3 va V10; b) 7 va v/50; o) 1+v2va2; d) V151 va 3.

121
Bai 3. Tim céc cén bac hai ctia 0,49 va cua 16

‘Dz_mg 2. Piéu kién xic dinh ctia cin thifc bac hai’

1 . -
Phuong phap. /A xdc dinh khi A > 0; —= xdc dinh khi A > 0; ——— cén thém mAu khac 0;

VA ‘ " VAEB
1/%(m>0)xécdinhkhiB>0,(m<0)khiB<0.

Bai 4. Tim diéu kién xdc dinh clia mdi biéu thic sau:

a) /5 —2x; b) . ) x-n d) e
’ V=1’ Vx=3’ 24+/x

4 ) I
V25 —x2%; : —_— h),/—— .
¢) o D\ o3 LY I\ 2 a4

Bai 5. Tim diéu kién xac dinh cia v/5 — 2x.

‘Dang 3. Riit gon biéu thitc dang VA2 ’

Phuong phap. Dung VA2 = |A[; xét ddu A (dva vao diéu kién cho trudc hodc so sdnh) dé bo dau gid
tri tuyét ddi. Véi biéu thiic dang m +2./n, tim céch viét thanh binh phuong <\/5 +vb ) .

Bai 6. Riit gon céc biéu thiic sau:

a) (1—ﬁ)2; b) (4—\/ﬁ)z+¢1_5;
c)\/ +\/ 1-v3 d) /49 — 12v/5 — /49 + 12+/5.

Bai 7. Riit gon céc biéu thiic sau:
2
a) (a—\/§> v6i a > 3;

b) Va® véia < 0;
VoOxZ+12x+4 2
B= Gi —-=3
©) w2 V073

d) Va2 —10x+25— (x—2) v6ix < 5.

Bai 8. Tinh |/ (2 —+/5)2.

[Dang 4. Tim x]

Phu'dngphép.xzza(aZO)chox::t\/c_z; VA =m (m>0)choA=m?, VA2 =m (m > 0) cho
|A| =m, tic A = tm.

Bai 9. Tim x, biét:

a) x> =5; b) /x = 3; ¢)Vrx—1=2; d) /(x—2)2=3.
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Bai 10. Tim x, biét /2x — 1 = 3.

IDang 5. Bai to4n thuc t’é‘]

Phuong phap. Thay cdc gid tri di biét vao cong thiic, dua vé& dang x*> = a hoic tinh truc tiép gid tri
cén; chi y dai lugng phai ducng va lam tron theo yéu cau.

Bai 11. Mot vat roi tu do tit dd cao 80 m so v6i mit dit. Quing dudng vat
rdi dudc (mét) cho bdi cong thidc 7 = 5¢%, v6i ¢ 1a thdi gian roi (gidy). Hoi
sau bao 1au vat cham dit?

80 m

<----------®

Bai 12. Hinh A 13 hinh vuong canh 3 cm bi cit di mot hinh S
vudng nhé canh /2 cm & géc; hinh vudng B c6 dién tich 3em ‘ B
bing dién tich hinh A. Tinh do dai canh x ctia hinh vuong A

B.

X cm

Bai 13. Tdc do tdi da cho phép v (m/s) khi 6 tO di qua doan dudng cong dugc tinh bsi cong thic v = | /rgu,
trong d6 r (m) 12 ban kinh cung duding, g = 9,8 m/s?, u = 0,12 12 hé s6 ma sat. Tinh v khi r = 400 m (lam
tron dén hang phan mudi).

Bai 14. Chu ki dao dong (gidy) ctia mot con Iic don c¢6 chiéu dai [ (m) dudc tinh x4p xi bdi T = 2+/1. Tinh
chu ki khi / = 1,44 m va tim chiéu dai day dé chu ki bing 3 giay.

[Dang 6. Bai tap nang cao]

Phuong phép. Bién ddi biéu thic dusi ddu cin vé dang (...)% + k dé tim gi4 tri nhd nhét; v6i phuong
trinh VA2 =Bthican B> 0vaA = +B.

Bai 15. Tinh A = \/4— 23 — /4 +2/3.
Bai 16. Tim gi4 tri nho nhat cda bicu thiic P = vx* — 2x + 5.
Bai 17. Gidi phuong trinh v/ X2 —6x+9=2x-3.

Bai 18. Tinh \/4 — 2+/3.
B. PE TRAC NGHIEM

lDang 1. Tric nghiém nhiéu phuong 4n lua chon

MOoi cdu héi chi cé6 mot phuong an diing. Cdu c6 nhan la cau van dung cao.

Cau 1. Cin bAc hai s6 hoc ctia 5 12

A. V5 B. —/5 C.25 D.\/5

CAau 2. Cin bac hai s6 hoc ctia 196 1a

A. 14 B.—-14 C.t14 D.v14
Cau 3. S nao sau dy 1a cin bac hai s6 hoc ctia 0,36?

A. —0,6 B. 0,6 C.09 D. —0,18
Cau 4. Can bac hai cua 9 1a

A.3 B.V3 C.3va -3 D. -3
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Cau 5. S6 9 1a cin bac hai s6 hoc cia sd ndo?
A. 81 B.3 C.3va-3

Cau 6. Gid trj cita biéu thic 1/ (1 —v/3)” 1a

A —1-+3 B.1-3 C.v/3-1
Cau 7. Biéu thiic v/x — 3 x4c dinh khi
A.x<3 B.x<3 C.x<0
Cau 8. biéu kién xdc dinh ctia biéu thic v/1 —2x 1a
1 1 1
. — X< < . —
A.x < > B.x< > C.x> >
Cau 9. Biéu thiic xac dinh khi
—X
A.x<5 B.x>5 C.x>5

Cau 10. Rit gon biéu thiic vV49x2 + 3x v6i x < 0, ta dugc
A. 4x B. —4x C.—-10x

Cau 11. Gid tri cta biéu thiic /7 —4v3 ++/3 1a
A.2 B.2V3 C.4

D. 81 va —81

D.x<5

D. 10x

D.2-2V3

Cau 12. S6 gi4 tri nguyén cla x dé bicu thic v/5 — x+ v/x + 2 xdc dinh 1a

A.6 B.7 C.8

[Dang 2. Trac nghiém diing — sai’

Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).
Cau 13. Cho biéu thic A = /x—2+ /6 —x.

a) Diéu kién x4dc dinhctaAla2 <x<6.

b) Taix=2thiAd=2.

¢) Taix=3thiA=1++3.

d) Biéu thiic A xé4c dinh tai x = 7.

Y | a | b c) d)
p/S

Céu 14. Cho biéu thiic A = v/16 — 8x+x2 —x — 4.
a) Diéu kién x4c dinh ctia A 1a x > 0.
b) Véix <4, rit gon ta dugc A = —2x — 8.
¢) V6i x > 4, rat gon ta dugc A = —8.

d) Giatricia A taix=21a —4.

Y | a | b c) d)
/S

D.9
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Cau 15. Xét bidu thite |/ (2-5) "
@ \/(2-V5) =2- V5.
b (/(2-v5) =v5-2.
0 \/(2—ﬁ)2+\/(2+\/§)2=2¢§.

2
d) 4/ (2— \G) 13 mot s6 hitu €.

Y | a | b c) d)
p/S

Cau 16. Quang dudng S (m) mot vat roi tu do dudc trong ¢ (gidy) 1a S = 4,9¢%.

S
a) Thoi gian roi dugc quang dudng Slat = 19

b) Vat dugc tha tit dd cao 122,5 m thi sau 5 gidy cham dat.
¢) Vat dugc tha tir do cao 19,6 m thi sau 2 gidy cham dét.

d) Néu dd cao ting 4 1an thi thdi gian roi ting 4 1an.

Y | a | b ¢) d)
/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot s6) vao 6 tra loi. Cdu c6 nhan la cau van dung cao.
Cau 17. C6 bao nhiéu sd nguyén x dé biéu thic /5 — x +v/x+ 1 xéc dinh?
Tra loi:

Cau 18. Tinh \/ (v7 = 3)> + /7.

Tra loi:

Cau 19. Tim x, biét v/2x—1 = 3.
Tra loi:

Cau 20. Rit gon biéu thiic v x2 — 10x + 25 +x véi x < 5.
Tra loi:
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Cau 21. B8 Tim gi4 tri nho nhét ca vx2 — 6x + 25.
Tra loi:

CAu 22. B8 Tinh tong céc gid tri cha x thod man 1/ (2x—1)2 = 5.
Tra loi:

PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dz_mg 1. Tim cén bac hai. So sénh]

25
Bai 1. Tim céc can bac hai cua: 64; 0,09; E; 11.
Bai 2. So sdnh: a) 6 vav/35; b)2vav3+1; ¢) VIl —-3val.

Bai 3. So sdnh: a) 7 va v/50; b) 2v/3 va 3v/2.

[Dz_mg 2. Piéu kién xic dinh ctia cin thifc bac hai’

Bai 4. Tim diéu kién x4c dinh ctia mdi biéu thiic sau:

1
a) /3x—6; b) v/ —5x; c) I ;
—X
E VX
d) vVxZ+1; —_— .
) Vs + 1 e) T2 f) =2
. /3
Bai 5. Tim diéu kién xac dinh ctia 5 vacta vVxZ+1.
x_
Dang 3. Riit gon biéu thiic dang /A2 ’
Bai 6. Rut gon:
2 2
@1/ (3-v5): b/ (VZ-V3) 4 VE:
) V9 —4/5; d) V7 +4/3 - V743,

Bai 7. Rt gon: a) 2va? — 5a véia < 0; b) 3
x —

Bai 8. Riit gon vxZ — 6x+9 v6i x < 3.

Dang 4. Tim xl

Bai 9. Tim x, biét: a) x> =7; b) Vx+2=5; ¢) /(2x—1)2 =3.
Bai 10. Tim x, biét \/(x — 1)2 = 4.

2
VX089 s 3 o) VI
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[Dz_mg 5. Bai to4n thuc té’

Bai 11. Van toc v (m/s) ctia mdt vt rai tu do khi cham dat tir 46 cao i (m) 1a v = \/2gh véi g = 9,8 m/s>.
Tinh v khi & = 20 m (lam tron dén hang phin mudi).

Bai 12. Mot manh dét hinh vudng c6 dién tich 50 m?. Tinh do dai canh ctia manh dit (Iam tron dén hang
phan trim).

Bai 13. Mot tim kinh hinh vudng c6 dién tich 1,21 m?. Tinh chu vi tim kinh.

‘Dang 6. Bai tip nang cao

Bai 14. Tim gi4 tri nhd nhét cia Q = vx2 +4x + 13.
Bai 15. Giai phuong trinh v/x2 —4x+4 =4 —x.
Bai 16. Tim gi4 tri 16n nhit ctia v/8 + 2x — x2.

B. PE TRAC NGHIEM

[Dz_mg 1. Tric nghiém nhiéu phuong 4n lua ch(_)n’

Moéi cdu héi chi c6 mét phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Cin bAc hai s6 hoc ctia 10 1a

A. V10 B. —v/10 C.£/10 D. 100
Cau 2. S6 81 ¢6 céc cin bac hai 1a

A. -9 B. +81 C.9 D.9va -9
Cau 3. S6 6 1a cidn bac hai s hoc ctia

A.3 B. 36 C. 136 D. 12
Cau 4. Biéu thic v/2x — 1 x4c dinh khi

1 1 1 1

A.X<§ B.XSE C.xzi D.X>§
Cau 5. Diéu kién xdc dinh ctia /125 — 5x 1a

A.x <25 B.x>25 C.x<15 D.x>0

. 2
Cau 6. Biéu thic 0 g xac dinh khi
x —
A.x>5 B.x<5 C.x<5 D.x>5
A <X N 4 . . 25 —x R

Cau 7. Di€u kién xdc dinh cta 4/ 2006 l1a

A.x>25 B.x <25 C.x<?25 D.x>25

P
Cau 8. Rut gon {/ — véi a < 0, ta dugc
a

A.a B. a* C.—a D. +a
Cau 9. Gid i cia \/ (2— v3)" —1/(1-v3)" Ia

A.3-2V3 B. 1 C.2V3 D.2

2 2

Cau 10. Gi tri ciia (2 n \/5) n (2 _ \/5) Ia

A.4 B.2V5 C.4+2V5 D.4-2V5
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Cau 11. @9 Gi4 tri ctia /6 —2+/5 1a

A.1—+5 B.2 C.v/5+1
CAu 12. f¥ Biéu thiic /—(x — 3)? xdc dinh khi
A.x>3 B.x<3 C.x=3

‘Dang 2. Tric nghiém diing — sai’
Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Xét tinh ding, sai:

a) S6 16 c6 hai ciin bac hai 1a 4 va —4.

b) V16 = 4.

¢) S6 —9 khong c¢6 cin bac hai.

d) S5 0 c6 hai cin bac hai.

Y | a | b ¢ | d
p/S

Cau 14. Cho biéu thiic B = v/9x2 — 6x+ 1 + 3x.

a) B xac dinh v6i moi x.

1
b) V6ix<§thiB:1.

1
c) V('jingthiB:6x—1.

d) B =1 khi va chi khi x =0.

Y | a | b c) d)
/S

Cau 15. Xét diéu kién xdc dinh:

a) +/x— 3 xdc dinh khi x > 3.

1
b xac dinh khi x > 3.
) Jrmg e dinh khix =
c) — = xédc dinh khix < —1.
x+1 ’

a

Y a) b) c) d)
b/S

D.v/5-1

D. moi x

Cau 16. Toc do tdi da khi qua doan dudng cong béan kinh r (m) 1a v =  /rgu (m/s), véi g = 9,8; u = 0,12.

a) V6i r =400 m thi v ~ 21,7 m/s.
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b) Néu béan kinh ting 4 1an thi v ting 2 1an.
¢) Bbév =14 m/s thi r ~ 166,7 m.
d) V6ir =100 m thiv > 12 m/s.

Y | a | b c) d)
p/S

Dang 3. Triic nghiém tr3 10i ngi’in’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.
Cau 17. Tim x > 0, biét /x = 7.
Tra loi:

Cau 18. C6 bao nhiéu sd nguyén ducng x dé /4 — x xdc dinh?
Tra loi:

2
Cau 19. Tinh (ﬂ _ 2) 12

Tra loi:

Cau 20. Biét \/9 —4+/5 = av/5+ b (a, b nguyén). Tinh a — b.
Tra loi:

Cau 21. @ Tim x > 5 thod man vx2 — 10x+25 = 3.
Tra loi:

CAu 22. B8 Tim gi4 tri nho nhat cha v/4x2 +4x + 10.
Tra loi:
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( N
MHP MATH EDUCATION . BOI DUONG HQC SIE?IH TOAII\\I 9 - KET NOI TI}I THUC .
TOAN BAI 8. KHAI CAN BAC HAI VOI PHEP
CHUONG IIL NHAN VA PHEP CHIA
CANBAC HATVA CAN BAC BA Ly thuyét trong tam — Bai tdp trén 16p — Bai tdp vé nha — Nang cao
Ndm hoc 2026 — 2027

| PHAN L. LY THUYET TRONG TAM

({ 1. Khai ciin béc hai va phép nhan ]

* V6iA>0,B>0: VAB=+/A-\/B.
 Khai cin mét tich: khai ciin tiing thita s6 i nhan cdc két qua. Nhan céc ciin: nhéan céc bicu
thitc dudi dau cin roi khai cin két qua.

« MG rong cho nhidu thita s6 khong am: VABC = /A -v/B-+/C.

- J

/_[ 2. Khai can bac hai va phép chia J

A VA
« V6iA >0, B> 0: \/izﬁ.
B /B

+ Khai cin mdt thuwong: khai cin ti va miu rdi chia. Chia hai cin: chia hai biéu thic duéi dau
cin roi khai cin két qua.

- J

Luu y. Cdc cong thic chi ding khi biéu thic dusi cin khong 4m (miu ducng). Chéng han
(—4)(—9) = 6 nhung khong viét dugc /—4-/—9. Khong c6 cong thic va+b = v/a+ V/b.
Véi biéu thiic chita chit: VA2B = |A|v/B.

PHAN II BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

'Dang 1. Khai ciin mt tich. Nhan cic cin bac hai|

Phudng phap. Tich s6 dudi diu cén thanh tich cdc sd chinh phuong (ho#ic dé khai cén); nhin cdc cin
dé dudc s6 chinh phuong rdi khai cin.

Bai 1. Tinh:

a)+/2,5-14/4; b) /10,24 -6,25; ¢) /112 (=12)%; d) /1,6-250.
Bai 2. Tinh:
a) V2.V b)VI3-VIO-VIS  oV3(V2T+V3): V32 (1-V2).
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Bai 3. Tinh /2,5 - /14 4.

[Dang 2. Khai can m¢t thuong. Chia hai can bac hai

Phuong phap. Ddi hon sd, s6 thap phan ra phan s6; khai cén tif vd mau; khi chia hai ciin, chia c4c
biéu thiic duéi cin dé dudc sd chinh phuong.

Bai 4. Tinh:

9 9 v 80
1—; - /0.0196:
Bai 5. Tinh 1—
ai m 16

Dang 3. Riit gon biéu thitc chita chir

Phuong phap. Dung VA2 = |A| va diéu kién vé déu cta chit dé bd gia tri tuyét doi.

Bai 6. Rt gon céc biéu thiic sau:

a) V25x2 véi x > 0; b) V3642 véia < 0;
¢) v/5a-v/45a —3a véia > 0; d) /0,36(a—1)?v6ia< 1;
2
3 64n?
e)ziy yFV(’jix<O,y>O; f)8—’: 9’; véim>0,n<0.

Bai 7. Riit gon V' 16a*h® véi b < 0.

Phuong phéip. Dung hing déng thic a> — b*> = (a — b)(a +b); viét m + 2+/n thanh binh phuong.
Phan tich: véi x > 0 thi x = (y/x)*.

Bai 8. Tinh:
a) /10,62 —-5,6%;
) (14v2-V3) (1-v2+V3);
) V294 12v/54 /29— 12V/5.
Bai 9. Phan tich thanh nhan ti (c4c biéu thiic déu c6 nghia):

a) 3+/3; b) Vab + /a; ¢) x—9 (x> 0); d) x—2/x+1.
Bai 10. Phan tich x — 2./x thanh nhan tit (v6i x > 0).
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lDang 5. Bai toan thuc té

Phuong phap. Rut dai lugng can tim tif cong thic, khai cin mot tich hoic mot thuong.

Bai 11. Theo dinh luat Joule — Lenz, nhiét lugng tod ra & ddy dan 1a Q = I*Rt, trong d6 Q (J), I (A), R
(Q), t (s). Tinh cudng dd dong dién / khi Q =800J, R=10Q, ¢ =S5 s.

Bai 12. Kich thu6c man hinh ti vi dugc x4c dinh béi do dai duong
chéo. Mot ti vi ¢6 man hinh hinh chit nhat véi ti 1& chiéu rong :
chiéu cao 12 4 : 3 va dudng chéo 40 inch. Tinh chiéu rong, chiéu

cao cuia man hinh. m

Bai 13. Mot manh dat hinh chit nhat ¢6 chidu dai v/18 m va chidu rong v/8 m. Tinh dién tich manh dat.

Dang 6. Bai tap nang cao

Phuong phap. Bién ddi biéu théic dudi cin thanh binh phucng ding: x£2v/x— 1= (vVx— 14+ 1)2;
so sanh bing cadch binh phuong hai vé khong am.

N b
Bai 14. Cho a > 0, b > 0. Chtng minh ring \/a - Vb < a—; .

Bai 15. Rit gon A = x+2vx— 1+ Vx—2V/x—1v6i 1 <x < 2.
Bai 16. Tinh B = /7 —2v/10+ /20 + /8.
Bai 17. Chiing minh rdng v6i moi s6 tu nhién n: /n-vn+2 <n+1.

Bai 18. Rit gon v/ x+2v/x—1 v6ix > 1.
B. PE TRAC NGHIEM

lDang 1. Tric nghiém nhiéu phuong an hra chqn’

Moéi cdu héi chi cé mot phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Cho q, b 1a hai s6 khong 4am. Khing dinh nao sau day ding?

A.Vab = /a-\/b B.Vab = \/a+ /b

C.vVa+b=/a+b D. Vab = aVb
Cau 2. Két qua ctia phép tinh \/2,5-/14,4 1a

A. 36 B. 0,6 C.6 D. 60
Cau 3. Két qua cta phép tinh /10,24 6,25 1a

A.64 B.8 C. 80 D. 0,8
Cau 4. Két qua cta phép tinh \/1,5-1/10-v/15 12

A.25 B.5 C. 150 D. 15
Cau 5. Két qua cta phép tinh /112 (—12)2 1a

A.—132 B. 132 C.23 D. —23
Cau 6. K&t qua clia phép tinh v/3 (v27++/3) Ia

A. 10 B. 6 C.12 D. 93
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Cau 7. Két qua cia phép tinh /80 : /5 1a

A. 4 B. 16
A f a9
Cau 8. Két qud ctia phép tinh T6o 1a
9 3
A — B. —
13 169
Cau 9. Rt gon v25x2 v6i x > 0, ta dudc
A. —5x B. 25x
Cau 10. Rit gon V3642 véi a < 0, ta dudce
A. 6a B. —6a

81
169

C. 5x

C. 36a

Cau 11. B8 Vi x > 4, bidu thic /x+4v/x —4 — \/x —4/x — 4 biing
A.2v/x—4v6imoix > B.2v/x—4khix>8

Cau 12. So sanh A = /2025 + 2027 va B = 2v/2026.
C.A<B

A.A>B B.A=8B

‘Dang 2. Tric nghiém diing — sai’

C.4 v6i moix >4

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).

Cau 13. Cho biéu thiic A = V2a - 8ab? véi a > 0.

a) A =4alb|.

b) V6ib > 0 thi A = 4ab.

¢) Véia=2b=—3thiA=24.
d) Véia=1,b=—1thiA=—4,

Y | a) | b) ¢ | d
p/S

Cau 14. Cho biéu thic B = v/3a-v/27a véia > 0.

a) B=9a.
b) Véia =4 thi B=36.
¢) B=+/30a.

d) B—9a =0 v6i moia > 0.

Y | a | b ¢ | d
p/S

i —1
Cau 15. Xét hai biéu thiic P = | —— va 0 =
x+1

a) P xac dinh khi x > 1 hodac x < —1.
b) QO xac dinh khi x > 1.
¢) V6ix>1thiP=0Q.

X —

:

[a—y

D. £5x

D. —36a

D. 4 khix > 8

D. Khong so sanh dugc
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d) Tai x = —3, c4 hai biéu thiic déu x4c dinh.

Y

a)

b)

¢)

d)

b/S

Cau 16. Cho phuong trinh 3v/x2 — 1 4+2y/x+1=0.

a) Diéu kién x4c dinh ctia phuong trinh la x > 1.

b) x = —1 la mot nghiém cua phuong trinh.

¢) V6ix > 1 thi vé trdi duong.

d) Phuong trinh c6 hai nghi€ém.

Y

a)

b)

c)

d)

b/S

Dang 3. Tric nghiém tra 10i ngﬁn’

Hoc sinh tinh va ghi két qua (Ia mét s6) vao 6 tra loi. Cau cé nhan la céu van dung cao.

Cau 17. Tinh

Tra 10i:

Cau 18. Biét (1 V- \/§> (1 —Va+ \/§> — av/6+ b (a, b nguyén). Tinh a + b,

Tra 10i:

10,62 —5,62.

Cau 19. Biét v/29 + 12v/54+ /29 — 12v/5 = av/5. Tim a.

Tra 10i:

Cau 20. Tinh /1,6 - v/250.

Tra loi:

Cau 21. @ Tinh /3 +/5- V3 — /5.

Tra loi:

Cau 22. Tinh gi4 tri cia

Tra loi:

Vo+V14
2V3+

V28

(lam tron dén hang phan trim).
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| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

'Dang 1. Khai ciin mt tich. Nhan cic cin bic hai|

Bai 1. Tinh:

a) /0,09 - 64; b) 12,1-360; ¢) V5-1/45;
d) V245, e) (\/ﬁ+\/§>\/§

Bai 2. Tinh v/45 - 80.
'Dang 2. Khai ciin mjt thweng. Chia hai ciin bac hail

Sia e 49 [T V72 64
Bai 3. Tinh: a) ol b) 25, c) \/E’d) .

0.4
Bai 4. Tinh 12,5 .
v/0,5
Dang 3. Riit gon biéu thirc chita chi
. , e - e VA8t
Bai 5. Rit gon: a) vV 16x2 v6i x < 0; b) \/a*(a—2)? v6ia < 2; ¢)v3a-V12a véia>0; d) N vé6i
X

x#0.
Bai 6. Rit gon v/27x- v/3x v6i x > 0.

Dang 4. Tinh gi4 tri biéu thitc. Phan tich thanh nhén ti

Bai 7. Tinh: a) V172 —82: b) (\/§+\/§> (ﬁ—\/?); &) V141 6v5+ /14— 6v/5.
Bai 8. Phan tich thanh nhan tii: a) 5—/5; b) x—4 (x > 0); c) x+4y/x+4.
Bai 9. Tinh (v/12 ++/27) - /3.

Dang 5. Bai toan thuc tél

Bai 10. Mot ti vi c6 man hinh hinh chit nhat ti 1€ 4 : 3 va dudng chéo 50 inch. Tinh chiéu rong va chiéu
cao cia man hinh.

Bai 11. Mot hinh vudng c6 dién tich bang dién tich hinh chit nhat kich thuéc 8 m x 18 m. Tinh canh hinh
vudng.

Dang 6. Bai tap nang cao]

Bai 12. Chiing minh rdng v6ia > 0,5 > 0: Va+b < Va+ V/b.

Bai 13. Rit gon /x —2+v/x—1 v6i x > 2.
Bai 14. So sanh /2025 4 1/2027 va 2/2026.
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B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

. A A
Céu 1. Déng thic /= = VA diing khi
B /B
A.A>0,B>0 B.A>0,B>0
C.A>0,B>0 D. A, Bbatki
Cau 2. Két qua ctia phép tinh /0,4 -/6,4 1a
A. 16 B. 1,6 C.0,16 D. 2,56
Cau 3. Két qua ctia phép tinh \/49-0,25 1a
A.3.5 B. 35 C. 12,25 D. 0,35
. V27
Cau 4. Két qua ctia phép tinh — 1a
V3
A.9 B.3V3 C.\V3 D.3
A P 16 .
Cau 5. Két qua cta phép tinh 75 1a
16 4 4 2
A, — B. — C. — D. —
15 225 15 15
Cau 6. Két qua ctia phép tinh v/12-75 la
A. 900 B. 30 C.60 D. 15
Cau 7. Rit gon V4a? véi a < 0, ta dudc
A. 2a B. 4a C. —4a D. —2a
Cau 8. Két qui ciia phép tinh (v2+ V) -2 1a
A.4 B.2V2 C.6 D. 10
A . /9 .
Cau 9. Rit gon x4/ — v6i x > 0, ta duge
X
A.3 B. -3 C. 3x D. 3
X
Cau 10. V6i moi a, b, biéu thiic Va2b* bing
A. ab? B. |a|b? C. —ab? D. a|b|
Cau 11. Gi tri cha V9 —4/5 1a
A.2—/5 B.V/5-2 C.v5+2 D. 1
. a*b* .
Cau 12. 8 Véi a > 0, ¢ < 0, bi€u thic o2 bang
C
2 2 2 2
ar? 5 @ c. b,
3c 9¢ 9¢ 3c
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‘Dang 2. Tric nghiém diing — sai’
Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Xét tinh ding, sai:

a) V4-25=+/4-/25=10.

b) \/(=4)-(—25) = V=4 v/=25.

9 3
d) V9+16=9+/16.

Y | a | b c) d)
p/S

Cﬁu14.ChoE:(\/zE-m):¢§.
a) V45120 = 30.
b) E = 10.
c) Elasdvoti.

d) EZ2=100.

Y | a | b c) d)
p/S

Cau 15.Cho P = \/x-/x+3 v6ix > 0.
a) P=+/x2+43x.
b) Taix=1thi P=2.
¢) P<x—+2v6imoix>0.

d) Phuong trinh P = 2 c6 hai nghiém.

Y | a | b c) d)
p/S

Cau 16. Mot ti vi cé man hinh ti 1€ 4 : 3, dudng chéo 60 inch.
a) Chiéu rOng man hinh 1a 48 inch.
b) Chiéu cao man hinh 12 36 inch.

¢) Dién tich man hinh 1a 1728 inch?.

d) Néu dudng chéo ting gap doi (cung ti 1€) thi dién tich tdng gip doi.

Y | a | b ¢) d)
/S
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‘Dang 3. Tric nghiém tra 15i ngﬁnl

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.

Cau 17. Tinh /12,1 - 250.

Tra loi:

/50

Cau 18. Tinh v/3-v/12 +
V2

Tra loi:

Cau 19. Tinh v/64+2/5 — v/6 —21/5.
Tra 10i:

Cau 20. Tinh /T,44-0,81.

Tra 10i:

Cau 21. 88 Tinh /14 + 61/5 — /5.
Tra 10i:

V75

Cau 22. 8 Tinh v/32- /0,5 + N

Tra 10i:
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4 )
BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION < R R 2 < P
TOAN 9 BAI 9. BIEN POI PON GIAN VA RUT GON
o CHUONG . BIEU THUC CHUA CAN THUC BAC HAI
CAN BAC HAI VA CAN BAC BA ) o
Ly thuyet trong tdm — Bai tdp trén l0p — Bai tdp vé nha — Nang cao
Nam hoc 2026 — 2027

PHAN L. LY THUYET TRONG TAM

1. Pua thira s6 ra ngoai, vao trong diu cin }

« Rangoai: v6i B> 0: VA2B = |A|/B.
* Vao trong: v6i B > 0: néu A > 0 thi AvVB = VA2B; néu A < 0 thi AvVB = —VA?B.

,_[ 2. Khir mau caia biéu thitc iy ciin. Truc ciin thifc 6 mau ]

A VAB

VGiA-B>0,B#0: /= =——-.
B |B]

A AVB

VB B

e V6iB > 0:

c c(Vi-B) ¢  c(VA+B)
JA+B A-B? ;\/Z—B: A—B2
C C(\/Z:F\/E>
VAtvVB  A-B

& J

VG6iA >0, A +# B?:

V6iA>0,B>0,A # B:

/_[ 3. Riit gon biéu thitc chia ciin thite bic hai ]

 Tim diéu kién xac dinh (néu dé chua cho).

« Phan tich cdc mAu thanh nhan tit (x — a? = (\/x—a) (Vx+a), x£2ay/x+d? = (Vx£a)’, ...),
quy dong, thu gon ti, rit gon phan thic.

* VG6i cdc cau hodi phu (tinh gid tri, tim x, so sdnh, ...) ludn ddi chiéu diéu kién xac dinh.

. J

Luu y. Biéu thiic v/A 4+ B va /A — B goi 1a hai biéu thiic lién hgp; tich ctia chiing 12 A — B> khong
con cin. Khi dua thita s6 4m vao trong cin phai giit lai ddu “— & ngoai.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Pua thira sb ra ngoai, vio trong dau cﬁn’

Phuong phap. T4ch sd duéi cin thanh tich cia mot sd chinh phuong 16n nhét véi s6 con lai. Dé so
sanh av/b va ¢v/d, dua thira s6 vao trong ciin rdi so sanh hai biéu thitc dudi cin.

Bai 1. Dua thiia s ra ngoai diu cén:

a) v/50; b) V108; ¢) V18x2 (x < 0); d) V'75a2b (a,b > 0).
Bai 2. Dua thia s6 vao trong dau cin:
1
a) 3v/5; b) —2/3; ¢) 2x\/3y (x <0,y 20);d)a\/;(a>0)-

Bai 3. So sdnh: a) 3v/7 va 2v/15; b) 5v2 va4y/3.
Bai 4. Dua thiia s ra ngoai ddu cin: V7242 vé6i a < 0.

Dang 2. Khit mau. Truc cin thic 6 m?lu]

Phuong phap. Miu 12 v/B: nhan ca t&f va miu véi v/B. Mau 12 téng (hiéu) c6 cin: nhéan ca tit va mau
v6i biéu thic lién hop.

- . . 2 /5
Bai 5. Khit mau cta biéu thic lay can: a) \/; ; b) o (x>0).
X

Bai 6. Truc cin thiic 6 mau:

a) 2. b ———; 0 —
V3’ V5-V2’ V341
4 V3+1
d)3—¢§’ e)ﬁ—l'
6

Bai 7. Truc ciin thiic  mau:

V-1

Dang 3. Riit gon biéu thitc 56’

Phuong phap. Pua cdc cin vé ciing mot cin “gdc” rdi cong, trir nhu don thic dong dang; truc cin &
mau trudc khi cdng trir phan thic.

Bai 8. Rut gon:

a) V28 — /63 + V112; b) (\/ﬁ—\/ﬁ+\/ﬁ):\@;

1 1
¢) 2127 —3v/12 ++/98; d)ﬁ_ﬁ—ﬁ+ﬁ,

e) V20 —2 (2—\/5)2.
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Bai 9. Rit gon /50 — 3v/8 +/18.

‘Dz_mg 4. Riit gon biéu thirc chita bién va bai toan lién quan

Phuong phéap. Phan tich miu, quy dong, rit gon. Tim x dé biéu thiic nhan gi4 tri cho trudc: giai
phuong trinh 4n /x; xét dau: dua vao /x > 0; gid tri nguyén: tach phan nguyén.

1 2 245
BﬁilO.ChoA:\/)_CJr VX i \/)_Cvc’iixzo,x;é4.

a) Ruat gon A.

b) Tinh gi4 tri cia A khi x =9.
¢) Timxdé A =2.

d) Chitng minh A < 3.

1 2 Vva—1
Bai 11. Cho B = : 6ia>0, 1, 9.
ai 0 <\/E—3+\/5+3) \/5_3V1a_ a#1l,a#

a) Rut gon B.
b) Tinh B tai a = 4 +2+/3.

. 1
¢) Cégidtrinaoctaa dée B= 5 khong?

V-2 2

Bai 12. Cho A = =
ai 0 e va 13

+ v x9v61x>0,x#9.

Vi3 x—
a) Rut gon B.
b) Tim c4c s6 nguyén xdé P=A-B < 0.

—1
Bﬁi13.ChoP:ﬁ+\/a_cv6ix20. Rt gon P va tinh P khi x = 4.

[Dang 5. Bai to4n thuc té’

Phuong phap. Bién d6i cdng thiic c6 cin (khit miu, dua thira sd ra ngoai) rdi thay s6.

a’\/3

1 Mot tim bién hinh tam gidc déu c6 dién tich 9v/3

Bai 14. Dién tich tam gidc déu canh a la S =

) A N . R « R N o X a 3 < 2z
dm?. Tinh dd dai canh tim bién va chiéu cao h = - cda no.

Bai 15. Mot tam gidc c6 do dai ba canh 12 v/8 cm, /18 cm, /32 cm. Tinh chu vi tam gidc (lam tron dén
hang phan trdm).

Dang 6. Bai tap nang cao

1

—————— =k +1-vk Timx
Vik+Vk+1

Phuong phap. Truc cin tiing hang tif dé dudc tdng “triét tiéu”:
n

Vx+e

1 1 1
- ot ———.
VI+V2 V243 V99 + /100

dé biéu thiic nguyén: tich P = m +

Bai 16. Tinh S =
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NG
Bai 17. Cho a = \[3+ \/; Tinh A = 154 — 8av/T5 - 16.

. . 1
Bai 18. Tim cdc s6 nguyén x dé P = f.ﬁk 3 nhén gia tri nguyén (x > 0, x #9).
—
Bai 19. Tinh S : + 1 +-+ !
i19. Tinh S = e ————,
V3+V1 V5+3 V49 + V47

B. PE TRAC NGHIEM

‘Dang 1. Tric nghiém nhiéu phuong 4n hra chqn’

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cau van dung cao.

Cau 1. V6i x < 0, y > 0, dua thita sd vao trong dau ciin biéu thiic 2x+/3y ta dugc

A. \/12x%y B. —/12x2y C. /6xy D. —y/6x%y
x 1
Cau 2. Truc can thic § mau cia — ta dugc
V3
1
A. ? B. 3 C.33 D. 5
Cau 3. Pua thira s ra ngoai diu cin: /18 bing
A.2V3 B.9v2 C.3V2 D.6V3
Cau 4. Biéu thtic sau khi truc ciin thiic 8 mau c¢6 dang mv/5 + n. Khi d6 m +n bing
1
A.2 B. 3 C.0 D. 1
. 1
Cau 5. Biéu thiic A1 /34 2+/2 sau khi rit gon ¢6 dang a+bv/2 (a,b € 7). Gid tria+b 1a
A.0 B.2 C.1 D. -2
Cau 6. Két qua rit gon v/28 — /63 ++/112 1a
ANVT B.3V7 C.5V7 D.9V7
. 1 1
Cau 7. Gia tri caa biéu thtic + l1a
V3—V2 V3+V2
A.2V2 B. 1 C.2V3 D. V3
. 1
Cau 8. Ket qué rit gon xy, / 5— v6ix <0,y <01la
X7y
A. -1 B. 1 C.xy D. —xy
Cau 9. Két qu cia (\/12 V2T + \/75) V31
A.2 B.3 C.6 D. 4
. | BN
Can 10. Vi x > 0, x # 1, bidu thic YL bing
x —
1
A. —1 B. C. D. 1
VA Vx+1 Vx—1 Vet
Cau 11. B8 Gia tri cu ! + : +- ! 12
ull. id tri clia e ———1a
O 1+V2 V243 V24 + /25
A.5 B.4 C.24 D. V24
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Cau 12. @8 Cho P = 2y/x— 1 (x > 0). S6 gid tri nguyén ciax dé€ P <5 1a

A.9

B.8

[Dz_mg 2. Tric nghiém diing — sai’

C.10

Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).
Cau 13. Cho A = v/9x — V/4x + v/16x v6i x > 0.
a) A=5\/x
b) Taix=4thiA=10.
¢) A=15khix=3.

d) A >0 v6imoix>0.

Y | a) b) c) d)
p/S
x—+y/x  x—1
4u 14. Cho P = .
Cau Cho \/} +\/)_C_1

a) Diéu kién x4c dinh ctia Plax >0, x # 1.

b) Rt gon dudc P = 24/x.

¢) Taix=4thi P=4.

d) P=06khix=3.

Y

a)

b)

d)

b/S

Cau 15.Cho A =

1 2\/x

a) Rit gon dugc A =

1
2+v§+2—vg_4—x

2
24 /x

v6i x >0, x # 4.

b) A nhan gia tri am v6i moi x > 0, x # 4.

¢) Tai x =5 thi A 12 s6 hitu ti.

d) A=1khix=0.

Y

a)

b)

¢)

d)

b/S

Cau 16. Truc cén thiic § mau:

6

— =2.3.
a)\/§ V3

2
b)v§+1—v§+L

D.3
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V3+1
=2 .
c) i1 +V3
1
4
d) \/5—2>
Y | a | b c) d)
/S

Dang 3. Triic nghiém tra 10i ngi’in’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Biét v/50 — /18 + /8 = a/2. Tim a.

Tra loi:

) 3 )
Cau 18. Biét ——— = \/a+ /b (a, b 12 s6 tu nhién). Tinh a - b.
N

Tra 10i:

Cau19.Cho A = 3vx . Tinh A tai x = 16.
Vx+2

Tra 10i:

VX+3
Vi—1

Cau 20. C6 bao nhiéu sd nguyén x dé Q = (x >0, x # 1) nhan gia tri nguyén?

Tra loi:

Cau 21. @8 Cho x = V542, y = /5 — 2. Tinh x> +y2.
Tra loi:

4
Cau 22. @@ Biét ——— = \/a+ /b v6i a, b nguyén duong. Tinh a- b.

V-3

Tra loi:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Pua thira sd ra ngoai, vao trong diu cﬁnl

Bai 1. Dua thiia s6 ra ngoai ddu cin: a) v/72; b) V125; ¢) V27a% (a < 0); d) v'32x3 (x > 0).
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. . 2
Bai 2. Dua thira s0 vao trong dau cén: a) 5v/2; b) —=3v2; ©) a\/g (a > 0). So sénh 5v/3 va 4+/5.

Bai 3. Pua thira s6 vao trong déu ciin rdi so sdnh 3v/5 va 51/3.

Dang 2. Khit mau. Truc ciin thitc & m’ﬁiu]

~ 10 1 6 5—-1
Bai 4. Truc cén thiic § mau: a) — Vs

; ; . d .
ALY, B Y S

Bai 5. Khii mau ctia biéu thic ldy cin: 0"

‘Dz_mg 3. Ruit gon biéu thitc S(’i’
Bai 6. Rit gon: a) 3v/8 — v/50+ v/18; b) (\/20 A5+ \/_8()> 5

2 2
¢) v iy s d) 4 —2v3— /3.

Bai 7. Tinh

1 1
V3+1l V31
‘Dang 4. Ruit gon biéu thic chita bién va bai toan lién quan
VX 1
V=1 x—y/x

a) Rut gon Q.
b) Tinh Q khi x =4.
¢) Chiing minh Q > 1.

x—|—4\/)_c—|—4+x—\/)_c
Vx+2 Vx—1

Bai 8. Cho Q = véix >0, x# 1.

Bai 9. Cho A =

v6ix >0, x# 1.
a) Ruat gon A.

b) Timx dé A = 8.

¢) Tim céc sd nguyén x dé A < 6.

1 1
ﬁ—2+ﬁ+2

Dang 5. Bai toan thuc té|

Bai 10. Cho Q = v6i x > 0, x # 4. Rit gon Q va tinh Q khi x =9.

Bai 11. Mot tim thép hinh tam gidc d8u c6 dién tich 16v/3 cm?. Tinh d6 dai canh cia tim thép (biét
a3
4

S= ).

. . | h
Bai 12. Thai gian ¢ (gidy) d€ mot vat roi tu do tif dd cao i (m) cham datlar = 19 Tinh ¢t khi h = 19,6
m.

Dang 6. Bai tap nang cao]

1 1 1

Bai 13. Tinh T = + I
V241 V3412 V16++/15
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Bai 14. Tim cdc s6 nguyén x dé

Xt nhén gia tri nguyén
/i1 "hdn gid tri nguyen.
Bai 15. Cho x = v/3+ /2, y = v/3 — /2. Tinh xy va x* + .
B. PE TRAC NGHIEM

[Dz_mg 1. Tric nghiém nhiéu phuong 4n lua ch(_)n’

Moi cdu héi chi cé6 mot phuong an diing. Cdu c6 nhan la cau van dung cao.

Cau 1. Dua thiia s6 ra ngoai ddu cin: /20 béng

A.2V5 B. 4V/5 C.5V2 D. 10v2
Cau 2. Pua thira sd vao trong du cin: —3+/2 bing
A. /18 B. —/18 C. -6 D. V6
Cau 3. Tryc cin thiic 6 mau: S bing
V5
A.5V5 B. 1 C.\/5 D.5
~ 1 N
Cau 4. Truc céan thic é mau: ban
' VAl oe
AV3-1 B.\/§+1 C.ﬁ_1 D.\/§_1
2 4 2
Cau 5. Két qua rit gon v/ 12 ++/27 — /48 1a
A3 B.2V3 C.0 D.3V3
Cau 6. So sdnh A = 2+/3 va B = 3+/2, ta dugc
A.A>B B.A=B C.A<B D. Khdng so sanh dugc
~ . . 3
Cau 7. Khtt mau cta bi€u thic lay cidn \/; ta dugc
AV B, YO A D. V6
2 2 3
A o + R 2 5 >
Cau 8. Véi x > 0, biéu thic x\/j bang
X
A. V5 B.5/x C.xV5 D. v/5x
Cau 9. Vi x > 0, biéu thiic j}; - biing
A./x+3 B./x-3 C.x-3 D.3—/x
. -2 1.
Can 10, Vi x > 0, x # 1, bidu thic *— 2V L ping
Vx—1
A V/x—1 B./x+1 C.1 D.x—1
1 1 1
Cau 11. Gid tri cta + + 1a
V241 V3+V2 2+V3
A.2 B.V3 C.1 D.3
. 1 1
Cau 12. 28 V6i x > 0, x # 4, biéu thic ) + ) rit gon dugc
A. 2 B. 2Vx C. 4 D. 2vx
x—4 x+4 x—4 x—4
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‘Dang 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hdy chon diing (P) hodc sai (S).

Cau 13. Xét tinh ding, sai:

a) V12 =2/3.

b) —2v/5 = v/20.

RVERSL

C 4— 2 .

d) 3v2 < 2V3.

Y | a | b)| o | d

p/S

. x-l—\/_ x—1
Cau 14. Cho B = \/_ \/_+1

a) Diéu kién xdc dinh cta B 1a x > 0.

b) Rit gon dudc B = 24/x.
¢) B=4khix=4.

d) B > x v6i moi x > 0.

Y | a | b | o | d
b/S
Cau 15. Truc cin théic § mau:
1
—— =3 2.
)ﬁ—\/i V3+42
33
f 73
=2—4/3.
\/‘
4
d = .
)ﬁ+f V7+V3
Y | a | b | o | d
b/S

Cau 16. Dién tich tam gidc déu canh ala S =

a) Véia=2thiS=+/3.
b) Néu canh tdng gip doi thi dién tich ting gip 4 lan.

¢) Néu S =25+/3 thi a = 10.

a’\/3
1
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d) Véia=4thiS=_8V3.

Y | a | b c) d)
p/S

Dang 3. Triic nghiém tr3 10i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.
Cau 17. Biét 72 — /32 = aV2. Tim a.
Tra loi:

) 2 )
Cau 18. Biét ———— = \/a+ /b (a, b 12 s6 tu nhién). Tinh a + b.
5oy Vatvb( )

Tra loi:

Cau 19. Tinh (m_ Va5 + m) 5.

Tra 10i:

Cau 20. Cho A = 2\/)_c+2. Tim x dé A = 8.
Tra 10i:

Cau 21. @8 Tinh (v3+2)? + (V3 —v2)2.
Tra loi:

Cau 22. C6 bao nhiéu s6 nguyén x > 0 dé

la sb én?
] a sO nguyén

Tra 10i:
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! MHP MATH EDUCATION  _ BOI DU(?NG HOC SINH TOAN 9- Kﬁ:z NOI TRI TI,{UC R )
TOAN 9 BAI 10. CAN BAC BA VA CAN THUC BAC
CHUONG III. BA

CANBAC HAIVA CANBACBA 15 thyvét trong tdm — Bai tdp trén 1dp — Bai tdp vé nha — Néng cao
Ndm hoc 2026 — 2027

| PHAN I. LY THUYET TRONG TAM

r[ 1. Cin bac ba }

« Cin bic ba ciia sd thuc a 12 s6 thuc x thod man x° = a.

* MB&i sd thuic a c6 duy nhat mdt ciin bac ba, ki hidu /a (3 1a chi s6 ciin). Phép tim cin bic ba goi
1a phép khai cin bac ba.

. (\3/5)3 — V@ = a v6i moi sb thuc a.

On

e Cin bic ba ca s6 duong 1a sd duong, ciia s6 012 0, ctia s6 Am 12 s6 am.

& J

r[ 2. Cin thiic bac ba j

« Cin thiic bac ba 12 biéu thiic dang v/A, trong d6 A 1a biéu thic dai s6; v/A xdc dinh v6i moi gid tri
clia bién 1am A xdc dinh.

3
+ (VA) = Va3 =a.
2 A 8 ol L g 3 3 3 a_va
« M6 rong: a < b khi va chi khi /a < v/b; vab= /a-/b; ¢ E:%(b%O).

& J

Luu y. Khéc vé6i ciin bac hai, cin bic ba clia s 4m vén ton tai (v/—8 = —2) va khong can dit didu
kién cho biéu thiic dusi ddu cin bac ba. Hiing ding thic hay dung: (a+5b)3 = a® £3a%b+ 3ab®> £ b;
a* £b3 = (a£b) (a> Fab+b?).

PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

[Dz_mg 1. Tinh can bac ba. Thuc hién phép tinh]

Phuong phap. Viét s6 dudi ddu cin dudi dang 1ap phuong: Va3 = a; ding vab = /a - v/b dé tich
thira s6 14p phuong ra ngoai.

Bai 1. Tinh:

8 125
a) v27; /—0,064; b) ,3/? . ~<5’ ) vV64a3; /—8a3hS.
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Bai 2. Tinh:

a) V8 + /=27 + v/ —64; b) /54 — /=16 + v/128;

¢) V16 /13,5 — v/120: V/15; d) (3@+1) (\3/1—\3@“).
Bai 3. Tinh v/—125 + v/64 — /0,008.
[Dang 2. Riit gon. So sénh|

Phuong phap. Nhin dang hing ding thic 14p phuong dudi diu ciin; so sdnh bing cdch dua thiia s6
vao trong cin bac ba: av/b = vVa3b.

Bai 4. Riit gon céc biéu thiic sau:

a) o/ +1+3x(x+1);
) x+1 _

Va2 — Yt 1

¢) —x+5+vVx3+3x2+3x+ 1.
Bai 5. So sdnh: a) 2v/3 va v/23; b) 3 va v/26; ¢) 3v/2 va 2v/7.
Bai 6. So sdnh 3v/2 va 2v/3.
Dang 3. Giai phuong trinh chita cin bac ba]

b

Phuong phap. v/A = B khi va chi khi A = B3; /A = v/B khi va chi khi A = B. Khong can dit diéu
ki€n xdc dinh.

Bai 7. Giéi cac phuong trinh sau:
a) v2—3x=-2; b) v/1000x — v64x — vV2Tx = 18) V/x— 1 =x— 1.
Bai 8. Giai phuong trinh v/2x — 1 = 3.

lDang 4. Bai toan thuc té’

Phuong phap. Thé tich hinh lap phuong V = a> cho canh a = v/V; thay s vio cong thiic c6 cin bic
ba, 1am tron theo yéu cau va chid y doi don vi.

luot 12 8 dm? va 15 dm?. Tinh do dai canh ctia mdi khéi (1am tron

Bai 9. C6 hai khéi bé tong hinh 14p phuong A va B véi thé tich 1an |
dén hang phan trdm).

A B |

Bai 10. Chiéu cao ngang vai ctia mot con voi duc chau Phi 1a 2 = 62,5/t +75,8 (cm), v6i ¢ 12 tudi (ndm).
a) Con voi 8 tudi cao ngang vai bao nhiéu xentimét?
b) Mot con voi cao ngang vai 205 cm thi khoang bao nhiéu tudi (1am tron dén hang don vi)?
Bai 11. Theo dinh luat Kepler, khoéng cdch trung binh d (triéu dim) tit mot hanh tinh dén Mit Troi 1a
d = V612, v6i t (ngdy Trai DAat) 1a thdi gian hanh tinh quay hét mot vong quanh Mt Troi. Biét 1 dim
~ 1,609 km.
a) Trdi Dt quay mot vong hét 365 ngay. Tinh khoang céch tit Trdi DAt dén Mit Trdi theo triéu ki-16-
mét (lam tron dén hang phan mudi).
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b) Sao Hoad quay mot vong hét 687 ngay. Tinh khodng cdch tir Sao Hoa dén Mit Trdi theo triéu
ki-16-mét (lam tron dén hang phan mudi).

Bai 12. Mot khéi 1ap phuong c6 thé tich 343 cm>. Tinh do dai canh va dién tich toan phan ctia khdi.

Dang 5. Bai tap nang cao]

Phuong phép. Dit x = a4 /b 1di lap phuong hai vé: x> = a + b+ 3+v/ab - x; dudc phuong trinh
béc ba c6 nghiém d& dodn. Véi phuong trinh v/A + vB = C, dit u = v/A, v = v/B.

Bai13. Tinh A = v/v/54+2— V5 —2.

Bai 14. Cho x = v/3+2v2+ V3 —-2V2vay = V7443 + V/7—4/3. Tinh M = (x+y)? —3(x+
y)(xy+1)+2019.

Bai 15. Giai phuong trinh v/x+ 1+ /7 —x = 2.
Bai 16. Tinh A = v/9+ 45+ v/9 —41/5.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chqn’

Moi cdu héi chi cé6 mot phuong an diing. Cédu ¢é nhan la cau van dung cao.
Cau 1. Cin bac ba ctia 27 bing

A.9 B.3 C.-3 D. +3
Cau 2. S6 —3 1a cin bac ba ctia s6 nao?

A.—9 B. 27 C.9 D. —27
Cau 3. Cin bac ba ciia biéu thifc 3x — 2 dudgc viét 1a

A./3x-2 B. (3x—2)° C.V/3x—2 D. v/3x—2
Cau 4. Cin bic ba ciia (x+2)3 1a

Ax—2 B.x+2 c.xgz D.x—1

Cau 5. Khing dinh nao sau diy ding?

A. Cédn bac bactia —8 1a —2 B. S6 4m khong c6 cin bac ba
C.Cénbicbacna271a3va -3 D. Mbi sd thuc c6 hai cin bic ba ddi nhau
A » YR T
Cau 6. V6ia # 0, tacéd {/ ———= bang
8a3
1 1 1 1
. — B. — C.—— D.——
2a 4a 2a 2a?
Cau 7. Diéu kién xéc dinh cia v/x3 — 1 1a
A.x>1 B.xeR C.x>1 D.x<1
N . 1
Cau 8. Diéu kién xdc dinh ctia biéu thiic Z = /3 —x+ 1a
' ' vx—1
A.1<x<3 B.1<x<3 C.x>1 D.x>1
Cau 9. Rit gon v/ —27x3 ta dudc
A. —9x B. —3x C. 9% D. 3x
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Cau 10. Rit gon {/ (3 - \/7)3 ta dugc

A.3—V7 B. -3—-7 C.3+V7 D.V7-3
Cau 11. @9 Gid tri ctia V9 +4v5+ V9 —4/5 1a

A.2 B. 18 C.3 D. /5
Cau 12. S6 nghiém ctia phuong trinh v/x+1=x+11a

Al B.3 C.2 D.0

lDz_mg 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho biéu thitc A = x+ 7+ v/x3 — 3x2 +3x — 1.

a) Diéu kién x4c dinh ctia A la x > 1.

b) Rit gon dugc A = 2x+6.
¢) GidtrictaAtaix=11a8.

d) C6 ding mdt gia tri nguyén ctia x dé A = 1.

Y | a) | b) ¢ | d
p/S

Cau 14. Chiéu cao ngang vai clia voi duc chau Phi: & = 62,5/ + 75,8 (cm), ¢ 1a tudi (r € N*).
a) Con voi 8 tudi cao ngang vai 200 cm (lam tron dén hang don vi).
b) Con voi cao 276 cm thi trén 30 tudi.
¢) Con voi can it nhat 46 tudi dé cao tir 300 cm trd 1én.

d) Con voi khong qué 34 tudi thi cao khong qua 280 cm.

Y | a) | b) ¢ | d
p/S

Cau 15. Theo dinh luat Kepler, d = V612 (d: triéu ddm; r: ngay Trdi Dat).
a) V6it =365 thi d ~ 93 triéu ddm (1am tron dén hang don vi).
b) Sao Hoa (t = 687) xa Miit Troi hon Trai Dat.
¢) Hanh tinh 6 xa Mt Troi hon thi chu ki quay quanh Mt Troi dai hon.

d) Hanh tinh cach Mt Trai 120 triéu dim c6 chu ki quay 536 ngay (lam tron dén hang don vi).

Y | a | b c) d)
/S

Cau 16. Cho hai s6 thuc a, b bat ki.
a) Néu a = b thi Ja = V/b.
b) Néua < b <0 thi Ja > V/b.
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¢) Mbi s6 thuc a khdc 0 c6 hai cin bac ba 1a \/a va —+/a.

d) Va3 = a véi moi a.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét sé) vao 6 tra loi. Cau cé nhan la cau van dung cao.

1
CAu 17. Tim x thod man 2v/27x + 7\3/—343x +/—=729x = 8.

Tra 10i: \ \

Cau 18. Cho A = v/2019 — x. Tai x = 2027, tinh gi4 tri ctia 1 + 25A3.
Tra loi:

Cau 19. Mot thing ton hinh 14p phuong c6 thé tich 730 dm>®. D6 dai canh thing khoang bao nhiéu
dé-xi-mét (lam tron dén hang don vi)?

Tra 10i:

Cau 20. Mot hinh 1ap phuong ¢6 cuing thé tich v6i hinh hop chit nhat kich thuée 4,8 dm; 3 dm; 15 dm.
Tinh canh hinh 1ap phuong (dm).

Tra 10i:

Cau 21. B8 Giai phuong trinh vx3 —3x2+3x— 1 +x=09.
Tra loi:

Cau 22. B® Mot bé hinh 1ap phuong chita day 512 lit nuéc. Canh bé dai bao nhiéu dé-xi-mét?

Tra loi:

PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Tinh can bac ba. Thuc hién phép tl’nh]

27
Bai 1. Tinh: a) v/=216; b) y/0,001; ©) {/ =75 d) V1255,
Bai 2. Tinh: a) V125 — v/=8+ v/—1; b) V24 — V/81+V/3; ¢) V4-V/16.

27
Bai 3. Tinh {/ —.
ai 3. Tin 125
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'Dang 2. Riit gon. So sanh|

Bai 4. Rit gon: a) v/x3 — 6x2 + 12x—8; b) V843 —a.
Bai 5. So sdnh: a) v/9 va2; b) 3v/2 va v/55.
Bai 6. Riit gon v/8a3 — v/—2743.
Dang 3. Giai phuong trinh chita cén bac ba]
Bai 7. Giai cdc phuong trinh: a) vx+5=—3; b) v3x—1+2=0; c¢) v/8x— v27x+ v/64x = 6.
Bai 8. Gidi phuong trinh v/x3 + 6x2 + 12x +8 = 5.

Dang 4. Bai toan thuc té|

Bai 9. Mot bé c4 hinh 14p phuong chiia dudc ding 125 1it nudc. Tinh do
dai canh ctia bé (dé-xi-mét).

!
1
I
ol
:
:

a

. P 4 .
Bai 10. Thé tich khdi cau ban kinh rlaV = §7rr3. Mot quéa béng c6 thé tich 36z cm?. Tinh ban kinh qua
bong.
Bai 11. Mot bé nuéc dang hinh 1ap phuong chita diy 1000 lit nuéc. Tinh do dai canh bé (theo dm).

Dang 5. Bai tap nang cao]

Bai 12. Tinh /20 + 14v/2 + /20 — 14+/2.

Bai 13. Chiing minh ring x = 3/2 +/5+ \3/2 —+/5 1a nghiém ctia phuong trinh x> +3x —4 = 0. Tu d6
tinh x.
Bai 14. Giai phuong trinh v/x+1 = x+ 1.

B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. Gi4 tri cia v/—64 12

A.4 B. -8 C.—4 D. 8
Cau 2. Gid tri cia v/0,008 1a

A.0.2 B. 0,02 C.2 D. 0,04
Cau 3. Mot hinh 1ap phuong c6 thé tich 64 cm?. Canh hinh 1ap phuong Ia

A. 8 cm B. 16 cm C.32cm D. 4 cm
Cau 4. Cho vx? = 5. Gid tri clia x 12

A. 125 B.5 C.25 D. 15
Cau 5. Két qua ciia vV—125a3 4+ 3a khia =3 1a

A. 12 B. 8 C. -6 D. 6
Cau 6. Gid tri cia A = v/27+3v/—8 —2v/125 1a

A.—13 B. 13 C.—19 D. 19
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CAau 7. Mot bé ca hinh 1ap phuong chtia dudc ding 125 1it nuée. Canh cla bé 1a

A. 50 dm B.4m C.5m D.0,5m
~ 1
Cau 8. Truc can thic § mau cuia M = 3—\/§ ta dudc
3 3 3
A Y3 . V3 A p, V6
3 3 3 3
Cau 9. Nghiém ctia phuong trinh v/2x+1 =3 1a
A.x=4 B.x=13 C.x=14 D.x=1
Cau 10. Cho A = 2v/3 va B = v/25. Khing dinh diing 12
A.A>B B.A=B C.A>B D.A<B
Cau 11. B Gi4 tri cia v/26 + 15v/3 1a
A 1+43 B.34+3 C.2+V3 D.2V3
Cau 12. @8 So sinh A = 3v/2 va B = 2V/3.
A. Khong so sanh dugc B. A < B C.A=8B D.A>B

[Dang 2. Trac nghiém ding — sail

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho hai bidu thiic P = v/2a va Q = v/3a.

a) VGia =32 thi P1a sb tu nhién.

b) Khi 9 =—-3thia=09.

¢) V6i moi s6 thuc a thi P < Q.

) K>
d) P lasd nguyén khia = > véi k € Z.

Y | a) | b) ¢ | d
p/S

Cau 14. Cho biéu thiic P = /x —2.
a) Khix=—-8thi P=0.
b) Khix=8thi P =0.
¢) P < 0khivachikhix<8.
d) P=1khix=27.

Y | a | b c) d)
p/S

Cau 15. Mot hinh 1ap phuong c6 thé tich V.
a) NéuV =27 cm’ thi canh 12 3 cm.
b) Néu thé tich ting 8 1an thi canh ting 2 lan.
¢) Néucanh1a2,5 cm thi V = 15,625 cm?.
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d) Néu V = 100 cm? thi canh 16n hon 5 cm.

Y | a | b c) d)
p/S

Cau 16. Cho bat déng thiic Co-si cho ba s& khdng am: a+ b+ ¢ > 3v/abc, ddu “="khi a = b = ¢. V6i
a,b,c>0:

b
a) S4-4+5>3,

b ¢ a
b) Néu abc = 1 thi a® 4 b% + 2 > 3.

1 1 1
¢) (a+b+c) (E+E+E> > 9.

d) Trong céc hinh hop chit nhat c6 tong ba kich thudc biang 12, thé tich 16n nhat bing 48.

Y | a | b ¢) d)
/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot s6) vao 6 tra loi. Cdu cé nhan la cau van dung cao.

Cau 17. Tinh v/8 + /=27 + v/—64.

Tra 1oi:

Cau 18. Biét v/54 — /—16+ V128 = av/2. Tim a.

Tra 10i:

Cau 19. Tinh gid tri cha </x3 + 1+ 3x(x+ 1) tai x = 4.
Tra loi:

Cau 20. Tim nghiém ctia phuong trinh v/x — 1 = —5.

Tra 10i:

Cau 21. @8 Tinh /—0,064 - v/125.
Tra 10i:

Cau 22. Giai phuong trinh v/5x +2 = —3.
Tra loi:
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| PHAN L. LY THUYET TRONG TAM

,_[ 1. Dinh nghia ]

la canh dbi, AB 1a canh ké, BC 1a canh huyén.

&

o déi AC o ké AB
SN0l = ——5— = ——; COSO = ——5— = —;
huyén BC huyén BC
g B1_AC k& AB
k& AB’ 46 ACT

Cho tam giac ABC vudng tai A, géc nhon B=a. Véi géc a: AC

. si
* V6imoigécnhon o: O <sinox < 1;0<cosax < 1;tano-cotax =1; tanox = p
cos

canh huyén

r_[ 2. Ti s6 lugng giac ciia hai géc phu nhau ]

-

Néu ot + 8 = 90° thi: sino = cosfB; cosa =sinf3; tana = cot§; coto = tanf3.

/_[ 3. Ti s6 lugng giac ciia cac goc diic biét ]

o 30° | 45° | 60°
sin l Q é
2 2, 2
Cos & ﬁ Q 1
2 2 2
tan ¢ \/T§ 1 V3
cotar | V3 1 ?

khi biét ti s6 luong gidc.

&

C6 thé dung mdy tinh cAm tay (ché do don vi P9) dé tinh ti s6 luong gidc ctia modt géc hodc tim géc

Luu y. Ti s6 lugng gidc chi phu thudc vao do 16n cta géc, khong phu thudc vao kich thudc tam gisc
vudng. Khi géc nhon « ting thi sin @, tan ¢ ting con cos a, cot o gidm. M rong: sin® ot +cos® ot = 1.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Tinh ti s§ hrgng gidc ctia géc nhqn’

Phudng phap. Xdc dinh canh d6i, canh k&, canh huyén ting v6i géc dang xét; tinh canh con thiéu
bing dinh 1i Pythagore rdi 1ap cdc ti s6.

E
Bai 1. Cho tam gidc DEF vuodng tai D ¢6 DE = 6 cm, DF = 8 cm 6o
(hinh bén). Tinh céc ti sd lugng gidc ctia géc E va goc F.
D 8 cm F
N
lcmL\
¢ *P

Bai 2. Cho tam gidc MNP vuong tai M ¢c6 NP =3 cm, MN = 1 cm. Tinh
céc ti sd lugng gidc cua géc N, tir d6 suy ra cdc ti s6 luong gidc ctia goc P.

R
Bai 3. Cho tam gidc POR ¢6 PQ =6 cm, QR = 10 cm, RP = 8 cm. Chting Sem 10 cm
minh tam gidc POR vudng va tinh céc tf sd lugng gidc ctia géc Q.

P 6 cm Q

3
C
C
Bai 5. Cho tam gidc ABC vuong tai A c6 AB =6 cm, AC = 8 cm. Tinh
céc tf sO lugng gidc ctia géc B.

L

A
Bai 4. Cho tam gidc ABC can tai A c6 AB=AC =3 cm, BC =4 ! \
cm. Ké dudng cao AH. Tinh AH va céc ti s0 lugng gidc clia géc E
B. -
H
6

B

Dang 2. Ti s6 lugng gidc ctia hai géc phu nhau. So sanh, sip xép’

Phudng phap. D6i cdc ti sd vé cling mot loai (cling sin ho#ic cling tan) nhd tinh chat hai géc phu
nhau; roi ding: géc tidng thi sin, tan ting; cos, cot giam.

Bai 6. Viét céc ti s6 ludng gidc sau thanh ti s6 ludng gidc cta géc nhod hon 45°:
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a) sin60°; b) cos75°; ¢) tan52°30’; d) cot82°.
Bai 7. Khong dung mdy tinh, sdp xép theo thi tu ting dan: sin78°; cos14°; sin47°; cos87°.
Bai 8. Viét céc ti s6 lugng gidc sau thanh ti s6 lugng gidc ctia goéc nhd hon 45°: sin70°; cos 62°; tan 58°.

Dang 3. Tinh canh, géc ctia tam giac Vuﬁng]

Phudng phap. Chon ti s6 lugng gidc chita canh da biét va canh can tim; tim géc khi biét hai canh
bing mdy tinh (sin~!, cos !, tan—1), Iam tron dén phiit.

C
R 40°
Bai 9. Cho tam gidc ABC vudng tai A ¢c6 AB =21 cm, C =40°. Tinh
AC, BC (1am tron dén hang phan tram).
A 21 cm B
C
Bai 10. Cho tam gidc ABC vuong tai A ¢c6 AB =9 cm, AC = 12 cm. Tinh > em
s6 do cdc géc B va C (1am tron dén phut).
A 9cm B
C
Bai 11. Cho tam gidc ABC vudng tai A ¢c6 AB = ¢ va C = 60°. Tinh 60"
AC, BC theo c.
A® c °B

Bai 12. Cho tam gidc ABC vudng tai A ¢6 BC = 10 cm, B = 35°. Tinh AB, AC (Iam tron dén hang phin
tram).

Dang 4. Tinh gia tri biéu thitc

Phudng phap. Dung bang gid tri diic biét va tinh chit hai géc phu nhau; nhém cac cip géc phu nhau
dé dugc sino — cos(90° — ) = 0, tan @ - tan(90° — o) = 1.

Bai 13. Tinh gi4 tri c4c biéu thic:

a) sin30° + cos 60°; b) tan45° - cot45° + sin245°;
tan40°
¢) 25in30° — /3 tan 60°; d) $in35° — c0s 55° 4+ ot
cot50°

Bai 14. Tinh A = sin?30° + cos?30° + tan45°.
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lDang 5. Bai toan thuc té

Phuong phap. V& hinh mo ta, x4c dinh tam gidc vudng, géc da biét (g6c nang, géc nghiéng) va chon
ti s6 lugng giéc thich hop.

B
Bai 15. Mot ¢ot ¢ cao 10 m ¢6 bong trén mit dit dai 15 m.
Tinh géc tao bdi tia ndng mit trdi v6i mit dat (1am tron dén 10m
phiit).
o
A / C
15m

B
Bai 16. Mot chiéc thang dai 4 m dua vao tudng, tao v6i mit dat mot
g6c 65°. Hoi dau thang cham tudng & do cao bao nhiéu mét (1am tron 4m
dén hang phan trim)?

65°
A C
Bai 17. Mot tau ngdm dang & trén mit bién bit diu 1in theo N ,_I.(
dutng thing tao véi mit nuéc mot géc 21°. Khi tau di dude 2! : Y
RV A A 300 !

300 m theo duong ldn thi tau ¢ d sdu bao nhi€u mét (lam m\» !
tron dén hang phan mudi)? T

A
Bai 18. Mot chiéc thang dai 5 m dua vao tudng. DE an toan, thang
phai tao v6i mit dat goc tir 65° dén 75°. Ngudi ta dit chan thang céch 5m
tuong 1,55 m. Hoi thang c6 dugc dit an toan khong? Khi d6 dau
thang cham tudng & dd cao bao nhiéu (lam tron dén hang phan trim)? 72°

cC B

Dang 6. Bai tap ning cao

: chia ca tif va mau

) sin o
Phuong phap. Ding sin? a + cos® o = 1 (suy tit dinh 1i Pythagore), tan o = o
Ccos
cho cos & dé dua biéu thiic vé theo tan o.

Bai 19. Cho g6c nhon .

a) Chtng minh sin® o+ cos? ot = 1.

b) Biét sina = 0,6. Tinh cosa, tan &, cot t.
sin o + cos o
sina —cosa’
Bai 21. Tinh A = sin® 10° 4 sin®20° 4 sin? 30° + - - - 4 sin? 80°.
3sina —2cosQ

sinot +cosa

Bai 20. Cho géc nhon ¢ cé tano = 2. Tinh P =

Bai 22. Cho gbéc nhon & c6 tanox = % Tinh
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B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. Cho tam gidc ABC vuong tai A. Khdng dinh nao sau diy ding?

A AB A AB
A.sinB = —C B.sinB=— C.sinB = —C D.sinB=—
BC BC AB AC
Cau 2. Cho tam gidc ABC vuodng tai A. Khdng dinh nao sau diy ding?
AC AB AB AC
A.cosB=— B.cosB=— .cosB=— D.cosB=—
cos BC Ccos BC C. cos ac Ccos 1B
Cau 3. Cho tam gidc ABC vudng tai A. Khing dinh nao sau diy ding?
AC AB AB AC
A.tanC="— B.tanC = -2 tanc =28 D. tanc = €
tanC 1B tanC BC C.tanC ac tanC BC
Cau 4. Cho tam gidc ABC vudng tai A ¢c6 AB =3 cm, AC =4 cm. Gid tri cia sinB la
3 3 4 4
A. - B. - C.- D. -
5 4 3 5
Cau 5. Cho o+ = 90°. Khéng dinh nao sau day ding?
A.sina@ =sinf3 B.sina = cos 3 C.tana =tanf} D. cosa = cosfB
Cau 6. Hé thic nao sau day sai?
A. sin40° = cos 50° B. tan40° = cot50°
C. cos40° = sin50° D. sin40° = sin50°
Cau 7. Gid tri cta biéu thiic sin48° — cos42° bing
Al B. 2sin48° C.0 D. -1
Cau 8. Gia tri cua tan30° la
V3 1 V3
A. V3 B. — C. - D. —
V3 3 2 2
Cau 9. Gia tri ciia cos60° 1a
1 V3 V2
A. - B. — C.— D. V3
2 2 2 V3
Cau 10. Cho tam gidc ABC vudng tai A ¢6 BC = 10 cm, B =30°. Do dai canh AC la
A. 53 cm B. 10v/3 cm C.5cm D. 20 cm
2
Cau 11. f® Cho géc nhon  c6 tan ox = 3. Gid tri cia w la
; s sino — cos & .
A. - B. - . D. -
3 2 c.7 2
A ) o T 5
Cau 12. Cho g6c nhon & ¢6 sino 4 cos o = 5 Gid tri ctia sinxcos & la
12 24 49 7
A. — B. — C.— D. —
25 25 50 10
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‘Dang 2. Tric nghiém diing — sai’

Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).
Cau 13. Cho tam giac POQ vudng tai P, duong cao PH.

) PO
0o=—.

a) sin 00
PH

b) sinO=—.
) sin OP
& cosQ PH
cosQ = —.
PQ

H

d) tanO = 0—
PH

Y a) b) c)

d)

b/S

Cau 14. Cho tam giac ABC vudng can tai A c6 AB=AC =2 cm.

a) BC =22 cm.

2
b) sinB = £
2
¢) tanB=1.
d) cosC = V2.

Y | a | b c)

d

b/S

Cau 15. Cho tam gidc ABC vudng tai A c6 AB =6 cm, BC =10 cm.

a) AC =8 cm.
b) sinC = 0.6.
¢) tanB =0,75.
d) B~ 53°.

Y | a | b c)

d)

b/S

Cau 16. Xét tinh ding, sai:
a) sin25° = cos65°.
b) tan35°-tan55° = 1.
¢) cos20° < cos40°.
d) sin?25° +sin65° = 1.

Y a) b) c)

d)

b/S
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lDang 3. Tric nghiém tra 15i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Cho tam gidc ABC vudng tai A, AB =4 cm, BC =7 cm. Tinh sinC (lam tron dén hang phan
tram).

Tra 10i:

Cau 18. Cho tam gidc ABC vudng tai A, AB =4 cm, AC = 3 cm. Tinh tanB.
Tra loi:

Cau 19. Cho tam gidc MNP vudng tai M, MN = 6 cm, MP = 8 cm. Tinh sinP.
Tra loi:

Cau 20. Cho tam gidc OPQ vuong tai P, dudng cao PH, OH =2 dm, QH = 8 dm. Tinh tan O.
Tra loi:

Cau 21. f® Tinh tan 1° - tan2° - - - tan 88° - tan 89°.
Tra 10i:

Cau 22. B8 Mot chiéc thang dai 5 m dit tao v6i mit dat goc 70°. Chan thang cdch tudng bao nhiéu mét
(lam tron dén hang phan trim)?

Tra 10i:
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| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. Tinh ti s§ hrgng gidc ctia géc nhgn’

C
Bai 1. Cho tam gidc ABC vudng tai A ¢c6 AB =5 cm, AC = 12 cm. Tinh Dem
céc tf s6 lugng gidc ctia géc B.
A 5em B

Bai 2. Cho tam gidc ABC vudng tai A ¢c6 AB =3 cm, BC =5 cm,
dudng cao AH. Tinh sin B bing hai c4ch.

Bai 3. Cho géc nhon o ¢6 sino = 0,6. Tinh cos @ va tan o.

Dang 2. Ti s lugng giac ctia hai géc phu nhau. So sanh, sip xép

Bai 4. Viét thanh ti s lugng gidc ctia géc nhd hon 45°: sin72°; cos68°; tan80°; cot55°.
Bai 5. Sép xép theo thit tu tdng dan: tan42°; cot71°; tan38°; cot69°.
Bai 6. Tinh sin®25° + sin® 65°.

Dang 3. Tinh canh, géc ctia tam gidc vuong

C
Bai 7. Cho tam gidc ABC vudng tai A ¢c6 BC = 12 cm, B = 35°. 12 em
Tinh AC, AB (1am tron dén hang phan trdm).
35°
A B
C
Bai 8. Cho tam gidc ABC vuodng tai A c6 AB =5 cm, AC =7 cm. Tinh B T em

(lam tron dén phait).
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Bai 9. Cho tam gidc ABC vuodng tai A c6 AB =5 cm, AC = 12 cm. Tinh s6 do géc B (1am tron dén dd).

‘Dang 4. Tinh gia tri biéu thic

tan 18°

Bai 10. Tinh: a) sin60° - cos 30° 4 sin30° - cos 60°; b)
cot72°

+sin25° — cos 65°.

Bai 11. Tinh B = tan20° - tan 70°.
Dang 5. Bai toan thuc té"

A\

Bai 12. Mot thanh chdng dai 2,5 m hgp vé6i tuong thing ding mot
g6c 40°. Tinh khodng céch tir chin thanh chéng dén tudng va do
cao diém tua trén tudng (lam tron dén hang phan trdm).

1N NN N NN
=

o>
~

Bai 13. Vao budi chiéu, tia ning tao v6i mit dat géc 30° thi

béng ctia mot thdp dong hod trén mit dat dai 30 m. Tinh chiéu

cao cua thp (1am tron dén hang phan mudi). 0 P g
A 30m

Bai 14. Béng ctia mot cAy trén mit dat dai 12 m, tia ndng tao v6i mit dit géc 40°. Tinh chiéu cao clia ciy

(lam tron dén hang phan trim).

‘Dang 6. Bai tap nang cao

5
Bai 15. Cho g6c nhon o c6 cos o = 'ER Tinh sin ¢, tan ¢, cot cx.

2sin ¢t — cos &

Bai 16. Cho tanx = 3. Tinh Q = — .
Sin & + cos &

7
Bai 17. Cho géc nhon & ¢6 sina +cos @ = 5 Tinh sina - cos .

B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. Cho tam gidc ABC vuodng tai A. Khi d6 cosC bing

A A8 A c. A p. A€
BC BC AC AB
Cau 2. Cho tam gidc ABC vudng tai A. Khi d6 tan B bing
AB AC AB AC
. — B. — C. — D. —
AC BC BC AB
Cau 3. Cho tam gidc ABC vudng tai A c6 AB =15 cm, BC = 13 cm. Gid tri cosB 1a
5 12 5 12
A — B. — . — D. —
13 13 ¢ 12 5
Cau 4. Gia tri caa sin30° [a
AV B, Y2 c.: D. 1
2 2 2
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Cau 5. Gia tri cia tan45° la

2
A V2 B. 1 C.\3 p. Y3
2 3
Cau 6. cos50° bing
A. sin40° B. cos40° C. tan40° D. sin50°
Cau 7. Cho o + B = 90°. Hé thiic nao sau ddy khong ding?
A.sina = cos f3 B. tanax = cot 8 C.cosa =sinf3 D. tano = tan 3
Cau 8. sin60° bing
1
A = B. cos60° C. V3 D. V3
2 2
Cau 9. Khing dinh nao sau day ding?
A. sin20° > sin40° B. sin20° < sin40°
C. c0s20° < cos40° D. tan20° > tan40°
Cau 10. Cho tam gidc ABC vudng tai A ¢c6 AC = 8 cm, B =60°. Po dai BC 1a
16v/3
A. 3[ em B.8v/3 cm C.4v/3cm D. 16 cm
Cau 11. Gid tri ctia cos? 15° + cos?2 75° + sin® 20° 4 sin 70° 1a
Al B.0 C.2 D. 4
Cau 12. f¥ Cho géc nhon o c6 tan @ = 2. Gid tri ciia sin - cos & 1a
2 4 1
A.2 B. - C. - D. -
5 5 2

‘Dang 2. Tric nghiém diing — sai]
Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho tam gidc ABC vudng tai A c6 AB =3 cm, AC =4 cm.

a) BC=5cm.
b) sinB =0,8.
¢) cosC =0,6.

d) tanB-tanC = 1.

Y | a | b c) d)
/S

Cau 14. Xét tinh ding, sai:
a) sin45° = cos45°.

b) tan60° = /3.

o 1
¢) cos30 =5

d) sin30° 4+ cos60° = 1.

Y | a | b c) d)
p/S
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Cau 15. Cho géc nhon @ ¢6 sina = 0,6.
a) cosa =0,8.
b) tana = 0,75.
¢) cotax =0,75.
d) sin(90° — ) =0,8.

Y | a) | b) ¢ | d
p/S

Cau 16. Béng ctia mot thdp trén mit dit dai 30 m khi tia ndng tao v6i mit dat géc 30°.
a) Chiéu cao thdp 1a 30tan30° (m).
b) Chiéu cao thap khoang 17,3 m.
¢) Khi tia ning tao v6i mit dat géc 45° thi béng thdp dai bing chiéu cao thép.

d) Goc tao bdi tia ning v6i mit dat cang 16n thi béng thép cang dai.

Y | a) | b) o | d
p/S

Dang 3. Triic nghiém tra 1oi ngi’in’

Hoc sinh tinh va ghi két qud (la mét s6) vao é tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Cho tam gidc ABC vuong tai A, AB =5, AC = 12. Tinh sinB (1am tron dén hang phan trim).

Tra loi:

Cau 18. Tinh cos220° + cos270°.
Tra 10i:

Cau 19. Tinh 2sin30° +tan45°.
Tra loi:

Cau 20. Cho tam gidc ABC vudng tai A, BC = 20 cm, C = 30°. Tinh AB (cm).

Tra loi:

Cau 21. 808 Tinh sin?1° + sin22° + - - - + sin® 89°.
Tra 10i:

CAu 22. X8 Bong ctia mot cdy dai 15 m, tia ndng tao v6i mdt dit géc 35°. Tinh chiéu cao ciy (m, lam
tron dén hang phan mudi).

Tra loi:
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4 N\
BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION < A~ A A P r~,
TOAN © BAI 12. MOT SO HE THUC GIUA CANH,
CHUONG 1V. GOC TRONG TAM GIAC VUONG VA
HE THUC LUGNG TRONG UNG DUNG
TAM GIA 0 . : .
GIAC VUONG Ly thuyet trong tam — Bai tap trén l6p — Bai tdp vé nha — Nang cao
Nam hoc 2026 — 2027

| PHAN I. LY THUYET TRONG TAM

,_[ 1. Heé thic giita canh va goc trong tam giac vuong ]

Cho tam gidc ABC vuong tai A, BC = a, CA = b, AB = c. Khi dé: C
e hb=asinB=acosC; c¢=asinC =acosB;

e hb=ctanB =ccotC; c¢=btanC = bcotB. b a
M@i canh géc vudng bing: canh huyén nhén sin géc ddi hodc nhin
cos géc ké; canh géc vudng kia nhan tan géc ddi hodc nhan cot géc
ke.

- J

r[ 2. Giai tam gidc vudng ]

Giai tam gidc vuong 1a tim tit c4 cdc canh va géc chua biét khi biét hai canh, hodc mdt canh va mot
g6c nhon. Dung dinh 1f Pythagore, tong hai géc nhon bing 90° va cac hé thiic & muc 1.

& J

3. Mé rong N

* V6i tam gidc bat ki, ké thém dudng cao d€ tao ra cdc tam gidc vudng rodi 4p dung cdc hé thic trén.

1 ~
* Dién tich tam gidc ABC: S = EAB -BC - sinB (v6i B nhon).

o Tam gidc ABC vudng tai A, dudng cao AH: AB> =BH -BC; AH?> =BH -HC; AH-BC =AB-AC.

- J

Luu y. Trong bai todn thuc t€: géc nang 1a goc gitta tia nhin 1én va phuong ndm ngang; géc ha 1a géc
gifta tia nhin xuéng va phuong nim ngang. Chi y d6i don vi va lam tron theo yéu cau.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Giai tam giac Vuﬁng]

Phudng phap. Biét mot gée nhon thi géc nhon con lai bing 90° trir géc d6; dung hé thiic canh — géc
dé tinh c4c canh. Biét hai canh: tinh canh thi ba bing Pythagore, tim géc bing ti s6 luong gidc.

C
Bai 1. Giai tam gidc ABC vudng tai A, biét BC = 20 cm, B=35° (canh 20 em
lam tron dén hang phin trim).
35°
A B
C
Bai 2. Giai tam gidc ABC vuong tai A, biét AB = 10 cm, AC = 24 cm (gbc ot em
lam tron dén phiit).
A 10cm B
C
30°
Bai 3. Giai tam gidc ABC vudng tai A, biét AC = 10 cm, C = 30°. 10 cm
A B

Bai 4. Giai tam gidc ABC vuong tai A, biét AB =7 cm, C = 40° (d6 dai 1am tron dén hang phan trim).

Dang 2. Tinh canh, géc ciia tam giac thuong

Phudng phap. Ké dudng cao dé chia tam gidc thanh cdc tam gidc vudng; tinh dudng cao va cdc doan
trén ddy, roi dung Pythagore.

Bai 5. Cho tam gidc ABC ¢6 B = 60°, AB =6 cm, BC = 4 cm. 6
Tinh do dai AC.
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A
Bai 6. Cho tam gidc nhon ABC c6 AB = 16, AC = 14, B = 60°. Tinh 16 14
BC.
B H C
A
Bai 7. Cho tam gidc ABC c6 AB = 10 cm, B= 60°, C =45°. K& 10
dudng cao AH. Tinh AH, BC, AC (lam tron dén hang phén trdm).
60° 450
B H C

Dang 3. Tinh dién tich tam giac

1 . X . .
Phuong phap. S = 5 canh ddy - chiéu cao, trong d6 chiéu cao dudc tinh bang ti so lugng gidc; hodc

1
dung § = EabsinC.

Bai 8. Tinh dién tich tam gidc ABC ¢c6 AB =16, BC = 10, B =60° (lam
tron dén hang phan trim).

16

Bai 9. Cho tam gidc ABC can tai A ¢6 BC = 4 cm, BAC = 40°. Tinh
dién tich tam gidc (1am tron dén hang phan trim).

Bai 10. Hinh binh hanh ¢6 hai canh 6 cm, 9 cm va mot géc 60°. Tinh dién tich (1am tron dén hang phan
tram).
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lDang 4. Bai toan thuc té’

Phuong phap. V€ hinh, x4dc dinh tam gidc vudng chia dai luong can tim; chd y géc ning, géc ha;
cong thém chiéu cao mét ngudi (néu co).

B
Bai 11. Mot ¢t ¢ AB vudng goc véi mit dat ¢ béng AC = 8 m,
tia ndng tao v6i mit dit géc ACB = 50°. Tinh chiéu cao cot cd
(lam tron dén hang phan trdm). 50°
A / C
8 m
A
\ . N 2 2 A N N A N, ~ o \/ ’%0
Bai 12. Tu dinh A cia mdt toa nha cao 50 m, mot ngudi nhin ..
xudng mot chiéc 6 t6 dd tai C v6i géc ha 30°. Tinh khoang cdch ~ 50m N
BC tit chan toa nha dén 6 tO (lam tron dén hang phan mudi). Tl
B
B C
. 2 oz Tt T A o LA A B
Bai 13. Dé do khodng céch giita hai diém A, B § hai bén bo ho,
mdt ban chon diém C sao cho CA | AB, do dudc CA =50 m va som | 55°
ACB = 55°. Tinh AB (lam tron dén hang phan musi).
C
0
Bai 14. Mot cau thang cudn dai 12 m, nghiéng mot géc 30° so vGi mit fzm !
N " h
san. Cau thang dua ngudi 1€n cao bao nhi€éu mét? - !
P K

r

Bai 15. Mot con doc dai 120 m, nghiéng 8° so v6i phuong nim ngang. Di hét doc thi 1én cao thém bao
nhiéu mét (lam tron dén hang phan mudi)?
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Dang 5. Bai tap ning cao

Phuong phap. Dit 4n 1a dai lugng chung (chiéu cao) rdi bi€u dién cdc doan khdc qua an bing tan,
cot; 1ap phuong trinh tir quan hé do dai.

) A

Bai 16. Hai con thuyén P, Q cach nhau 300 m va /,/::'/
thdng hang véi chan B cia mot ngon hai ding AB. /,/’/ a2
Tu P va Q nhin dinh A v6i cdc géc nang 1an lugt 30° et C
va 45° (P xa hai ding hon Q). Tinh chiéu cao ngon R \ © c
hai ding (1am tron dén hang phin mudi). P 0 B

>

300 m
Bai 17. Hai tru dién clng chiéu cao i dung théng ding & \\\ /,/’/
hai bén 1& dbi dién ctia mot dai 10 rong 80 m. T mot diém I e h
M trén mit dudng giiia hai tru, ngudi ta nhin thiy dinh hai A 7
tru v6i cdc géc ndng 60° va 30°. Tinh chidu cao k va vi tri AN
cua M. M
80 m

Bai 18. Cho tam gidc ABC vuodng tai A, dudng cao AH. Chiing minh
AH = BC-sinB-cosB.

A B

1
Bai 19. Cho tam giac nhon ABC. Chitng minh dién tich S = EAB -AC - sinA.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chon

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cdu van dung cao.
Cau 1. Cho tam gidc ABC vudng tai A. HE thiic nao sau day ding?

A.AC = BCcosB B.AC = ABsinB C.AC = BCsinB D. AC = BCtanB
Cau 2. Cho tam gidc MNP vudng tai N. H¢ thic nao sau day ding?

A. MN = MPsinM B. MN = MPcosM C.MN = NPsinP D. MN = MPtanP
Cau 3. Tam gidc ABC vuodng tai A c6 AC = 8 cm, B =60°. bo dai BC 1a

1613

A. 16 cm B. 8v/3 cm C. 3 cm D. 4v/3 cm
Cau 4. Tam gidc ABC vudng tai A c6 AC = 10 cm, C = 30°. b6 dai AB la
1
A.5cm B. O;/§ cm C.10v/3 cm D.20 cm
Cau 5. Tam gidc ABC vudng tai A c6 AC = 20 cm, C = 60°. Khi d6
A.AB =20v/3 cm; BC =40 cm B.AB = 10v/3 cm; BC = 40 cm
C.AB =20 cm; BC =20/3 cm D.AB =10 cm; BC = 10/3 cm
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Cau 6. Tam gidc ABC vuong tai A, duong cao AH, BH = 1,8 cm, BC = 5 cm. D9 dai AB la

A.9cm B.3 cm C.4cm D. 2,4 cm
Cau 7. Tam gidc ABC c6 B = 60°, AB=6cm, BC =4 cm. bo dai AC la
A.2v/7 cm B.2V13 cm C.v28+1cm D.5cm
Cau 8. Tam gidc ABC vuodng tai A c6 AB =3 cm, AC = 4 cm, dudng cao AH. Do dai AH 1a
A.5cm B.3,5cm C.1,8cm D. 2,4 cm
Cau 9. Tam gidc ABC vuong tai C c6 AB =4 cm, B =60°. Dién tich tam gidc la
A. 2¢/3 cm? B. 4y/3 cm? C. 8 cm? D. /3 cm?
Cau 10. Tam gidc nhon ABC ¢c6 AB =16, AC = 14, B =60°. bo dai BC 1a
A.6 B. 8 C.12 D. 10
Cau 11. f® Tam gidac ABC ¢6 AB = 10, B= 60°, C = 45°, Do dai BC xap xi
A. 12,25 B. 15 C. 13,66 D. 8,66
Cau 12. ¥ Tam gidc ABC vudng tai A, dudng cao AH, BC = 10, B = 30°. b6 dai AH 1a
A.S B.5V3 C. g D. %g

lDang 2. Tric nghiém diing — sail

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho tam gidc ABC vudng tai A c6 B = 40°, BC = 10 cm.
a) AC = 10sin40°.
b) AB = 10cos50°.
c) C=50°.
d) AC~ 6,43 cm.

Y | a | b c) d)
p/S

Cau 14. Mot chiéc thang dai 4 m dua vao tudng thdng ding, ban
diu tao v6i mit dat géc 60°. Sau d6 chan thang truct ra xa, thang
tao v6i mit dat goc 45°.
N Lic da La
a) Ban dau chan thang cach tudng 2 m. B pet e
b) Ban diu dau thang & dd cao khoang 3,46 m.

¢) Sau khi truct, dau thang & do cao khoang 2,83 m.

d) Dau thang da tut xuéng hon 1 m.

Y | a | b ¢ | d
p/S
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Cau 15. Cho tam giac ABC vuong tai A c6 BC =26 cm, AB =10 cm,
duong cao AH.

a) AC =24 cm.
b) AH ~ 9,23 cm.

5
inB=—.
¢) sin E

d) BH ~ 3,85 cm.

Y | a | b c) d)
p/S

Cau 16. Hai thuyén P, Q cdch nhau 300 m, thdng hang véi chan B ctia hai ding AB cao h; géc nang nhin
dinh A tir P 12 30°, tir Q 12 45° (Q gan hai ding hon).

a) OB = h.
b) PB=hV3.

¢) h~409,8 m.

d) Thuyén Q céch chin hai ding hon 500 m.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 10i ngfm]

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

CAu 17. Tam gidc ABC ¢6 B = 78°, dudng cao AH = 10 cm. Tinh AB (cm, 1am tron dén hang phin trim).

Tra 10i:

Cau 18. Mot canh diéu c6 day dai 150 m, day tao v6i mit dat géc 50°. Tinh do cao cta diéu (mét, ]am
tron dén hang phan mudi).

Tra 10i:

CAu 19. Tinh dién tich tam gidc ABC ¢6 AB = 16, BC = 10, B = 60° (1am tron dén hang phin trim).

Tra 10i:

Cau 20. Mot cau thang cudn dai 15 m nghiéng géc 30° so v6i mit san. Cau thang dua ngudi 1én cao bao
nhiéu mét?
Tra loi:

Cau 21. f8 Hinh binh hanh ¢6 hai canh 6 va 9, mdt géc 60°. Tinh dién tich (1am tron dén hang phan
tram).

Tra loi:
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Cau 22. @8 Tu dinh thdp cao 60 m nhin thuyén dudi géc ha 20°. Khoéang céch tir thuyén dén chin thap
(m, 1am tron dén hang phan mudi)?

Tra 10i:

PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Giai tam giac Vuﬁng]

(&
Bai 1. Giai tam gidc ABC vuodng tai A, biét AB =7 cm, B =40° (canh
lam tron dén hang phan trim).
40°
A " 7 cm B
C
Bai 2. Giai tam gidc ABC vudng tai A, biét AB =6 cm, BC = 10 cm. 10 em
A‘ 6 cm B

Bai 3. Giai tam gidc DEF vuodng tai D, biét DE =9 cm, DF = 12 cm (géc 1am tron dén do).

Dang 2. Tinh canh, géc ctia tam giac thuong

A

Bai 4. Cho tam gidc ABC c6 B= 45°, C= 30°, dudng cao AH =
6 cm. Tinh AB, AC, BC.

6
45°

H

Dang 3. Tinh dién tich tam giac

Bai 5. Tinh dién tich tam gidc ABC c6 AB= 8 cm, AC =5 cm, A=060°. o

A B

8cm

Bai 6. Cho tam gidc ABC ¢c6 AB =8 cm, AC = 10 cm, A =30°. Tinh dién tich tam giac.
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lDang 4. Bai toan thuc té

Bai 7. Mot canh diéu c6 day dai 120 m, day tao v6i mit dat goc
40°. Tinh d0 cao ctia diéu so v6i mit dat (1am tron dén hang phan
muoi).

Bai 8. Mot toa thép ¢6 béng trén mit dat dai 15 m, tia ning tao vGi mit
dit géc 55°. Tinh chiéu cao toa thdp (1am tron dén hang phan mudi).

Bai 9. Mot nha tré thiét ké cau trudt c6 do cao 1,8 m, mang trudt
nghiéng v6i mit dit géc 35°. Tinh d6 dai méang truct (1am tron dén
hang phan trim).

1,8 m

35° S

A

Bai 10. Tir dinh mot ngon thap cao 50 m, ngudi ta nhin mot chiéc thuyén dudi géc ha 25°. Tinh khoang

céch tir thuyén dén chan thap (1am tron dén hang phan mudi).

Dang 5. Bai tap nang cao]

Bai 11. Cho tam gidc ABC vudng tai A, AB =3 cm, AC =4 cm,
dudng cao AH, phan giac AD (D € BC). Tinh AH, BH, BD,
HD.

Bai 12. Tu san thugng mdt toa nha cao 20 m, mot ngudi nhin dinh
mot cOt dng-ten vGi gée nang 30° va nhin chan cot vé6i goc ha 45°.
Tinh chiéu cao cOt dng-ten (1am tron dén hang phan mudi).

4 cm

3cm

20 m

Bai 13. Cho tam gidc ABC vuodng tai A, duong cao AH. Chting minh AH = BC -sinB - sinC.
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B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4an hra chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.
Cau 1. Trong tam giac vudng, mdi canh géc vudng bing
A. canh huyén nhan sin géc ddi B. canh huyén nhén cos géc dbi
C. canh huyén nhén tan géc ddi D. canh g6c vudng kia nhan cot géc d6i

Cau 2. Cho tam gidc ABC vudng tai A. H¢ thiic nao sau day ding?

A.AB=ACtanB B.AB = BCsinB C.AB =ACtanC D.AB = BCcosC
Cau 3. Tam gidc ABC vudng tai A c6 BC =12 cm, B =30°. Do dai AC Ia
A.6v/3 cm B.6cm C.4v/3cm D. 12 cm

Cau 4. Tam gidc ABC vuodng tai A c6 AB =5 cm, C =45°. bo dai AC la
5V2

A.5cm B.5v2cm C. Tcm D. 10 cm
Cau 5. Tam gidc ABC vuodng tai A c6 AB =6 cm, AC = 8 cm. S6 do géc C khoang
A.53° B. 47° C.43° D. 37°
Cau 6. Dién tich tam gidc ABC c6 AB =6 cm, AC = 10 cm, A=30°1a
A. 30 cm? B. 15v/3 cm? C.15cm? D. 30v/3 cm?
Cau 7. Mot toa nha c6 béng trén mit dit dai 40 m, tia ndng tao v6i mit dat géc 35°. Chiéu cao toa nha
khoang
A.229m B.28 m C.32,8m D.57,1 m

Cau 8. Mot chiée thang dai 3 m dwa vao tudng, tao v6i mit dit géc 70°. Pau thang & do cao khoang
A.2,82m B.1,03m C.824m D.2,5m

Cau 9. Mot mdy bay cit canh theo dudng thing tao v6i mit dat géc 20°. Khi bay dudce 10 km thi may bay
6 do cao khoang

A. 9,4 km B. 3,64 km C.2km D. 3,42 km
Cau 10. Tam gidc nhon ABC ¢6 AB = 10 cm, B =60°. D0 dai duong cao AH 1a

A.5cm B.5v/3 cm C.10v/3 cm D.5v2cm
CAu 11. (8 Tam gidc ABC ¢6 AB = 6, AC = 8, A = 45°. Dién tich tam gidc 1a

A.24 B. 24/2 C.12V2 D. 12

Cau 12. Con dbc dai 150 m, nghiéng 6° so véi phuong ngang. DO cao ctia doc xap xi
A. 157 m B. 1492 m C.1,6m D. 149 m

IDz_mg 2. Tric nghiém diing — sail

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
CAu 13. Cho tam gidc ABC vudng tai A 6 BC = 8§ cm, C = 30°.

a) AB=4cm.
b) AC =4+/3 cm.
¢) B=60°.
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d) Dién tich tam gidc ABC 1a 16/3 cm?.

Y | a) | b) ¢ | d
p/S

Cau 14. Mot canh diéu ¢6 day dai 150 m, day tao v6i mit dat géc 50°.
a) Do cao cia diéu 1a 150sin50° (m).
b) DO cao ctia diéu khoang 114,9 m.
¢) Néu géc 1a 60° (day khong ddi) thi diéu bay cao hon.
d) Khoang cich theo phuong ngang tlif ngudi tha dén diéu la 150tan50° (m).

Y | a | b c) d)
p/S

Cau 15. Dé do khoang céch AB qua hd, chon C sao cho CA | AB,
CA =40 m, ACB = 60°.

a) AB =40tan60°.

b) AB = 69,3 m. 4,
¢) BC =80 m. 40m | 60°
d) Néu ACB = 45° thi AB = 40+/2 m.

Y | a | b c) d)
p/S

CAau 16. Mot xe ciu c6 can truc dai 20 m, gdc can dit & do cao 2 m so v6i mit dat.
a) Khi can nghiéng 60° so véi phuong ngang, dinh can cao khoéng 19,3 m.
b) Khi can nghiéng 45°, dinh can cao khoang 16,1 m.

¢) Khi can nghiéng 60°, khodng céch ngang tit gbc can dén dinh can 1a 10 m.

d) Géc nghiéng cang 16n thi khoang céch ngang tir gbc can dén dinh can cang I6n.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mot s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

CAu 17. Tam gidc ABC vudng tai A, BC = 15 cm, B = 40°. Tinh AC (cm, 1am tron dén hang phin trim).

Tra loi:

Cau 18. Tam gidc ABC vudng tai A, AB =9 cm, AC = 12 cm. Tinh B (d0, 1am tron dén hang don vi).

Tra 10i:
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Cau 19. Tinh dién tich tam gidc ABC c6 AB =8 cm, AC =5 cm, A = 60° (cm?, 1am tron dén hang phan
tram).

Tra loi:

Cau 20. Mot toa thap ¢6 bong dai 15 m, tia ndng tao v6i mat dit géc 55°. Tinh chiéu cao thdp (mét, lam
tron dén hang phan mudi).

Tra 10i:

Cau 21. @ Tam gidc DEF vuong tai D, DE =9, DF = 12. Tinh E (d0, 1am tron dén hang don vi).
Tra loi:

CAu 22. 09 Tam gidc ABC vuodng tai A, AB =7, C = 40°. Tinh BC (1am tron dén hang phin trdm).
Tra loi:
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PUGNG TRON Ly thuyét trong tam — Bai tap trén 16p — Bai tdp vé nha — Nang cao
Ndm hoc 2026 — 2027
S J

| PHAN I. LY THUYET TRONG TAM

| 1. Dudng tron. Vi trf ciia mdt diém déi véi dudng tron |

* Pudng tron tdm O béan kinh R (R > 0), ki hiéu (O;R), 1a hinh
gdm tét cd cdc diém cdch O mot khoang biang R.

e Véi diém M va dudng tron (O;R):
OM < R: M ndm trong dudng tron;
OM = R: M thudc (ndm trén) dudng tron;
OM > R: M ndm ngoai dudng tron.

,_[ 2. Tinh chit dbi xing ctia dudng tron }

« Pudng tron 1a hinh c¢6 tAm déi xing; tAm clia dudng tron 1a tAm ddi xting ctia né.

« Pudng tron 1a hinh c6 truc déi xing; mdi dudng thing di qua tAm (chtta mot dudng kinh) 1a mot
truc déi xtng ctia no.

e Doan théng ndi hai diém cta dudng tron goi 1a diy; day di qua tim 1a dudng kinh. Dudng kinh
dai gip doi ban kinh va 1a day 16n nhat.

& J

3. Mé rong N

e Ba dinh clia tam gidc vuong ciing thudc dudng tron c6 tAm 1a trung di€ém canh huyén, ban kinh
bing nita canh huyén.

 Bon dinh cta hinh chit nht ciing thudc dudng tron ¢ tdm 12 giao diém hai dudng chéo.

e Néu OM | AB v6i AB 1a day cta (O) thi M la trung di€ém ctia AB va ngudc lai (v6i AB khong di
qua tam).

Luu y. Dé chiing minh nhiéu diém cuing thudc mot dudng tron, ta chi ra mot diém cach déu cic diém
d6 (thudng 1a trung diém canh huyén ctia c4c tam gidc vudng c6 chung canh huyén). Trong mit phing
toa do, diém M (x;y) céch gbc O mot khoang OM = +/x2 +y2.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Vi tri cia mét diém déi véi dudng tron

Phuong phap. Tinh khoang céch tir diém dén tAm rdi so sdnh véi ban kinh.

Bai 1. Trong mit phing toa do Oxy, cho dudng tron (O;3) va céc

>
diém A(3;0), B(—2;0), C(0;4), D(2;2). Xéc dinh vi trf ciia mdi \A .

y/
diém d6i v6i dudng tron. QJ x

Bai 2. Cho dudng tron (0;5 cm) va ba diém M, N, P v6i OM = 3 cm, ON =5 cm, OP = 7 cm. Mbi diém
ndm trong, ndm trén hay ndm ngoai dudng tron?

Bai 3. Cho dudng tron (O;5 cm) va ba diém A, B, C v6i OA = 3 ¢cm, OB = 5 cm, OC = 7 cm. Xéc dinh
vi trf cia mdi diém ddi véi dudng tron.

Dang 2. Chitng minh cac diém cing thudc mot dudng tron

Phuong phap. Chi ramot diém céch déu cdc diém da cho. Hay dung: trung tuyén ing véi canh huyén
bing nita canh huyén; hai dudng chéo hinh chit nhat bing nhau va cit nhau tai trung diém mdi dudng.

A B
Bai 4. Cho hinh chit nhiat ABCD c¢6 AB = a, BC = b. Chiing minh
bdn diém A, B, C, D cung thudc mdt dudng tron. Tinh ban kinh ctia s
dudng tron doé.
D c

Bai 5. Cho tam giac nhon ABC, céc dudng cao BD va CE cit
nhau tai H. Goi M 1 trung diém ctia BC.
a) Ching minh bbn diém B, E, D, C cung thudc dudng
tron tam M.

b) Chiing minh bdn diém A, E, H, D cung thudc mot
duong tron.

Bai 6. Cho tam gidc ABC vuodng tai A ¢c6 AB =6 cm, AC = 8 cm.
Chiing minh ba diém A, B, C cung thudc mdt dudng tron. Tinh ban K :
kinh dudng tron do. ) ‘
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Bai 7. Cho tt gidc ABCD ¢6 A = C = 90°. Chting minh bén
diém A, B, C, D cung thuoc mot dudng tron.

Dang 3. Tinh b4n kinh, d dai lién quan dén dudng tron

Phudng phap. X4c dinh tAm (trung diém canh huyén, giao diém dudng chéo, giao diém cdc dudng
trung truc) roi tinh ban kinh bing dinh 1f Pythagore hoic ti s6 Iugng giéc.

Bai 8. Cho tam gidc déu ABC canh 6 cm. Tinh bén kinh dudng tron
di qua ba dinh cta tam giic.

Bai 9. Tinh ban kinh dudng tron di qua bdn dinh cta hinh vudng canh 4 cm.
Bai 10. Tinh ban kinh dudng tron di qua bdn dinh ctia hinh chit nhat ¢6 kich thude 6 cm x 8 cm.

Dang 4. Bai toan thuc té

Phuong phap. M6 hinh ho4 céc vi trf bing céc diém; diém cdch déu ba vi trf 12 tAm dudng tron di
qua ba diém do.

Bai 11. Ba ngdi nha A, B, C ndm 6 ba vi trf tao thanh tam gidc ' \
vudng tai A v6i AB = 6 km, AC = 8 km. Ngudi ta mudn dit mot ek M ‘
tram phét séng cach déu ba ngdi nha. Xéc dinh vi trf dit tram . :
va khodng céch tif tram dén mdi ngdi nha. | ’

~ -

phét séng cach déu ba ngdi nha. Xdc dinh vi tri tram va khodng cach tif tram dén mdi nha.

Dang 5. Bai tap nang cao

Phudng phap. Dung tinh chit tam gidc cAn (OA = OB = R), dinh i Pythagore va bét déng thic tam
gidc.

Bai 13. Cho dudng tron (O;R) va diy AB khong di qua tim. Goi M
12 trung diém ctia AB.
a) Chtng minh OM 1 AB.
b) Cho R =5 cm, AB =8 cm. Tinh OM. AN M 8
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Bai 14. Cho dudng tron dudng kinh BC. Chiing minh ring v6i moi di€ém A (khdc B, C) ndm trén dudng
tron thi BAC = 90°.

Bai 15. Chitng minh ring trong cdc diy ctia mot dudng tron, dudng kinh 1a diy 16n nhit.

Bai 16. Cho dudng tron (0; 10 cm) va diém M v6i OM = 6 cm. Tim d0 dai diy ngdn nhat di qua M.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chon

Moi cdu héi chi cé6 mot phuong an diing. Céau ¢é nhan la cau van dung cao.

Cau 1. TAm ddi xdng ctia dudng tron 1a

A. tam cta dudng tron B. mot diém bat ki trén dudng tron
C. trung diém mdt day bat ki D. khong c6 tAm dbi xting
CAu 2. Dudng tron ¢6 bao nhiéu truc dbi xting?
Al B.2 C. Vo sd D. Khéng c6
Cau 3. Cho dudng tron (0;5 cm) va diém M v6i OM = 4 cm. Khi d6
A. M ndm ngoai dudng tron B. M ndm trong dudng tron
C. M thudc dudng tron D. khong xdc dinh dugc
Cau 4. Cho dudng tron (O;R) va diém M v6i OM = R. Khi d6
A. M nidm ngoai dudng tron B. M nidm trong dudng tron
C. M thudc dudng tron D. M trung O
Cau 5. Trén mit phéng toa do Oxy, diém A(—1; —1) va dudng tron (0;2) c6 vi tri
A. A ndm trong dudng tron B. A nim ngoai dudng tron
C. A thudc dudng tron D. A trung tam
Cau 6. Tam gidc vudng c6 hai canh géc vuong 6 cm va 8 cm. Ban kinh dudng tron di qua ba dinh 1a
A.10cm B.7 cm C.14cm D.5cm
Cau 7. Ban kinh dudng tron di qua bdn dinh ctia hinh chit nhat kich thuéc 3 cm x 4 cm 1a
A.5cm B.2,5cm C.3,5cm D.7 cm

Cau 8. Dy 16n nhét ctia dudng tron ban kinh 3 cm c6 do dai
A.6cm B.3 cm C.9cm D.1,5cm

Cau 9. Ban kinh dudng tron di qua bdn dinh ctia hinh vudng canh 2 cm 1a
A.2cm B.1cm C.v/2cm D.2v2 cm

Cau 10. Bén kinh dudng tron di qua ba dinh ctia tam gidc déu canh 3 cm 1a

V3

A.3 cm B.3v/3 cm C. > cm D. /3 cm
Cau 11. f® Tam gidc ABC vudng tai A c6 AB =9, AC = 12. Ban kinh dudng tron di qua A, B, C la
A. 15 B.7,5 C.6 D. 10,5

CAu 12. B8 Trong céc diém M (3;4), N(4;4), P(—3;—4), O(1;4), s6 diém ndm trén dudng tron tim O
ban kinh 5 la
Al B.3 C.2 D.4
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lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).

Cau 13. Trén mit phéng toa d6 Oxy, cho dudng tron (0;5).
a) Diém A(3;4) thudc dudng tron. y C
b) Diém B(—4;2) nim ngoai dudng tron. ‘s
¢) bieém C(

5;5) ndm ngoai dudng tron.
d) biém D(0;—5) thudc dudng tron.

Y | a | b ¢) d)
p/S

Cau 14. Cho hinh chit nhat ABCD c6 AB =8 cm, BC = 6 cm.
a) Bon diém A, B, C, D cliing thudc mot dudng tron.
b) Tam dudng tron d6 la giao diém hai dudng chéo.
¢) Bdén kinh dudng tron d6 1a 10 cm.

d) Dién tich hinh tron d6 1a 257 cm?.

Y | a | b c) d)
p/S

Cau 15. Cho tam gidc nhon ABC, c4c dudng cao BD, CE cit nhau tai H.
a) Bon diém B, C, D, E cung thudc mot dudng tron.
b) Tam dudng tron di qua B, C, D, E 1a trung diém ctia BC.
¢) Bé6ndiémA, D, H,E cung thudc dudng tron dudng kinh AH.
d) Bén kinh dudng tron di qua B, C, D, E bing BC.

Y | a | b c) d)
p/S

Cau 16. Cho dudng tron (O;R), ddy AB khong di qua tAm, M 1a trung diém AB.
a) OM | AB.
b) NéuR =5 cm, AB = 8 cm thi OM =3 cm.
¢) NéuR =13 cm, AB=24cmthi OM =12 cm.
d) AB <2R.

Y | a | b ¢ | d
p/S
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lDang 3. Tric nghiém tra 15i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Cho dudng tron (0; 13 ¢cm), ddy AB = 24 cm. Tinh khodng cdch (cm) tit O dén AB.
Tra loi:

Cau 18. Tam gidc vudng c6 hai canh géc vuoéng 5 cm va 12 cm. Tinh ban kinh (cm) dudng tron di qua ba
dinh.
Tra loi:

Cau 19. Tinh dudng kinh (cm) ctia dudng tron di qua bdn dinh hinh chit nhat 6 cm x 8 cm.

Tra 10i:

Cau 20. C6 bao nhiéu diém trong cédc diem A(1;1), B(2;2), C(3;0), D(0;—4) nim trong dudng tron
(0:3)?

Tra 10i:

Cau 21. @8 Tinh ban kinh dudng tron di qua bon dinh ctia hinh chit nhat 12 cm x 16 cm.

Tra loi:

Cau 22. @8 Tinh ban kinh dudng tron di qua bon dinh cta hinh vudng canh 6 cm (1am tron dén hang
phan trdm).

Tra 10i:

PHAN IIL BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Vi tri cia mét diém ddi véi dudng tron

Bai 1. Cho dudng tron (O;4 cm) va ba diém A, B, C v6i OA = 3 cm, OB = 4 cm, OC = 5 cm. Xéc dinh
vi tri mdi di€m dbi v6i dudng tron.

Bai 2. Trén mit phing toa dd Oxy, cho dudng tron (0;5) va cic diém M(3;—4), N(—2;3), P(6;1). Xdc
dinh vi trf mdi diém.

Bai 3. Trén mit phing toa dd Oxy cho dudng tron tim O ban kinh 5. X4c dinh vi tri ctia cdc diém M(3;4),
N(4;4), P(1;2) d6i v6i dudng tron.
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‘Dang 2. Chitng minh cic diém cing thudc mot dudng tron

Bai 4. Cho tit gidc ABCD ¢6 B = D = 90°. Chting minh bén diém
A, B, C, D cung thudc mdt duong tron. Xdc dinh tdm cia dudng
tron do.

Bai 5. Cho tam gidc ABC c6 céc dudng cao BD, CE. Chiing minh bdn diém B, C, D, E cling thudc mot
duong tron.

Dang 3. Tinh bén kinh, d¢ dai lién quan dén dudng tron|

Bai 6. Tinh ban kinh dudng tron di qua bdn dinh cda hinh chit nhat ¢6 kich thude 5 cm va 12 cm.

Bai 7. Tinh ban kinh dudng tron di qua ba dinh ctia tam gidc déu canh 9 cm.

Bai 8. Mot hinh vudng ndm trong dudng tron (0;5 ¢cm) v6i bon dinh thudc dudng tron. Tinh canh va dién
tich hinh vudng.

Dang 4. Bai toan thuc té

Bai 9. Ba thon A, B, C tao thanh tam gidc vudng tai B v6i AB = 3 km, BC = 4 km. Can xay mot giéng
nuée cdch déu ba thon. Xdc dinh vi tri giéng va khoang cdch tir giéng dén mdi thon.
Bai 10. Mot banh xe c6 dudng kinh 70 cm. Mot diém M trén vanh banh xe cdch tdm bao nhiéu? Mot
diém N trén nan hoa c4ch tdim 20 cm nim & vi tri ndo d6i v6i dudng tron vanh banh?

Dang 5. Bai tap nang cao

Bai 11. Cho dudng tron (0;10 cm), diy AB = 16 cm. Liy diém [ trén
day AB sao cho Al =2 cm. Tinh OI.

Bai 12. Cho dudng tron (O) va hai day AB, CD bing nhau. Chiing minh khoéng cach tit O dén hai day
bing nhau.
Bai 13. Cho dudng tron (0; 13 ¢cm) va ddy AB = 24 cm. Tinh khodng céch tit O dén AB.

B. PE TRAC NGHIEM

[Dz_mg 1. Tric nghiém nhi¢u phuong 4n lua chon

Moéi cdu héi chi c6 mét phuong dan ding. Céau cé nhan la cau van dung cao.
Cau 1. Pudng tron (O;R) 1a hinh gdm céc diém cdch O mot khoéng

A. bing R B. nh6 hon R

C.16n hon R D. bing 2R
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Cau 2. Cho dudng tron (O;R) va di€ém M v6i OM > R. Khi d6
A. M thudc dudng tron B. M nim trong dudng tron
C. M ndm ngoai dudng tron D. M trung O

Cau 3. SO truc ddi xdng ctia dudng tron 1a

On

A. 1 B.2 C.4 D.vo s
Cau 4. Cho dudng tron (0;6 cm) va OM = 6 cm. Khi d6

A. M ndm trong B. M thudc dudng tron

C. M ndm ngoai D. M trung O
Cau 5. Trén mit phdng Oxy, diém nao thudc dudng tron (0;5)?

A. (1;4) B. (3;—4) C. (4;4) D. (5;5)
Cau 6. Bén kinh dudng tron di qua ba dinh tam gidc vuong ¢6 canh huyén 10 cm 1a

A. 10 cm B.20cm C.5cm D.2,5cm
Cau 7. Ban kinh dudng tron di qua bdn dinh hinh chit nhat 6 cm x 8 cm 1a

A.5cm B. 10 cm C.7cm D. 14 cm
Cau 8. Ban kinh dudng tron di qua bon dinh hinh vudng canh 4 cm 1a

A.4 cm B.2 cm C.4v/2 cm D.2v2 cm
Cau 9. Bin kinh dudng tron di qua ba dinh tam gidc déu canh 6 cm 1a

A.3v/3cm B.2v/3 cm C.v3cm D. 6 cm
Cau 10. Cho dudng tron (0;10 cm), ddy AB = 12 cm. Khodng cach tit O dén AB la

A.6cm B.4 cm C.8cm D. 2v/34 cm

Cau 11. f8 Hinh chit nhat ¢6 chiéu dai gdp doi chiéu rong, bdn dinh ndm trén dudng tron ban kinh 5.
Chiéu rong hinh chit nhat 1a

A.S B. /5 C.4 D.2V5
Cau 12. §i® Tam gidc ABC c6 duong cao BD, CE va BC = 10. Ban kinh duong tron di qua B, C, D, E 1a
A.5 B.2,5 C.4 D. 10

IDang 2. Tric nghiém diing — sail

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho dudng tron (O0;3 cm).

a) Diém M v6i OM = 2 cm nim trong dudng tron.

b) Piém N v6i ON = 3 cm thudc dudng tron.

¢) Diém P v6i OP = 4 cm ndm trong dudng tron.

d) Puong kinh ctia dudng tron 1a 6 cm.

Y | a | b c) d)
p/S

Cau 14. Cho t gidc ABCD ¢6 B =D = 90°.
a) Bon diém A, B, C, D cliing thudc mot dudng tron.

b) Tam dudng tron la trung diém ctia AC.
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¢) TAm dudng tron 1a trung di€m ctia BD.

d) AC la mot duong kinh cua dudng tron do.

Y | a | b ¢) d)
p/S

Cau 15. Cho tam gidc ABC vudng tai A c6 AB =5 cm, AC = 12 cm.
a) BC =13 cm.
b) Bén kinh dudng tron di qua A, B, C 1a 6,5 cm.
¢) Tam dudng tron di qua A, B, C 1a trung diém cta AB.
d) Dién tich hinh tron d6 khoang 132,7 cm?.

Y | a) | b) ¢ | d
p/S

Cau 16. Cho dudng tron (0; 10 cm).
a) Day AB = 16 cm cédch tam 6 cm.
b) Day CD = 12 cm céch tam 8 cm.
¢) Day AB gin tim hon day CD.

d) Day cang dai thi cang xa tam.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Cho dudng tron (0; 10 cm), ddy AB = 16 cm. Tinh khodng cdch (cm) tit O dén AB.

Tra 10i:

Cau 18. Tinh ban kinh (cm) dudng tron di qua bon dinh hinh chit nhat 5 cm x 12 cm.

Tra loi:

Cau 19. Tinh ban kinh (cm) dudng tron di qua ba dinh tam gidc déu canh 9 cm (1am tron dén hang phan
muoi).
Tra loi:

Cau 20. C6 bao nhiéu diém c6 hoanh do va tung do 1a s nguyén duong thudc dudng tron (0;5)?
Tra loi:
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Cau 21. Cho dudng tron (0;10) va di€ém M v6i OM = 6. Tinh do dai day ngidn nhit qua M.

Tra 1oi:

Cau 22. Cho dudng tron (0;13), ddy AB = 24. Tinh khoéng céch tit O dén AB.

Tra loi:

Boi dudng Todn 9 — Két néi tri thitc Trang 133/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

( )

MHP MATH EDUCATION B(j)I DUGNG HOC SINH T()\AN 9 ; KET N(‘)?I TRI THEJC
TOAN 9 BAI 14. CUN(\} VA DA¥ CUA MOT
CHUGNG V. PUONG TRON

DUONG TRON Ly thuyét trong tam — Bai tdp trén 16p — Bai tdp vé nha — Nang cao
Ndm hoc 2026 — 2027
. J

| PHAN I. LY THUYET TRONG TAM

/_[ 1. Day. Géc 6 tam. S6 do cung ]

 Doan thing ndi hai diém ctia dudng tron 1a mot day. Dudng
kinh 12 day 16n nhat.

¢ Goc ¢6 dinh trung v6i thm dudng tron goi 1a gée & tam. Hai . "
A

diém A, B chia dudng tron thanh hai cung; cung nim bén trong
géc & tim AOB (0° < o < 180°) 1a cung nhd AmB, cung con
lai 1a cung 16n AnB.

e S& do cung nhé bing s6 do géc 6 tAm chén cung d6; sd do cung
16n bang 360° trit s6 do cung nhd; sd do nita dudng tron bang
180°.

- J

/_[ 2. So sanh, cong hai cung }

 Trong mot dudng tron (hay hai dudng tron bing nhau), hai cung bing nhau néu chiing c6 sd do
bing nhau; cung nao c6 sd do 16n hon thi 16n hon.

e Néu C 1a mot diém ndm trén cung AB thi sdAB = sdAC + sdCB.

- _J

,_[ 3. Lién hé gitta cung va day (mé rong) ]

e Trong mdt dudng tron, hai cung (nhd) bing nhau cing hai diy bing nhau va ngudc lai.

« Day AB = R thi AOB = 60°; diy AB = Rv/2 thi AOB = 90°; day AB = R\/3 thi AOB = 120°.

& J

Luu y. Ki hiéu sdAB chi s6 do cung AB (thudng hi€u 1a cung nhé). Khi tinh s6 do cung, nén vé hinh,
xdc dinh rd cung nhé hay cung 16n. Trén médt dong hd, mdi “gid” Gng véi cung 30°.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Géc 6 tam. S6 do cung’

Phudng phap. S6 do cung nhé bing géc & thm chin cung; cung 16n = 360°— cung nhd. V6i day da
biét do dai, xét tam gidc cAn OAB dé tinh géc & tam.

Bai 1. Cho dudng tron (O) va géc & tim AOB = 80°. Tinh s6 do cung
nhd AB va cung 16n AB.

Bai 2. Tinh s6 do géc & tAm tao bdi kim gid va kim phut cia dong ho (1ay
g6c khong 16n hon 180°) luc:
a) 3 gio; b) 5 gio; ¢) 6 gio; d) 10 gio.

Bai 3. Cho dudng tron (O;R) va diy MN = Rv/3. K& OI | MN tai I.
Tinh OI va sd do cung nhd MN.

C
Bai 4. Cho dudng tron (O) dudng kinh AB. V& géc & tim AOC = 60°. | m .

Tinh sd do cung nhoé AC va cung nhd BC.

Bai 5. Cho dudng tron (O) va géc & tim AOB = 70°. Tinh s6 do cung nhé va cung 16n AB.

Dang 2. So sénh, cong hai cung|

Phuong phap. Dung sdAAB = sdAAC—l— stAB khi C nidm trén cung AB; tdng cdc cung tao thanh ca
dudng tron bing 360°.

Bai 6. Trén dudng tron (O) 1ay ba diém A, B, C sao cho sdAB = 70°, sd BC = 90° (cung BC khong chia
A, cung AB khong chtta C). Tinh s6 do cung AC chita B va cung AC khong chita B.
A

Bai 7. Cho tam gidc déu ABC c6 ba dinh ndm trén dudng tron (O). Tinh
s6 do cdc cung nhd AB, BC, CA va sb do cung 16n BC.

e
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Bai 8. Diém C nim trén cung nhd AB ctia (0O) v6i sdAC = 40°, sdCB = 60°. Tinh s do cung nhd AB va
g6c AOB.

Dang 3. Lién hé giita diy va cung. Tinh d¢ dai day|

Phuong phap. Ké OH | AB thi H la trung diém ctia AB; dung dinh 1i Pythagore va ti sd luong gidc
trong tam gidc vudong OHA.

Bai 9. Cho dudng tron (O;R). Tinh s6 do cung nhd AB biét: a) AB =R; b) AB = R\/2.

A
C/ \D

Bai 10. Cho dudng tron (0;5 cm) va hai diy song song AB = 6 cm,
CD = 8 cm. Tinh khoang céch gitia hai diy trong hai trudng hop: hai
day ndm cung phia va ndm khéc phia ddi vé6i tam O.

Bai 11. Cho dudng tron (O; R). Tinh do dai day AB biét s6 do cung nhd AB bing: a) 60°; b) 90°; ¢) 120°.

Dang 4. Bai toan thuc té]

Phuong phap. S6 do cung (géc & tAm) ti 1€ v6i phan trdm: p% ting v6i p% - 360°; céc nan hoa chia
déu dudng tron.

Béng dd

Khic
Bai 12. Két qua khao sdt mdn thé thao yéu thich ctia hoc sinh q
mot 16p dudc biéu dién bing biu dd hinh quat tron: béng d4 B
40%, cau 16ng 25%, boi 20%, mon khac 15%. Tinh sd do cung
(gbc¢ 6 tAm) Gng v6i mdi hinh quat.

Cau long

Bai 13. Mot banh xe ¢6 12 nan hoa chia déu. Tinh s6 do géc & tAm tao bdi hai nan hoa lién tiép.

Bai 14. Lic 2 gio ding, géc gitta kim gid va kim phat 1a bao nhi€u do?

Dang 5. Bai tap niang cao

Phuong phap. Diém chinh gifta ctia cung nhé AB nim trén dudng trung truc ctia AB, tdc trén dudng
thdng qua O vudng géc v6i AB.

Bai 15. Cho dudng tron (0;5 cm), diy AB = 8 cm. Goi C 1a diém chinh
giffa cia cung nho AB. Tinh do dai AC.

h---3Q

B
=
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Bai 16. Cho dudng tron (O) va hai diy AB = CD. Chitng minh sdAB = sdCD (cdc cung nho).
Bai 17. Luc 3 gio 30 phat, tinh géc gitta kim gi6 va kim phuit.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4n hra chon

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cau van dung cao.
Cau 1. G6c & tam 1a géc
A. c6 dinh trung v6i tAm dudng tron B. c6 dinh nim trén dudng tron

C. ¢6 hai canh la hai day D. c6 dinh nim ngoai dudng tron

Céu 2. Cho AOB = 50° la g6c & tam. S6 do cung nhd AB 1a

A.25° B. 50° C. 100° D. 130°
Céu 3. Cho AOB = 50° la g6c & tam. S6 do cung 16n AB la

A. 130° B. 180° C.310° D. 260°
Cau 4. S6 do cha nita dudng tron 1a

A. 90° B. 360° C.270° D. 180°
Cau 5. Lic 4 gio, géc 6 tdm tao bdi kim gid va kim phut 1a

A. 100° B. 90° C. 120° D. 60°
Cau 6. Cho dudng tron (O;R), ddy AB = R. S do cung nho AB 1a

A. 30° B. 60° C.90° D. 120°
Céau 7. Cho duong tron (O;R), ddy AB = R\/2. S6 do cung nho AB 1a

A. 45° B. 60° C. 120° D. 90°
Cau 8. Tam gidc déu ABC ¢6 ba dinh thudc dudng tron (O). S6 do cung nhd AB 1a

A. 120° B. 60° C.90° D. 240°
Cau 9. Cho AB la duong kinh cta (0), AOC = 50°. $6 do cung nhd BC la

A. 50° B. 100° C. 130° D. 150°
Cau 10. Cho dudng tron (0;5 cm), diy AB = 8 cm. Khoang cach tit O dén AB 1a

A.4cm B.3cm C.5cm D.2cm
Cau 11. B8 Luc 3 gi6 30 phut, géc gitta kim gid va kim phut 1a

A. 105° B. 90° C. 60° D. 75°

RV2
Cau 12. Cho (O;R) va ddy AB cach tim O mét khoéng T\/_ S6 do cung nhd AB 1a
A. 90° B. 120° C. 60° D. 45°
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lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho dudng tron (O;R) va géc 6 tAm AOB = 110°.

a) SO do cung nhé AB 1a 110°.
b) S6 do cung 16n AB 1a 250°.
¢) Day AB dai hon bén kinh R.

d) Cung nhd AB 16n hon ntta dudng tron.

Y

a)

b)

c)

d)

b/S

Cau 14. Xét g6c 6 tAm tao bdi kim gid va kim phit cta dong ho (1ay géc khong 16n hon 180°).

a) Luc 3 gid, géc d6 bang 90°.

b) Lic 6 giv, géc d6 biang 180°.

¢) Trong 1 gig, kim gio quay dugc mot géc 30°.

d) Lic 2 gid, géc d6 biang 70°.

Y

a)

b)

¢)

d)

b/S

Cau 15. Cho dudng tron (O;R), diy MN = R+v/3, O 1 MN tai I.

R
Ol = —.
a) 5

b) MON = 120°.
¢) S6 do cung 16n MN 1a 240°.

d) MN la day 16n nhét ctia dudng tron.

Y

a)

b)

c)

d)

b/S

Cau 16. Cho dudng tron (O;5 cm) va hai diy song song AB =6 cm, CD = 8 cm.

a) Khoang céch tit O dén AB 1a 4 cm.
b) Khoang cich tit O dén CD 1a 3 cm.

¢) Néu hai diy ndm cting phia ddi v6i tam thi khoang céch giita ching 1a 1 cm.

d) Néu hai diy ndm khéc phia d6i v6i tAm thi khodng céch giita ching 1a 5 cm.

Y

a)

b)

¢)

d)

b/S
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lDang 3. Tric nghiém tra 15i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Géc & tam AOB = 72°. Tinh s6 do (d0) cung 16n AB.
Tra loi:

Cau 18. Tinh s6 do (d0) géc & tAm tao bdi kim git va kim phut lic 5 gid.

Tra 10i:

Cau 19. Trong biéu dd hinh quat tron, phan chiém 15% ting v6i géc & tAm bao nhiéu do?

Tra 10i:

Cau 20. Cho dudng tron (O;R), ddy AB = R. Tinh s6 do (d0) cung nhd AB.

Tra loi:

Cau 21. Cho (0;8), cung nhd AB bang 90°. Tinh AB (1am tron dén hang phan trim).
Tra loi:

CAu 22. B8 Tinh s6 do (dd) géc nhd hon 180° gifta kim git va kim phut ldc 9 gid 20 phuit.

Tra loi:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

lDang 1. Géc 6 tam. So6 do cung’

Bai 1. Cho géc 6 tam AOB = 65°. Tinh s6 do cung nhd, cung 16n AB.

Bai 2. Tinh géc ¢ tam (khong 16n hon 180°) tao bdi kim git va kim phut
lic 2 gio va ldc 8 gio.

Bai 3. Cho AB Ia dudng kinh cita (0), diém C thudc dudng tron sao cho sdAC = 40°. Tinh BOC.

Bai 4. Lic 4 gid ding, kim gid va kim phiit ctia dong ho tao thanh géc & tim c6 sd do bao nhiéu?

Dang 2. So sanh, cdng hai cung]

Bai 5. Trén (O) lay A, B, C sao cho sdAAB =100°, sdBAC = 120° (cdc cung khong chita diém thi ba). Tinh
s6 do cung CA khong chia B.
Bai 6. Hinh vuong ABCD ¢6 bdn dinh ndm trén dudng tron (0). Tinh sd do cung nhd AB.

Bai 7. Trong mot dudng tron, dady AB = 8 cm, day CD = 6 cm. So sdnh hai cung nhé AB va CD.
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‘Dang 3. Lién hé giita diy va cung. Tinh d¢ dai day|

Bai 8. Cho dudng tron (O;R), diy AB = R+/3. Tinh s6 do cung nhé AB.

C D
Bai 9. Cho dudng tron (0;13 cm) va hai ddy song song AB = 24 cm,
CD = 10 cm. Tinh khoang céch gitia hai day. 19)

Bai 10. Cho dudng tron (0;6 cm) va ddy AB = 6+/2 cm. Tinh s6 do cung nho AB.

Dang 4. Bai toan thuc té"

Bai 11. Biéu dd hinh quat tron biéu dién ti 1& phuong tién dén trudng: xe dap 35%, di bd 30%, xe buyt
20%, bd me dua 15%. Tinh géc & tAm Gng v6i mdi hinh quat.

Bai 12. Mot banh xe ¢6 12 nan hoa chia déu. Tinh géc giita hai nan hoa lién k& va sd do cung giita nan
thit nhit va nan thi tu.

Dang 5. Bai tap nang cao

Bai 13. Cho dudng tron (0;13 cm), diy AB = 24 cm. Goi C 1a diém :0
chinh gitta cung nhé AB. Tinh AC. M
A \/ B
C

Bai 14. Chiing minh ring trong mot dudng tron, hai cung nhé bing nhau thi cing hai diy béng nhau.
Bai 15. Lic 10 gio 10 phut, tinh géc (nhé hon 180°) gitta kim gid va kim phuit.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra ch()n’

Moéi cdu héi chi cé mot phuong an ding. Céau cé nhan la cau van dung cao.
Cau 1. SO do cung nho bang

A. ntia s6 do goc 6 tAm chdn cung d6 B. s6 do géc 6 tAm chdn cung d6

C. hai 1an sd do géc & tm D. 360° trir s6 do géc & tam
Chu 2. Géc & tim AOB = 90°. S6 do cung 16n AB 1a

A. 90° B. 180° C. 270° D. 360°

Cau 3. S6 do cla ca dudng tron 1a
A. 90° B. 180° C.270° D. 360°
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Cau 4. Lic 9 gig, géc 6 tam tao bdi kim gio va kim phuit 1a

A. 90° B. 270° C. 60° D. 120°
Cau 5. Day AB = R/3 ciia dudng tron (O;R) cing cung nhé c6 s6 do

A. 60° B. 120° C.90° D. 150°
Cau 6. Hinh vudong ABCD ndi ti€p dudng tron (O). S6 do cung nhd AB 1a

A. 45° B. 60° C.90° D. 180°
Cau 7. Luc gidc déu ndi ti€p dudng tron. S6 do cung nho gitra hai dinh k& nhau 1a

A. 30° B. 45° C. 120° D. 60°
Cau 8. AB 1a dudng kinh ctia (0), sdAC = 70°. S6 do cung nhd BC la

A. 110° B. 70° C. 140° D. 290°
Cau 9. Dudng tron (0;13 cm), ddy AB = 24 cm. Khoang cdch tit O dén AB 1a

A.12cm B.5cm C.10cm D.6cm
Cau 10. Trong biéu dd hinh quat tron, phan chiém 25% (ing v6i géc & tam

A. 25° B. 50° C.90° D. 100°
Cau 11. @3 Bénh xe ¢6 12 nan hoa chia déu. Géc giita nan thi nhét va nan thi nim la

A. 150° B. 60° C.90° D. 120°
Cau 12. f8 Cho (0;6) va ddy AB = 6. SO do cung 16n AB 1a

A. 300° B. 120° C. 240° D. 60°

lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho dudng tron (O;R), ddy AB =R.

a) Tam gidc OAB la tam giac déu.

b) AOB = 60°.

¢) S6 do cung 16n AB 1a 300°.

d) S6 do cung nhd AB 1a 30°.

Y | a) | b) ¢ | d
p/S

Cau 14. Biéu dd hinh quat tron gdm bdn phan chiém 40%, 25%, 20%, 15%.
a) Phin 40% (ng véi géc & tam 144°.
b) Phan 25% ting v6i géc & thm 90°.
¢) Tong céc géc & thm bang 360°.

d) Phan 20% ting v6i géc & thm 70°.

Y | a | b c) d)
p/S
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Cau 15. Cho dudng tron (0;13 cm), ddy AB = 24 cm, M 1a trung diém AB, C la diém chinh giita cung
nhod AB.

a) OM =5 cm.
b) MC =8 cm.
¢) AC =413 cm.
d) AOB < 90°.

Y | a | b c) d)
/S

Cau 16. Tam gidc déu ABC c6 ba dinh thudc dudng tron (O;R).
a) SO do cung nhd AB 1a 120°.
b) AB=R\/3.
¢) S6 do cung 16n BC 1a 240°.
d) Khoéng cich tit O dén AB bang R.

Y | a | b c) d)
/S

Dang 3. Tric nghiém tr3 10i ngi’in’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Géc & tim AOB = 135°. Tinh s6 do (do) cung 16n AB.

Tra loi:

Cau 18. Tinh géc & tam (dd) tao bdi kim gis va kim phit ldc 10 gio.

Tra loi:

Cau 19. Phin chiém 35% trong biéu d6 hinh quat tron Ging véi géc & tAm bao nhiéu do?

Tra 10i:

Cau 20. Diy AB = R\/2 ciia dudng tron (O;R). Tinh s do (d6) cung nhd AB.

Tra 10i:

Cau 21. B8 Tinh s6 do (d0) géc gitta kim git va kim phuit ldc 4 gis 20 phit.
Tra loi:

Cau 22. @8 Cho (O;R), ddy AB = R+/2. Tinh s6 do (d9) cung nhé AB.

Tra 10i:

=
=

s
o
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4 )
BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION BAT 15. PO DAI CUA CUNG TRON. DIEN
CﬁggNNG9V TICH HINH QUAT TRON VA HINH VANH
PUONG TRON KHUYEN
Ly thuyét trong tam — Bai tap trén 16p — Bai tdp vé nha — Nang cao
Ndm hoc 2026 — 2027

\\§ J

| PHAN L. LY THUYET TRONG TAM

r[ 1. D dai dudng tron, dé dai cung tron J

* D4 dai (chu vi) duong tron ban kinh R: C = 27R = 7d (d 1a dudng kinh).
TTRn
180°

- J

* D0 dai cung tron n° ciia dudng tron ban kinh R: ¢ =

/_[ 2. Dién tich hinh tron, hinh quat tron, hinh vanh khuyén ]

« Dién tich hinh tron ban kinh R: S = ©R2.

e Dién tich hinh quat tron ban kinh R, cung n°: S, =
nR’n IR
360 2 >

0] R

zl

e Hinh vanh khuyén gi6i han b&i hai dudng tron dong
tam (O;R), (0;r) R>r): S=m(R*—r?).

p

Luu y. Chi y don vi: do dai cung ¢6 cung don vi véi ban kinh, dién tich c6 don vi binh phuong. Khi
dé yéu cau, l1dy 7 ~ 3,14 hoic dung phim 7 ctia mdy tinh roi lam tron. Dién tich hinh vién phan (gi6i
han bdi cung va diy) bing dién tich hinh quat trir dién tich tam gidc.

PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

[Dz_mg 1. b6 dai duong tron, do dai cung trf)n]

~ TR P p
Phuong phap. Ap dung C =27R, ¢ = Kg; biet do dai thi suy ngugc ra ban kinh hodc s6 do cung.

Bai 1. Tinh (1am tron dén hang phan trim):
a) do dai dudng tron c6 duong kinh 5 cm;

b) do dai cung 60° ctia duong tron ban kinh 6 cm;

¢) do dai cung 150° cia dudng tron ban kinh 2 dm.
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Bai 2. Mot banh xe c6 duong kinh 65 cm ldn 100 vong trén mat
dudng. Tinh quang dudng banh xe da di dugc (theo mét, lam

tron dén hang phan mudi). V"w Jan 100 vong

Bai 3. Tinh do dai cung 72° ctia dudng tron ban kinh 5 cm (1am tron dén hang phan tram).

Dang 2. Dién tich hinh tron, hinh quat tron

nR?
Phuong phap. S = nR?; Sg= 36()”

. Biét dién tich hinh quat va bdn kinh thi tim dudc s6 do cung.

Bai 4. Tinh dién tich hinh quat tron ban kinh R = 10 cm, tGing v6i cung 60° (1am tron dén hang phan trim).

Bai 5. Hinh quat & hinh bén c¢6 ban kinh 2 dm va géc § tam
150°. Tinh d6 dai cung va dién tich hinh quat (lam tron dén D
hang phan trdm).

9] 2 dm

Bai 6. Tinh dién tich hinh quat tron ban kinh 6 cm, cung 120°.

Dang 3. Dién tich hinh vanh khuyén|

Phuong phap. S = 7 (R* — r?); xdc dinh ding ban kinh dudng tron 16n va dudng tron nho.

Bai 7. Tinh dién tich hinh vanh khuyén giGi han béi hai dudng tron déng tdm c6 ban kinh 5 cm va 3 cm
(lam tron dén hang phan trim).

Bai 8. Tinh dién tich hinh vanh khuyén gi6i han béi hai dudng tron (O; 10 cm) va (0;6 cm).

Bai 9. Tinh dién tich hinh vanh khuyén gidi han béi hai dudng tron dong tdm ban kinh 10 cm va 6 cm.

Dang 4. Bai toan thyc t8|

Phudng phap. Nhan dang hinh (hinh tron, quat, vanh khuyén) trong vat thé thuc € rdi 4p dung cong
thtic; chud y phan biét dudng kinh va ban kinh.

Bai 10. Chi Mai mua mot chiéc banh pizza c6 dudng kinh 24 cm, cit thanh 8 miéng bing nhau. Tinh dién
tich mdi miéng (lam tron dén hang phan trim).

Bai 11. Mot hoa tiét trang tri c6 dang hinh tron ban kinh 4 dm
dudc chia thanh 8 hinh quat bing nhau, t6 mau xen ké (hinh bén).
Tinh dién tich phan t6 mau doé (l1am tron dén hang phan trim).

Bai 12. Mot dia CD ¢6 dudng kinh 12 c¢m, 16 & giita ¢6 dudng kinh 1,5 cm. Tinh dién tich mit dia (lam
tron dén hang phan trim).

Bai 13. Banh xe dap c6 dutng kinh 0,7 m. Khi di quang dutng 1 km, banh xe 1an dugc khodng bao nhiéu
vong?
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Dang 5. Bai tap ning cao

Phudng phap. Dién tich phin can tim = dién tich hinh 16n — tong dién tich cdc phan bi bd; hinh vién
phan = hinh quat — tam giéc.

Bai 14. Cho hinh vuéng ABCD canh 4 cm. V& bdn cung tron tim
A, B, C, D cung ban kinh 2 cm (mdi cung 1a mot phan tu dudng
tron ndm trong hinh vudng). Tinh dién tich phin t6 mau (1am tron
dén hang phan trdm).

Bai 15. Tam gidc déu ABC ¢6 ba dinh ndm trén dudng tron
(O;6 cm). Tinh dién tich hinh vién phan gi6i han béi diy BC
va cung nho BC (phan t6 mau; 1am tron dén hang phan tram).

Bai 16. Trén doan AB lay diém C v6i AC =4 cm, CB=6
cm. V& vé mdt phia ctia AB céc nita dudng tron dudng kinh
AB, AC, CB. Tinh dién tich phan t6 mau gi6i han bdi ba nita

dudng tron (lam tron dén hang phan trim). A c B

Bai 17. Tinh dién tich hinh vién phan giGi han bdi diy AB va cung nhoé AB ctia (O;6 cm), biét AOB = 90°
(lam tron dén hang phan trim).

B. PE TRAC NGHIEM

lDang 1. Tric nghiém nhiéu phuong 4n lua chon

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cau van dung cao.
Cau 1. B0 dai duong tron ban kinh R 1a

A.2nR B. 7R? C. R D. 47R
Cau 2. B dai cung tron n° ban kinh R la
TR*n 7Rn TRn D nR*n
" 360 " 180 " 360 " 180
Cau 3. Dién tich hinh quat tron ban kinh R, cung n° la
TRn TR*n TR*n p, FRn
180 " 180 " 360 " 360
Cau 4. Dién tich hinh vanh khuyén giéi han bsi (O;R) va (O;r), R > r, 1a
A.(R—r)? B. t(R—r) C.2n(R—7) D. 7w (R*—r?)

Cau 5. Chu vi ctia dudng tron (O0;3 cm) la

A. 6 cm B.97 cm C.3mcm D. 127 cm
Cau 6. Hinh quat ban kinh 6 cm, cung 36° ¢6 dién tich

A. 367 cm? B. 3,6 cm? C. 1,27 cm? D. 67 cm?

Boi dudng Todn 9 — Két néi tri thitc Trang 145/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

Cau 7. Dién tich hinh quat tron ban kinh r, cung 45° 1a
2

r r r r
A, — B. — C.— D. —
4 4 8 8
Cau 8. Mot banh xe ¢6 chu vi 188,4 cm (ldy 7 ~ 3,14). B4n kinh banh xe 1a
A. 60 cm B. 15 cm C.942 cm D.30cm
Cau 9. Dién tich hinh quat bdn kinh 5 cm, cung 60° khoang
A. 13,09 cm? B. 26,18 cm? C. 5,24 cm? D. 78,54 cm?
Cau 10. D6 dai cung 90° ctia dudng tron ban kinh 4 cm Ia
A. 47 cm B. 7 cm C.27 cm D. 87 cm
Cau 11. @ Dién tich hinh vién phan giéi han bdi diy AB va cung nhd AB cua (0;4) véi AOB = 60° 1a
8 8 16 4
A -8V3 B.?”—4\@ C.T”—4\/§ D.?ﬂ—4\/§
Cau 12. Cung trdn ¢6 do dai bang ban kinh c¢6 sd do xap xi
A. 60° B. 1° C. 45° D. 57,3°

lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho dudng tron (0; 8 cm) va ddy AB cing cung nho 120° (1ay
T~ 3,14).

a) Do dai cung nhd AB khoang 16,75 cm.
b) Dién tich hinh quat OAB khoéng 66,99 cm?.

¢) AB=28+v3cm.
d) Dién tich hinh vién phén gidi han b&i day AB va cung nhé AB
khoang 30 cm?.

Y | a | b c) d)
p/S

Cau 14. Cho hai dudng tron dong tdm (O;8 cm) va (0;5 cm) (ldy 7 ~ 3,14).
a) Dién tich hinh vanh khuyén 13 397 cm?.

b) Dién tich hinh vanh khuyén khoang 122,46 cm?.

R N 397
¢) Phan hinh vanh khuyén nam trong mét géc & tam 90° c6 dién tich e cm?,

d) Chu vi dudng tron 16n gip 3 1an chu vi dudng tron nho.

Y | a) | b) ¢) d)
p/S

Cau 15. Mot banh xe dap c6 dudng kinh 70 cm (lay 7 ~ 3,14).
a) Chu vi banh xe 12 219,8 cm.
b) Bénh xe ldn 100 vong thi di dugc 219,8 m.
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¢) Dé di 1 km, banh xe cin 1dn khoéng 455 vong.
d) Néu dudng kinh tdng gip doi thi s6 vong lin trén cling quang dudng gidm 4 1an.

Y | a | b c) d)
p/S

Cau 16. Tam gidc déu ABC canh 4 cm c6 ba dinh ndm trén dudng tron (0).
4+/3
a) Bin kinh dudng tron 1a T\/_ cm.

8713
3

b) Chu vi dudng tron la

cm.

16
¢) Dién tich hinh tron la Tn cm?.
473
cm.

d) D0 dai cung nhd AB la 9

Y | a | b ¢) d)
p/S

Dang 3. Tric nghiém tra 16i ngﬁn’

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Tinh chu vi vanh xe dap c6 dudng kinh 20 cm (cm, lam tron dén hang don vi).

Tra loi:

Cau 18. D9 dai mot dudng tron 14 25,12 cm. Tinh ban kinh (cm, iy 7 ~ 3,14).
Tra loi:

Cau 19. Tinh dién tich hinh quat ban kinh 6 cm, cung 120° (cm?, 1am tron dén hang phin mudi).

Tra 10i:

Cau 20. Tinh dién tich hinh vanh khuyén gii han b&i hai dudng tron dong tdm bén kinh 7 cm va 3 cm
(cm?, 1am tron dén hang phan mudi).

Tra loi:

Cau 21. Bénh xe dudng kinh 0,65 m ldn 500 vong. Quang dudng di dugc (m, lam tron dén hang don
vi)?

Tra 10i:

Cau 22. B8 Hinh vanh khuyén gi6i han bdi hai dudng tron dong tdm bén kinh 13 va 5 ¢6 dién tich S.
Tinh E
Y[

Tra 10i:

Boi dudng Todn 9 — Két néi tri thitc Trang 147/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dang 1. Do dai duong tron, do dai cung trbn]

Bai 1. Tinh do dai duong tron c6 dutng kinh 10 cm va dd dai cung 72° ctia dudng tron ban kinh 5 cm.
Bai 2. Banh xe c6 ban kinh 35 cm. Hoéi dé di dudc 1 km, banh xe phai ldn khoang bao nhiéu vong?
Bai 3. Mot dudng tron ¢ chu vi 31,4 cm. Tinh bén kinh (14y 7 ~ 3,14).

Dang 2. Dién tich hinh tron, hinh quat tr(‘)n]

Bai 4. Mot hinh tron ¢6 chu vi 31,4 cm. Tinh dién tich hinh tron (1iy 7 ~ 3,14).
Bai 5. Tinh dién tich hinh quat ban kinh 12 cm, cung 30°.

. 22
Bai 6. Mot hinh tron c6 dién tich 154 cm?. Tinh ban kinh (1dy 7 ~ 7).

Dang 3. Dién tich hinh vanh khuyén

Bai 7. Tinh dién tich hinh vanh khuyén gidi han b&i hai dudng tron dong tAm ban kinh 8 cm va 5 cm.
Bai 8. Tinh dién tich hinh vanh khuyén ndm gitta dudng tron ngoai ti€p va dudng tron ndi tiép hinh vudng
canh 4 cm.

Dang 4. Bai to4n thuc té

Bai 9. Mot chiéc banh pizza dudng kinh 30 cm dugc cit thanh 6 miéng bdng nhau. Tinh dién tich mdi
miéng.

Bai 10. Mot chiéc quat gidy khi m& ra c6 dang hinh quat tron
ban kinh 24 c¢m, géc & thm 150°. Phan ddn gidy (t0 mau) la
phan nim giifa hai cung tron ban kinh 10 cm va 24 cm. Tinh
dién tich phan d4n gidy (lam tron dén hang phan mudi).

24 cm

Bai 11. Mot bon hoa hinh tron ban kinh 10 m, xung quanh ¢6 16i di rong 2 m. Tinh dién tich 16i di (lam
tron dén hang phan mudi).

Dang 5. Bai tap nang cao]

Bai 12. Bén trong hinh vudng canh 6 cm, vé bon nita dudng tron
c6 dudng kinh 12 bon canh. B6n nita dudng tron tao thanh hinh
“bong hoa boén canh” (phan mau dam). Tinh dién tich bong hoa
(lam tron dén hang phan tram).

6 cm

Bai 13. Tinh dién tich hinh vién phan giGi han bdéi cung 60° va diy tuong Gng ctia dudng tron ban kinh 6
cm.

Bai 14. Cung tron c6 do dai biang ban kinh thi c6 s6 do bao nhiéu dod (l1am tron dén hang phan mudi)?
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B. PE TRAC NGHIEM

Dang 1. Triic nghiém nhiéu phuong 4an lua chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.
Cau 1. Dién tich hinh tron ban kinh R la

A.27R B. 7R? C.2nR? D. 7R
Cau 2. Chu vi dudng tron (0;3 cm) 1a

A.37m cm B.97 cm C. 67 cm D. 127 cm
Cau 3. Dién tich hinh quat ban kinh 4 cm, cung 90° 1a

A. 41 cm? B. 27 cm? C. 87 cm? D. 167 cm?
Cau 4. Do dai cung 60° ctia duong tron ban kinh 6 cm 1a

A. T cm B. 67 cm C.37cm D.27 cm
Cau 5. Hinh vanh khuyén gii han b&i (0;5) va (0;4) c6 dién tich

A B.97 C.41n D.3n
Cau 6. Duong tron c6 chu vi 18,84 cm (lay 7 ~ 3,14) c6 bén kinh

A.3cm B.6cm C.9cm D.1,5cm
Cau 7. Hinh quat ban kinh 6 cm c6 dién tich 6 cm?. S6 do cung ciia hinh quat 1a

A. 30° B. 45° C. 60° D. 90°
Cau 8. Cung tron ban kinh 3 cm ¢6 d6 dai 7 cm. SO do cung d6 1a

A. 30° B. 45° C.90° D. 60°
Cau 9. Banh xe dudng kinh 60 cm 1dn 10 vong thi di dugc khodng

A. 37,68 m B. 18,84 m C.6m D. 1,88 m
Cau 10. Hinh tron ¢6 dién tich 167 cm? thi ¢6 chu vi

A. 87 cm B. 47 cm C. 16 cm D. 327 cm
Cau 11. Dién tich hinh vanh khuyén giita dudng tron ngoai ti€p va ndi tiép hinh vudng canh 6 1a

A. 187 B. 367 C.97 D.3m
Cau 12. Hinh quat tron ban kinh 6 ¢6 dién tich 6. S6 do cung ctia hinh quat 1a

A. 30° B. 90° C. 120° D. 60°

lDang 2. Tric nghiém diing — sail

Trong méi y a), b), c), d), hiy chon diing (P) hodc sai (S).

Cau 13. Cho dudng tron (O0;8 cm) va cung nhd AB véi AOB = 90°.
a) Do dai cung nhé AB la 4w cm.
b) Dién tich hinh quat OAB 12 167 cm?.
¢) Dién tich tam gidc OAB 1a 32 cm?.

d) Dién tich hinh vién phan gi6i han bai ddy va cung nhd AB khoang 28,24 cm?.

Y | a) | b) ¢ | d
p/S
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Cau 14. Kim phiit ctia mdt ddng hd dai 10 cm, kim gid dai 6 cm.
a) Trong 1 gid, du kim phut di dudc quing dudng 207 cm.
b) Trong 15 phiit, kim phiit quét dudc hinh quat c6 dién tich 257 cm?.
¢) Trong 20 phit, kim phit quay dugc mdt géc 120°.

d) Trong 1 gid, dau kim gio di dugc quiang dudng 27 cm.

Y | a | b c) d)
p/S

Cau 15. Mot banh xe ¢6 dudng kinh 70 cm.
a) Chu vi banh xe la 707 cm.
b) Banh xe 1dn 1000 vong thi di dugc khoang 2,2 km.
¢) Banh xe dudng kinh 35 cm phai lin gip do6i s6 vong dé di cing quang dudng.
d) Béanh xe duong kinh 70 cm 1an 50 vong thi di dugc hon 120 m.

Y | a | b c) d)
p/S

Cau 16. Mot dia CD c6 dudng kinh 12 cm, 16 gitta dudng kinh 1,5 cm.
a) Mait dia l1a hinh vanh khuyén v6i R =6 cm, r = 0,75 cm.
b) Dién tich mit dia 1a 35,4375 cm?.
¢) Dién tich mit dia khoang 111,33 cm?.

d) Phan 16 chiém hon 5% dién tich hinh tron dudng kinh 12 cm.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 10i ngi’in]

Hoc sinh tinh va ghi két qud (la mot sé) vao 6 trd 10i. Cau cé nhan la cau van dung cao.
Cau 17. Tinh chu vi dudng tron ban kinh 7 cm (cm, 1am tron dén hang don vi).
Tré 13i: |

Cau 18. Tinh dién tich hinh quat ban kinh 10 cm, cung 36° (cm?, 1am tron dén hang phin mudi).
Tra loi:

Cau 19. Hai dudng tron ddng tdm c6 chu vi 20 cm va 127 cm. Tinh dién tich hinh vanh khuyén (cm?,
lam tron dén hang phan mudi).

Tra 10i:
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Cau 20. Tinh do dai cung 120° cta dudng tron ban kinh 9 cm (cm, 1am tron dén hang phan mudi).
Tra loi:

Cau 21. Tinh dién tich hinh vién phan giéi han b&i ddy va cung nhé AB cia (O; 10), AOB = 90° (Iam
tron dén hang phan trim).

Tra loi:

[
Cau 22. ¥ DS dai cung 45° cia dudng tron ban kinh 8 1a /. Tinh pud

Tra 10i:

Boi dudng Todn 9 — Két néi tri thitc Trang 151/171



@ MHP MATH EDUCATION Zalo: 0972 234 612

4 )
BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION ~ A A 9 \
TOAN 9 BAI 16. VI TRI TUONG POI CUA PUONG
CfoONG V- THANG VA PUONG TRON
DPUONG TRON ) .
Ly thuyet trong tdm — Bai tdp trén l0p — Bai tdp vé nha — Nang cao
Nam hoc 2026 — 2027

| PHAN L. LY THUYET TRONG TAM

,_[ 1. Ba vi tri tuong déi ctia duong thing va dudng tron }

Goi d 1a khodng cdch tif tim O dén dudng thdng a, R 12 ban kinh dudng tron (0).
N
d<R d=R d>R
Vi tri tuwong doi S6 diém chung | Hé thic
DPuong thing va dudng tron cit nhau 2 d <R
DPudng thing va dudng tron tiép xic 1 d=R
Pudng thang va dudng tron khong giao nhau 0 d>R

/_[ 2. Tiép tuyén ctia dudng tron }

« Puding thing tiép xic v6i dudng tron goi 1a tiép tuyén; diém
chung 12 tiép diém.

Tinh chét: tiép tuyén vuong géc véi ban kinh di qua tiép diém.
+ Déu hiéu: néu duong thing a di qua diém B ctia (0O) vaa L A
OB tai B thi a 1a tiép tuyén cda (O).

« Hai tiép tuyén ciit nhau: néu AB, AC 1a hai tiép tuyén ciia C
(0) (B, C 1a tiép diém) thi AB = AC, tia AO la tia phan giéc
cua BAC va tia OA 1a tia phan gidc ctia BOC.

Luru y. D€ chitng minh mdt dudng théng 1a tiép tuyén, thudng chiing minh né vudng géc véi ban kinh
tai mot di€m thudc dudng tron, hoic khoang cdch tir tAm dén dudng théng biang ban kinh. Trong bai
todn hai tiép tuyén, OA 1a dudng trung truc ctia BC.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Xéc dinh vi tri tuong d6i. Tinh dd dai day|

Phudng phap. So sdnh d v6i R. Khi dudng thing cit dudng tron tai A, B: chan dudng vudng géc H
tir O 1a trung diém AB, AB = 2v/R? — d2.

Bai 1. Dién vao chd trdng (bang gdm bén kinh R, khodng céch d va vi tri tuong ddi):
a)R=5cm,d=3cm: ...; b)R=6cm,d=6cm: ..., c¢)R=4cm,d=7cm: ...
d) R = 8 cm, dudng thing tiép xic véi dudng tron: d = . ..

Bai 2. Cho duong théng a va diém O cich a mot khoang 3 cm.
V& dudng tron (O0;5 cm).
a) Dudng thing a va dudng tron (O) ¢6 vi tri tuong ddi nhu
thé nao?

b) Goi A, B la giao diém cta a va (0). Tinh do dai AB.

a

Bai 3. Trén mit phéng toa dd Oxy, cho dudng tron (0;2). Xac dinh vi tri tuong d6i ctia dudng tron véi
mdi dudng thing: a) x=3; b) y =2; ¢) truc Ox.

Bai 4. Cho dudng tron (0;6 cm) va dudng thdng d. Xdc dinh vi tri tuong d6i clia d va (O) khi khoang
céach tir O dén d bing: a) 4 cm; b) 6 cm; ¢) 8 cm.

Dang 2. Tinh to4n véi tiép tuyén]

Phuong phap. Dung OB L AB tai tiép diém B va dinh 1 Pythagore, ti sd lugng gidc trong tam giéc
vudng OBA; v6i hai tiép tuyén dung AB = AC va OA 1 BC.

Bai 5. Cho dudng tron (0;6 cm) va diém A cdch O 1a 10 cm. Ké
tiép tuyén AB véi dudng tron (B 1a tiép diém). Tinh AB.

Bai 6. Hai ti€p tuyén tai B va C ctia dudng tron (O) cit nhau tai
A. Biét OB=3cm, OA =5 cm.
a) Tinh AB, AC.

b) Goi H 1a giao diém ctia OA va BC. Tinh BH va BC.
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A

Bai 7. Tu die diém M ndm ngoai (0;3 cm) ké hai tiép tuyén MA, MB # M
sao cho AMB = 60°. Tinh OM, MA va AOB.

Bai 8. Cho MA 1a ti€p tuyén tai A ctia (0;5 cm) v6i OM = 13 cm. Tinh MA.

Dang 3. Chitng minh tiép tuyén’

Phuong phap. Chiing minh dudng thing vuéng géc véi ban kinh tai diém thudc dudng tron; hoic
chiing minh tam gidc bing nhau dé suy ra géc vudng.

Bai 9. Cho tam gidc ABC vudng tai A. V€ dudng tron tdm B ban kinh ; !
BA. Chiing minh CA 1a tiép tuyén cla dudng tron (B;BA). \ ¢

Bai 10. Cho dudng tron (O) dudng kinh AB, tiép tuyén Ax. Lay
diém C trén dudng tron; tiép tuyén tai C cit Ax tai D. Chiing minh
DA = DC va OD 1 AC.

Bai 11. Cho tam gidc ABC vudng tai A. V& dudng tron tAm B bén kinh BA. Chting minh AC 1a tiép tuyén
cua dudng tron.

Dang 4. Bai toan thuc té

Phuong phap. M6 hinh ho4: tia nhin tif diém cao t6i dudng chan trdi 1a tiép tuyén ctia Trdi Dat; dung
dinh 1i Pythagore.

Bai 12. Mot nguoi ding trén thdp quan sit c6 dd cao 2 = 320 m so
v6i mit bién. Coi Trdi Pat 12 hinh ciu b4n kinh R = 6400 km. Tinh
khodng céch xa nhit tif ngudi d6 dén dudng chan trdi (do dai tiép tuyén
TK, lam tron dén hang don vi).

Bai 13. Mot ngudi diing trén ngon héi ding & dd cao 100 m so v6i mit bién. Coi Trdi DAt 1a hinh ciu ban
kinh 6400 km. Tinh kho4ng cdch xa nhét ngudi d6 nhin thdy trén mit bién (1am tron dén hang phan mudi
km).
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Dang 5. Bai tap ning cao

Phuong phap. Khai théc hai tiép tuyén cit nhau: cdc doan tiép tuyén bing nhau, céc tia phan giéc;
géc tao bdi hai tia phan gidc clia hai géc ké bu 1a géc vudng.

Bai 14. Cho nita dudng tron (O; R) dudng kinh AB. V& céc tiép

tuyén Ax, By cing phia v6i ntia dudng tron. Tiép tuyén tai M é y

(thudc nira dudng tron) cit Ax, By 1an luct tai C, D. Ching ‘

minh: M
a) CD = AC + BD; D
b) COD = 90°; A
¢) AC-BD = R?.

Bai 15. Cho dudng tron (O;R) va diém M v6i OM = 2R. K& hai tiép tuyén MA, MB. Tinh AMB va dién
tich t gidc OAMB.

Bai 16. Tu M ngoai (O) ké hai tiép tuyén MA, MB. Tiép tuyén tai diém K thudc cung nhd AB cit MA,
MB tai P, Q. Chiting minh chu vi tam gidc MPQ bing 2MA.

B. PE TRAC NGHIEM

lDang 1. Tric nghiém nhiéu phuong 4n lua chqn’

Moéi cdu héi chi cé6 mot phuong dan ding. Céau cé nhan la cau van dung cao.

Cau 1. Puong thing va dudng tron cit nhau khi

A.d <R B.d=R C.d>R D.d >R
CAau 2. Néu d = R thi dudng thing va dudng tron
A. cét nhau B. tiép xtic nhau
C. khong giao nhau D. ¢6 hai diém chung
Cau 3. Cho dudng tron (0;5 ¢cm) va dudng thdng a cdch O 12 6 cm. Vi tri tuong ddi ctia ching 1a
A. cdt nhau B. tiép xic
C. khong giao nhau D. khong xac dinh
Cau 4. Tiép tuyén cla dudng tron (O) tai diém A
A. song song véi OA B. diqua O
C. tao v6i OA géc 45° D. vudng gbc v6i OA tai A
Cau 5. Cho (0;6 cm), diém A v6i OA = 10 cm, tiép tuyén AB. D0 dai AB 1a
A.8cm B.4cm C.16 cm D. 2v/34 cm
Cau 6. Néu MA, MB 1a hai tiép tuyén ctia (O) (A, B 1a tiép diém) thi
A.MA > MB B. MA = MB C.MA < MB D. MA =2MB
Cau 7. Day MN ctia (O;8 cm) cdch tam 6 cm. Do dai MN 1a
A.4cm B.2v/7 cm C.4V7cm D. 20 cm
Cau 8. Hai tiép tuyén tai B, C ctia (0O) cit nhau tai A, OB =3 cm, OA = 5 cm. D9 dai AB Ia
A.2cm B.3cm C.5cm D.4 cm

Cau 9. Tt M ké hai tiép tuyén MA, MB t6i (0;3 cm), AMB = 60°. D¢ dai OM 1a
A.6cm B.3v/3 cm C.3v2cm D.9cm
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Cau 10. Trén mét phing Oxy, dudng tron (O;3) va dudng thing y = 3
A. cit nhau B. khong giao nhau

C. tiép xtc nhau D. triing nhau

Cau 11. @8 Tu M ngoai (O;R) v6i OM = Rv/2 ké hai tiép tuyén MA, MB. S5 do AOB 1a

A. 60° B. 90° C. 120° D. 45°
Cau 12. Tu M ké hai tiép tuyén MA, MB v6i MA = 10; tiép tuyén tai diém trén cung nhd AB cit MA,
MB tai P, Q. Chu vi tam gidc MPQ la

A. 10 B. 30 C.15 D. 20

lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho dudng tron (O;R) va diém M v6i OM = 2R. K& hai tiép
tuyén MA, MB.

a) MA =R\/3. A

b) AMO = 30°.

¢) AOB = 60°. M
d) Tam gidc MAB la tam gidc déu.

Y | a) | b) ¢ | d
p/S

Cau 14. Tir diém A trén dudng tron (O;R) ké tiép tuyén d. Trén d 14y diém B v6i AB = R/3. Poan OB
cit dudng tron tai C.

a) OB =2R.
b) AOB = 60°.

¢) C latrung diém ctia OB.

d) BC=RV3.

Y | a | b c) d)
p/S

Cau 15. Cho tam gidc ABC ¢c6 AB =6, AC =8, BC = 10.
a) Tam gidc ABC vudng tai A.
b) AC tiép xidc v6i dudng tron (B;6).
¢) BC ti€p xiic v6i dudng tron (A;4,8).

d) AB tiép xtic v6i dudng tron (C;6).

Y | a | b c) d)
/S
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Cau 16. Cho nita dudng tron (O) dudng kinh AB = 4 cm, tiép tuyén Ax, By; tiép tuyén tai M cit Ax, By
tai C, D.

a) CD=AC+BD.

b) COD = 90°.
¢) AC-BD =4.

d) Gi4 tri nho nhit cia AC +BD 12 2 cm.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 1o ngﬁn’

Hoc sinh tinh va ghi két qud (Ia mét s6) vao 6 tra loi. Cau cé nhan la céu van dung cao.
Cau 17. Cho (0;8 cm), diém A cdch O 1a 10 cm. Tinh do dai tiép tuyén AB (cm).

Tra 10i:

Cau 18. Tiép tuyén AB cta (O0;5 cm) ¢c6 AB = 12 cm (B 1a tiép di€ém). Tinh OA (cm).

Tra 10i:

Cau 19. Tt M ké hai tiép tuyén MA, MB t6i (O;3 cm) véi AMB = 60°. Tinh MA (cm, 1am tron dén hang
phan mudi).

Tra 10i:

Cau 20. Tu dinh thdp cao 80 m nhin ra bién, coi Trdi DAt b4n kinh 6400 km. Khoéng céch dén dudng
chan tr6i khodng bao nhiéu ki-16-mét?

Tra 10i:

Cau 21. Mot ngudi diing trén dinh ndi cao 1,6 km so v6i muc nudc bién; ban kinh Trdi Dat 6400 km.
Khoang cdch xa nhat nhin thdy (km, lam trdn dén hang don vi)?

Tra loi:

Cau 22. f8 Cho (0;10), OM = 26, MA 1a tiép tuyén. Tinh MA.
Tra 10i:
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| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

Dang 1. Xéc dinh vi tri tuong déi. Tinh do dai day|

Bai 1. Cho dudng tron (0;7 cm). Xéc dinh vi trf tuong dbi ctia dudng tron v6i dudng thing céch tim: a)
4 cm; b)7cm; ¢) 9 cm.

Bai 2. Diém O céch dudng thing a 1a 5 cm. Pudng tron (0; 13 cm) cdt a tai A, B. Tinh AB.

Bai 3. Dudng théng d cdch tam O ctia (0;5 cm) mot khoang 3 cm va cit dudng tron tai A, B. Tinh AB.

[Dang 2. Tinh toan véi tiép tuyén’

Bai 4. Cho (0;5 cm), diém A cdch O la 13 cm. Tinh do dai tiép tuyén AB.
Bai 5. Tu M ké hai tiép tuyén MA, MB t6i (0;3 cm), biét OM = 6 cm. Tinh AMB va MA.

A
Bai 6. T diém M ndm ngoai (O;3 cm) ké hai ti€p tuyén MA, MB # M
sao cho AMB = 60°. Tinh OM va MA.

B

Dang 3. Chitng minh tiép tuyén
Bai 7. Cho tam gidc ABC can tai A, dudng cao AH. Chiing minh .\ A ,I
BC la tiép tuyén ctia dudng tron (A;AH). " “
B C
C

Bai 8. Cho dudng tron (O;R) dudng kinh AB. Lay M thudc tia d6i r
cuia tia AB sao cho AM = R. K& tiép tuyén MC (C la tiép diém). M B
Tinh CMO va MC theo R. A

Bai 9. Cho dudng tron (O) dudng kinh AB. Tiép tuyén tai A va tiép tuyén tai diém C cta dudng tron cit
nhau tai M. Chiing minh MO L AC.

Dang 4. Bai todn thuc té’

Bai 10. Mot ngudi diing trén ngon hai diing cao 50 m so v6i mit bién. Coi Trai Dat 13 hinh ciu ban kinh
6400 km. Tinh khodng cdch xa nhit ngudi d6 nhin thiy trén mit bién (1am tron dén hang phan mudi).
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Dang 5. Bai tap ning cao

\
Bai 11. Tu diém M ngoai (O; R) ké hai tiép tuyén MA, MB v6i AMB =
90°. Chting minh OAMB 1a hinh vudng va tinh OM. B

Bai 12. Cho nita dudng tron (0;5 cm) dudng kinh AB, tié€p tuyén Ax, By; ti€p tuyén tai M cit Ax, By tai
C, D. Biét AC =2 cm. Tinh BD.
Bai 13. T diém M ngoai (O; R) ké hai tiép tuyén MA, MB; OM cit AB tai H. Chting minh OH - OM = R?.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong 4an lra chon

Moi cdu héi chi c6 mét phuong dn ding. Céau cé nhan la cau van dung cao.

Cau 1. Mot dudng thing va mot dudng tron ¢6 nhiéu nhit bao nhiéu diém chung?

A.l B.2 C.3 D. v0 s
Cau 2. Néu d > R thi dudng thing va dudng tron

A. cit nhau B. tiép xiic

C. khong giao nhau D. ¢c6 moOt diém chung

Cau 3. Dudng trdn (0;4 cm) va dudng thdng céch O 1a 4 cm

A. tiép xiic nhau B. cit nhau

C. khong giao nhau D. ¢6 hai diém chung
Cau 4. Budng thing cdch tim (0;5 cm) mdt khodng 3 cm. Do dai diy cung tao thanh Ia

A.4cm B.6 cm C.10cm D. 8 cm
Cau 5. Tiép tuyén AB cta (0;5 cm) v6i OA = 13 cm ¢6 d0 dai

A.8cm B. 12 cm C. 18 cm D. v/194 cm
Cau 6. Néu MA, MB 12 hai tiép tuyén cta (O) thi

A. tia MO la phan gidc cia AMB B.MA 1 MB

C.MO L ABtai M D. MA = OA
Cau 7. Tiép tuyén MA cta (0;3 cm) c6 MA = 4 cm. Do dai OM 1a

A.7 cm B.1cm C.5cm D. 7 cm
Cau 8. T M v&i OM = R\/2 k& hai tiép tuyén MA, MB t6i (O;R). S6 do AMB la

A. 30° B. 45° C. 60° D. 90°
Cau 9. Dudng tron (0;2) va dudng thing x = —2 trén mit phing Oxy

A. cét nhau B. tiép xtic nhau

C. khong giao nhau D. truing nhau

Cau 10. Tur dinh thap cao 80 m (Trdi Dat ban kinh 6400 km), khoéng cdch dén dudng chan tr&i khoang
A. 8 km B. 16 km C.32 km D. 64 km

Cau 11. 8 MA 1a tiép tuyén clia (0;6) tai A véi AOM = 60°. Do dai MA 1
A.6V3 B.3V3 C.12 D.2V3
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Cau 12. B8 Tu M ké tiép tuyén MA, MB t6i (0;6), OM = 10; OM cit AB tai H. D6 dai OH 1a
A.4 B. 6 C.8 D. 3,6

lDang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).

Cau 13. Cho dudng tron (O; 13 cm) va dudng thing a cdch O mdt khoang d.
a) Néu d = 12 cm thi a cit dudng tron.
b) Néu d = 13 cm thi a tiép xic v6i dudng tron.
¢) Néu d = 5 cm thi day cung tao thanh dai 24 cm.

d) Néud = 15 cm thi a va dudng tron c6 mot diém chung.

Y | a | b ¢) d)
p/S

Ciu 14. Cho (0;6 cm), diém A cdch O 1a 10 cm; ké hai tiép tuyén
AB, AC.

a) AB=8cm.
b) AB =AC.

¢) BC=9,6cm.
d) BAC = 60°.

Y | a | b c) d)
p/S

Cau 15. Cho tam gidc ABC cin tai A, dudng cao AH; v& dudng tron (A;AH).
a) BC la tiép tuyén ctia dudng tron.
b) Tiép diém 1a H.
¢) Dudng thing AB cit dudng tron tai hai diém.
d) AB nhd hon bédn kinh dudng tron.

Y | a) | b) ¢ | d
p/S

Cau 16. Ngudi ding trén hai ding cao & (km) nhin ra bién, Trdi DAt ban kinh R = 6400 km.
a) Khoang cdch t6i dudng chan trdi 1a v2Rh + h2.
b) Véi h = 0,05 km, khoang cach dé khoang 25,3 km.
¢) V6i h = 0,2 km, khodng cdch dé gap khoang 2 1an so v6i & = 0,05 km.
d) D0 cao ting gap 3 lan thi khoang cdch nhin dudc ting gap 3 lan.

Y | a | b c) d)
p/S
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lDang 3. Tric nghiém tra 15i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Cho (0;6 cm), diém A céch O 1a 10 cm. Tinh do dai tiép tuyén (cm).

Tra loi:

Cau 18. Dudng thing cdch tim (O; 13 cm) mot khoéng 5 cm. Tinh d6 dai ddy cung (cm).

Cau 19. Tu M v6i OM = 6 cm ké hai ti€p tuyén tGi (O;3 cm). Tinh s do (d0) géc tao bdi hai tiép tuyén.

Cau 20. Tu hai ding cao 50 m (Trdi DAt ban kinh 6400 km), khodng céch t6i dudng chn trdi bao nhiéu
km (lam tron dén hang phan mudi)?

Tra loi:

Cau 21. Hai tiép tuyén MA, MB cta (O;4) vudng géc v6i nhau. Tinh MA.
Tra loi:

CAu 22. f¥@ Dudng thing cdch tim O mdt khodng 5 cét (O;R) theo day dai 24. Tinh R.

Tra 10i:
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4 )
BOI DUGNG HOC SINH TOAN 9 - KET NOI TRI THUC
MHP MATH EDUCATION N . z ”
TOAN 9 BAI 17. VI TRI TUONG DOI CUA HAI
CHUONG V. PUONG TRON
DUGNG TRON Ly thuyét trong tam — Bai tap trén 16p — Bai tdp vé nha — Nang cao
Nam hoc 2026 — 2027

| PHAN L. LY THUYET TRONG TAM

,_[ 1. Ba vi tri tuong déi ciia hai dudng tron }

Hai dudng tron phan biét ¢6 thé: cit nhau (c6 2 diém chung), tiép xtic nhau (c6 1 diém chung — tiép
xtic ngoai hoic tiép xtc trong) hoic khong giao nhau (khdng c6 diém chung — & ngoai nhau hoic

Cp oo ©ol9

c4t nhau tiép xdc ngoai tiép xdc trong  ngoai nhau  dung nhau

& J

/_[ 2. Hé thifc giita doan ndi tam va cac ban kinh }

Cho hai dudng tron (O;R) va (O';r) v6i R > r,d = 00'.

Vi tri twong dbi S6 diém chung H¢ thire

C&t nhau 2 R—r<d<R+r
Tiép xdc ngoai 1 d=R+r
Tiép xuc trong 1 d=R—r>0
O ngoai nhau 0 d>R+r
Pung nhau (dong tdm khi d = 0) 0 d<R-r

/_[ 3. Tinh chét dudng ndi tam }

 Dudng ndi tam 1a truc ddi xdng ctia hinh gdm hai dudng tron.
e Hai dudng tron cét nhau tai A, B thi dudng ndi tdm I1a dudng trung truc ctia diy chung AB.

e Hai dudng tron ti€p xdc nhau thi tiép diém ndm trén dudng ndi tAm.
Luu y. Tiép tuyén chung ngoai BC clia (O;R) va (0';r) (tiép diém B, C): BC? = d*> — (R —r)?; tiép
tuyén chung trong: BC?> = d> — (R + r)?. Khi hai dudng tron tiép xtic ngoai: BC = 2v/Rr.
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| PHAN IL BAI TAP TREN LGP

A. TU LUAN - KY NANG GIAI TOAN

‘Dang 1. X4c dinh vi tri tuong ddi cia hai duong tr(‘)n’

Phuong phap. So sdnh d = OO’ v6i R+ r va R — r theo bang hé thic.

Bai 1. Xdc dinh vi trf tuong ddi ctia hai dudng tron (O;R) va (O';r) trong mdi trudng hop:

a)R=5,r=3,d=28; b)R=5,r=3,d=2;
¢0)R=10,r=3,d =8; d)R=T7,r=4,d=2;
e)R=12,r=5,d =20; g R=7,r=3,d=4.

Bai 2. Cho hai dudng tron (0;4 cm) va (O';11 cm) v6i OO' = 2a+3 (cm), a > 0. Tim a dé€ hai dudng
tron: a) tiép xic ngoai; b) tiép xtc trong.

Bai 3. Cho (0;5 c¢m) va (0’;3 cm). Xéc dinh vi trf tuong ddi clia hai dudng tron khi OO0’ bang: a) 8 cm;
b) 2 cm; ¢) 4 cm; d) 10 cm.

[Dz_mg 2. Day chung. Poan ndi tﬁm’

Phudng phap. Puong ndi thm vudng géc v6i ddy chung AB tai trung diém H ctia AB; tinh cdc doan
OH, O'H bing dinh Ii Pythagore.

Bai 4. Cho hai dudng tron (0;5 cm) va (0';5 cm) cit nhau tai
A, B, biét OO’ = 6 cm. Tinh do dai diy chung AB.

Bai 5. Hai dudng tron (0; 10 cm) va (O’;17 cm) cét nhau tai A,
B v6i AB = 16 cm, O va O’ nim khéc phia ddi v6i AB. Tinh
00'.
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A
Bai 6. Hai dudng tron (0;12 ¢cm) va (O’;5 cm) cét nhau tai
A, B, biét 00’ = 13 cm. Chiing minh OA L O’A va tinh AB.

B

Bai 7. Hai dudng tron (O;5 cm) va (O';5 cm) cit nhau tai A, B v6i OO’ = 8 cm. Tinh do dai diy chung
AB.

Dang 3. Tiép tuyén chung ctia hai duong tr(‘)n]

Phuong phap. K& dudng vudng géc tif tdm dudng tron nhd xudng ban kinh ctia dudng tron 16n dé tao
tam gidc vudng; dung dinh 1i Pythagore. Hai dudng tron tiép xdc ngoai thi tiép tuyén chung trong tai
tiép diém chia doi doan tiép tuyén chung ngoai.

Bai 8. Hai dudng tron (0;2 cm) va (O';6 cm) tiép xdc ngoai
tai A. V& tiép tuyén chung ngoai BC (B € (0), C € (0')); tiép
tuyén chung trong tai A cit BC tai M.

a) Tinh BC.

b) Chting minh BAC = 90°.

Bai 9. Cho hai dudng tron (0;6 cm) va (0;2 ¢cm) v6i 00’ = 10
cm. Tinh do dai doan tiép tuyén chung ngoai AB va doan tiép
tuyén chung trong CD (c4c tiép diém thudc hai dudng tron).

Bai 10. Hai dudng tron (0;9 cm) va (0';4 cm) tiép xtic ngoai
tai A. Tiép tuyén chung ngoai BC (B € (0), C € (0')). Tinh
BC.
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lDang 4. Bai toan thuc té

Phuong phap. Banh ring, rong roc &n khdp 1a cdc dudng tron tiép xtic; diy curoa cing giita hai rong
roc la céc tiép tuyén chung.

Bai 11. Hai rong roc ¢6 ban kinh 10 cm va 4 cm, tdm céch nhau

20 cm, dugc ndi bing diy curoa cing théng (hinh bén). Tinh Q
do dai mdi doan day théng ndi hai rong roc (lam tron dén hang

phan trdm).

Bai 12. Hai banh ring &n khdp (ti€p xtdc ngoai) ¢6 ban kinh 15 cm va 10 cm. Tinh khodng cdch giita hai
tam. Khi banh 16n quay 10 vong thi banh nhd quay bao nhiéu vong?

Bai 13. Hai puli ¢6 ban kinh 10 cm va 4 cm, tAm céach nhau 20 cm, dudc ndi bang diy curoa khong bit
chéo. Tinh d6 dai mdi doan day théng ndi hai puli (lam tron dén hang phan trim).

Dang 5. Bai tap nang cao

Phudng phap. Cac dudng tron tiép xdc ngoai doi mot thi do dai cdc canh tam gidc tao bdi cdc tAm
bing tdng céc ban kinh tuong (ing.

Bai 14. Ba dudng tron (A;10 cm), (B;15 cm), (C; 15 cm) tiép Y
xtc ngoai v4i nhau d6i mdt. Tinh dién tich tam gidc ABC.

Bai 15. Hai dudng tron (0), (O’) tiép xtic ngoai tai A. Ti€p tuyén chung ngoai DE (D € (0), E € (0')).
Chiing minh DAE = 90°.

Bai 16. Hai dudng tron (0), (O’) tiép xidc ngoai tai A; BC 1a tiép tuyén chung ngoai (B € (0), C € (0")).
Tiép tuyén chung tai A cit BC tai M. Chiing minh BAC = 90°.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chon

Moéi cdu héi chi cé mot phuong an ding. Céau cé nhan la cau van dung cao.

Cau 1. Hai dudng tron phan biét c6 nhiéu nhét bao nhiéu diém chung?

A. 1 B.3 C.2 D. 4
Cau 2. Hai dudng tron (0;3 ¢cm) va (O';7 cm) v6i OO’ = 4 cm

A. cit nhau B. tiép xdc trong

C. tiép xtic ngoai D. & ngoai nhau
Cau 3. Hai dudng tron (0;5) va (0';3) véi 00’ = 12

A. cit nhau B. ti€p xdc ngoai

C. dung nhau D. 6 ngoai nhau

Cau 4. Hai dudng tron (O;R), (O';r) tiép xtic ngoai khi
A.00' =R+r B.OO'=R~—r C.00 >R+r D.00' <R—r
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Cau 5. Hai dudng tron (0;10) va (0';3) v6i 00’ =8

A. tiép xiic trong B. & ngoai nhau

C. cdt nhau D. dung nhau
Cau 6. Hai dudng tron (0;4) va (0';7) v6i 00’ =2

A. cit nhau B. dung nhau

C. tiép xtc trong D. tiép xtic ngoai

Cau 7. Hai dudng tron (0;5) va (0';6) tiép xidc ngoai. Do dai 00’ 1a

A. 1 B.5 C.6 D. 11
Cau 8. Hai dudng tron cit nhau tai A, B thi dudng ndi tAm
A. 1a duOng trung truc ctia AB B. song song véi AB
C.diquaA D. bing AB
Cau 9. Hai dudng tron (0;5) va (0’;5) cdt nhau tai A, B v6i 00’ = 6. D0 dai AB la
A. 4 B.6 C.8 D. 10
Cau 10. Hai dudng tron (0;2) va (0';6) tiép xidc ngoai, BC 1a tiép tuyén chung ngoai. D9 dai BC 1a
A4 B.4V3 C.8 D.2V3
Cau 11. B8 Hai dudng tron (0;8) va (0’;2) tiép xtc ngoai. Do dai doan tiép tuyén chung ngoai 1a
A. 4 B. 10 C.6 D. 8
Cau 12. Hai dudng tron ti€p xdc ngoai ¢4 bao nhiéu ti€p tuyén chung?
A.3 B.2 C.1 D. 4

lDang 2. Tric nghiém diing — sai’
Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho hai dudng tron (0;4 cm) va (0’;11 cm) v6i 00" =2a+ 3 (cm), a > 0.

a) VG6i a = 6, hai dudng tron tiép xic ngoai.

b) V6i a = 2, hai dudng tron tiép xic trong.
¢) V6i a =4, hai dudng tron cit nhau.

d) Véia =1, hai dudng tron § ngoai nhau.

Y | a | b c) d)
p/S

Cau 14. Hai dudng tron (0;20 cm) va (O'; 15 cm) cit nhau tai
A, B v6i AB = 24 cm; O, O' ndm khéc phia d6i v6i AB; H 1a
giao diém cta OO’ va AB.

a) 00" 1 AB.

b) OH =16 cm.
¢) OH=9cm.
d) 00' =7 cm.

Y | a) | b) ¢ | d
p/S
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Cau 15. Hai rong roc ban kinh 10 cm va 4 cm ¢6 tdm cach nhau 20 cm.
a) Hai duong tron bién ctia rong roc ¢ ngoai nhau.
b) Doan diy curoa thdng ndi hai rong roc dai khoang 19,08 cm.
¢) Néu tAm céch nhau 14 cm thi hai dudng tron tiép xdc ngoai.

d) Néu tdm céch nhau 5 cm thi hai dudng tron cit nhau.

Y | a | b c) d)
p/S

Cau 16. Ba dudng tron (A;10), (B;15), (C;15) tiép xdc ngoai ddi mot.
a) AB =125.
b) BC = 30.
¢) Tam gidc ABC can tai A.
d) Dién tich tam gidc ABC la 375.

Y | a | b c) d)
p/S

Dang 3. Tric nghiém tra 10i ngi’in]

Hoc sinh tinh va ghi két qud (la mét s6) vao 6 tra loi. Cau cé nhan la cau van dung cao.

Cau 17. Hai dudng tron (0;5) va (0';5) cit nhau tai A, B v6i OO’ = 8. Tinh AB.

Tra loi:

Cau 18. Hai dudng tron (0;10) va (0’;17) cit nhau, ddy chung dai 16, O va O’ khac phia dbi v6i day
chung. Tinh OO'.

Tra loi:

Cau 19. Hai dudng trdn (0;2) va (0';6) ti€p xtc ngoai. Tinh dd dai doan ti€p tuyén chung ngoai (1am
tron dén hang phan trdm).

Tra 10i:

Cau 20. Hai dudng tron (0;6) va (0';2), 00’ = 10. Tinh do dai doan tiép tuyén chung ngoai (1am tron
dén hang phan trdm).

Tra 10i:

Cau 21. Hai puli ban kinh 12 ¢cm va 5 ¢cm, tim cdch nhau 25 cm, ndi bing day curoa khdng bt chéo.
Tinh d0 dai mot doan day thing (cm).

Tra loi:
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Cau 22. B8 Hai dudng tron (0;10), (O’;17) cét nhau tai A, B v6i OO’ = 21. Tinh day chung AB.
Tra 10i:

| PHAN IIL. BAI TAP VE NHA

A. TU LUAN - KY NANG GIAI TOAN

[Dz_mg 1. X4c dinh vi tri tuong ddi cia hai dudng tron

Bai 1. Cho (0;6) va (0';4). Xdc dinh vi tri tuong d6i khi OO’ bang: a) 10; b) 1; ¢) 5; d) 12.

Bai 2. Cho (0;3) va (0';5). Tim diéu kién cta d = OO’ d¢€ hai dudng tron ct nhau.

Bai 3. Hai dudng tron ¢6 ban kinh 7 cm va 4 cm. Tim diéu kién ctia khoadng céch tdm d dé hai dudng tron
cit nhau.

Dang 2. Diy chung. Poan néi tﬁm’

Bai 4. Hai dudng tron (0; 13 cm) va (0’; 13 cm) cdt nhau tai A, B
v6i 00" = 10 cm. Tinh AB.

Bai 5. Hai dudng tron (0; 15 cm) va (0’;20 cm) cdt nhau tai A, B v6i AB = 24 cm; O, O’ khac phia dbi
v6i AB. Tinh OO'.

Bai 6. Hai dudng tron (0;13 cm) va (O';15 cm) cit nhau tai A, B v6i AB = 24 cm, O va O’ ndm khdc
phia dbi v6i AB. Tinh OO'.

Dang 3. Tiép tuyén chung ctia hai duong tr(‘)n]

B

C
Bai 7. Hai dudng tron (0;9 cm) va (0';4 cm) ti€p xtic ngoai tai '

A; BC 1a tiép tuyén chung ngoai (B € (0), C € (0')). Tinh BC.

Bai 8. Hai dudng tron ban kinh 6 cm va 2 cm ¢6 khoang céch tdm 10 cm. Tinh do dai doan tiép tuyén
chung ngoai (1am tron dén hang phan trdm).

Dang 4. Bai toan thuc té

Bai 9. Hai banh rang dn khép ¢6 ban kinh 12 cm va 8 cm. Tinh khodng cach gitta hai tim. Banh 16n quay
10 vong thi banh nho6 quay bao nhiéu vong?

Bai 10. Hai banh riing tiép xtic ngoai c¢6 ban kinh 3 cm va 5 cm. Tinh khoang cdch giita hai truc (tim).
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Dang 5. Bai tap ning cao

Bai 11. Hai dudng tron (O;R) va (O';r) tiép xdc ngoai tai A, tiép tuyén chung ngoai BC. Chiing minh
BC* =4Rr.

Bai 12. Hai dudng tron (O;R) va (O';R) cdt nhau sao cho mdi dudng tron di qua tAm cilia dudng tron Kia.
Tinh dd dai day chung theo R.

B. PE TRAC NGHIEM

Dang 1. Tric nghiém nhiéu phuong an hra chqn’

Moi cdu héi chi cé6 mot phuong an diing. Cdu ¢6 nhan la cau van dung cao.

Cau 1. Hai dudng tron (O;R), (O';r) (R > r) ti€p xdc trong khi

A.O0 =R+r B.0OO' =R—r C.00" >R+r D.00 =0
Cau 2. Hai dudng tron (O;R), (O';r) (R > r) cit nhau khi

A.00 >R+r B.0OO' <R—r

C.R—r<O00 <R+r D.OO' =R+r
Cau 3. Hai dudng tron (0;5) va (0';3) v6i 00’ =8

A. tiép xtic ngoai B. tiép xuc trong

C. cit nhau D. & ngoai nhau

Cau 4. Hai dudng tron (0;5) va (0';3) véi 00’ =2

A. cit nhau B. & ngoai nhau

C. dung nhau D. tiép xiic trong
Cau 5. Hai dudng tron (0;6) va (0';4) véi 00’ = 1

A. cét nhau B. dung nhau

C. tiép xc trong D. & ngoai nhau
Cau 6. Hai dudng tron (0;6) va (0';4) véi 00’ = 12

A. cit nhau B. tiép xdc ngoai

C. & ngoai nhau D. dung nhau
Cau 7. Hai dudng tron tiép xiic nhau thi tiép diém

A. ndm trén dudng ndi tAm B. 12 trung diém doan ndi tAm

C. ndm ngoai dudng ndi tAm D. trang mot tAm

Cau 8. Hai dudng tron (0;13) va (0’;13) cit nhau v6i OO’ = 10. D9 dai diy chung la

A. 12 B. 10 C. 26 D. 24
Cau 9. Hai dudng tron (0;9) va (0';4) tiép xic ngoai. D9 dai doan tiép tuyén chung ngoai 1a

A. 13 B. 12 C.6 D.5
Cau 10. Hai dudng tron bang nhau ban kinh 2 cit nhau, mdi dudng di qua tAm dudng kia. Do dai day
chung la

A.2 B.V3 C.2V3 D.4

Cau 11. Hai dudng tron c6 ban kinh 7 va 4. S6 gid tri nguyén ctia khodng cdch tim d dé ching cit
nhau la
A.7 B.8 C.6 D. 11
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Cau 12. B8 Hai dudng tron (0;5), (0';5) cdt nhau tai A, B v6i 00’ = 6. D0 dai AB 1a
A.6 B.4 C.10 D. 8

[Dang 2. Tric nghiém diing — sai’

Trong moi y a), b), ¢), d), hdy chon diing (P) hodc sai (S).
Cau 13. Cho hai dudng tron (0;5) va (0';3) v6i 00’ =d.
a) V6id = 8, hai dudng tron tiép xdc ngoai.
b) Véi d = 2, hai dudng tron ti€p xdc trong.
¢) V6i d = 6, hai dudng tron cit nhau.

d) V6id =1, hai dudng tron & ngoai nhau.

Y | a | b ¢) d)
/S

Ciu 14. Hai dudng tron (0;13) va (0';13) cdt nhau tai A, B, 00’ = 10, H 1a giao diém cta AB va 00'.
a) AB 1 00'.
b) H la trung diém cta OO'.
¢) AB=24.
d) Ta gidc OAO’'B 1a hinh vudng.

Y | a | b c) d)
p/S

Cau 15. Hai dudng tron (0;9) va (0';4) tiép xidc ngoai tai A, tiép tuyén chung ngoai BC.
a) 00" =13.

b) BC = 12.
¢) BC2=4.9.4.
d) BAC = 60°.

Y | a | b c) d)
p/S

Cau 16. Hai banh rang dn khép ¢6 ban kinh 12 cm va 8 cm.
a) Khodang cédch hai tam la 20 cm.
b) Hai banh rdng quay ngudc chiéu nhau.
¢) Banh 16n quay 10 vong thi banh nhé quay 15 vong.
d) Banh nhé quay 30 vong thi banh 16n quay 45 vong.

Y | a | b c) d)
/S
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lDang 3. Tric nghiém tra 15i ngﬁn’

Hoc sinh tinh va ghi két qua (la mot sé) vao 6 trd loi. Cau cé nhan la cau van dung cao.
Cau 17. Hai dudng trdn (0;13) va (0';13) cdt nhau v6i OO’ = 10. Tinh do dai diy chung.
Tra loi:

Cau 18. Hai dudng tron (0;9) va (0’;4) tiép xidc ngoai. Tinh d dai doan tiép tuyén chung ngoai.

Tra 10i:

Cau 19. Hai dudng tron (0;4) va (0'; 11) tiép xdc ngoai. Tinh OO'.

Tra loi:

Cau 20. Hai dudng tron ban kinh 2 cit nhau, mdi dudng di qua tdm dudng kia. Tinh do dai diy chung
(lam tron dén hang phan trdm).

Tra loi:

Cau 21. B8 Hai dudng tron ban kinh 7 va 2, khodng céch tdm 12. Tinh d6 dai doan tiép tuyén chung
ngoai (lam tron dén hang phan tram).

Tra 10i:

Cau 22. B8 Hai dudng tron (0;9), (O';r) tiép xidc ngoai, doan tiép tuyén chung ngoai dai 12. Tim r.

Tra loi:
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